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LECTOR I 

q!*9f;i$gcp*f^ iWotiiijlipea^-figurarum 
!^(:l|^i)iWteris:i5Kprin^^^ tcntawerim^ 

ima^ncs^lV'ejHq jft,fpec^ clapiys, iQ/f^ciuintg^. Igicut 

mus.feb vjjdJWtyfia X'Sp^Qd^^ (f4Q4 pafebCliamp 
iit diiStum) volui cxercitationis gratia cxperiri tencacei 
an ex iis,qu2e ex co didiccram,Iibrum hunc ad v(um ap- 
plicarc fas eflfct .Quantum cnim ad cognitioncm illius, 
fatis ex dcmonftrationibus Clauij cram cdodtus. Scd 
' quoniam(vt ip( conceflfum 

cft:,hunc lo.Eu are,qui Al- 

gcbram ignorat meo in hac 

arte ingenioIo,r ii,hanc pro- 

uinciamfofcipc ic in re fiif 

ccptis iudicare ^ lot labores 

pertulerimquiexadamhuius libri notitiam habueruc^ 
velqui hunc Mathematicorum cruccm nominauerc. 
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intclligent.Saepifsime cnim fateor^mcaprQpofitQqua- 
fi dcterritum fuifle,fpiharum multitudine,&nifi aliquS 
firu6tum ftudiofis adferre puta(Yem,certc opus imper- 
fe£lum reliquiflem.TiBi igitur (Bencuolc Le6tor}pla- 
cere vo{ui,tibi dtiam pipbfie^rcficuticiriiil: 
ncaliter contingatincuc plirs molcfliisc^qui 
tatcis au t vtilitatis ex cp fufcipi^'QgCMriiafri ^ 
c(tviriprbbUaexaniW6txdj)crc,quiani] ' 

tur>Impfobi vero fiftiftra ctfem metfte eiji^ae fincfera 
oblata (unt contemnercjded cxprbbi$b6«e fpeh)^,ab 
improbis vcro nihil timco;,nihiictiaittdefidcro. liege 
& diligcnter cxamina,& fi cjvios ci^rbrfes iri illo deprc-^ 
hendisjibenter emendates j^ram/cdm illt^ lleaium 
cfTe pute^i^ qui'cognidone^rratomiii m^li^r^aut ilb^ 
dtior reddicunHsec tibi>& mihi fxlici^ t6(i^git 
Yale,' "-■■ ■-,• • ■''■■■ ■ -••" -z'^'' -^'^"^ ■'• 
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E V C L I D I S 

EL EMENT VM X. 

DeHnitionc5. 

DEF INITIO I. 

Ommeksv r abilbs magnicudincs dkuntur quas eadcM 
menfura mccicur. ' 



■ \ 
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D V^JE magnhfidmcs a^ tT ^y comthenfurahilesdicUnturqUuthahent communem meri^ 
furam r, qua vtramque a^O" h^mmmr. 

to D I'M moaocommenfurahiksftmt tinea lo. fdmorum & Unea Ij. fabnoYim^ Qjda €M liffia^tkn ynhiSfMm^ 
quhn difnididti fJmiyqukm tmU fartis yniu^ palmd mmtur. 
Styniliw commenfuralnles dicumur fuperficies ^ qu4s yna & tadcmfuperficiei fnittitur. 
Item corpora /olidaue,eofnmerjJurahlia,qua metitur idem corpus feu folidimK 

D E F I N. II. 

Incommbnsvrabiles autcm quarum nullam communem menfuram 
contingit icpcriri. 

wmmmmmmmmmt 



0/ 



T 



iNCOMMENSVKABILtS ma^Uudinef a,& hy^mnttlUm inter fe 
hahent commuriem menfftram.qua Vtram^ue metiri pofiit, 

Rwrfrs fuperficies diatmur incommenfmMes^foUdJMe incommmftirMlU, qtut tmllm 
communem admitmm menfitram. 
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* E V C L I D I S 

Smt Htjm qiMmflurima dli^ tinea incommenfitrabiks ^ ^mbusfabcet fnenfura ^ifM commmzs dan nullo mcdaft- 
t^^quamm muUds hoc librofieumema cxfUcat^docit^e fumam tasione irmmin fofitnu 

DEFINIT. III. 

R B c T jE lincaf potcntia commcnfurabilcs funt,<|qando quae-ab ipfis quadra - 
ta cadcm arcadimcticur. 





-s 


- 


^ / 


."<■• • 




V • 


f 


"4 - 




■ 


- 








i 


tf 


• i. ' ■■ 






^ 




J. 


^ 





I. 



y 


\ 






8 




J 







^B' 8 




L INE Mak&c d^^otemid font commehfurahiyyquia earum quadrdu hahent inter 
fivnam , & eandem communcm menjuram , id efi Vnam , ^ eandem aream netnpc e , ^«<f 
\trUmquequddratumexillis alf,^ c d,defcripmm metitur. Qmmuii'lined ilia inter Jefint 
omnino longitudine incommenJurabiUs , nee habere fo^int ccmmttnem aliquam menfurdm 
\irdmque ay,cd,metientem. 

Linearum autem incommenfurahilium tolid funt eiufmodi,Vt earum quadratdjint com - 
menfurahilia. Mia Vero ita [e habetit, vt ^ earum quadr^affint etiam incommenfurabiliatyft 
^ftadrata inferius defcri^ta a f»ch. 




\ji.-.i 



Dnea enim a h^t^c d, ion^tudmefmt incmmenfurMis] fM mlUmh^emcmmH- 
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ELEMENTVM DECIMVM. ^ 

¥im menfrrdmytrdm^e metkntem.Potentia etiamincommenfurahikstmnt^quid^t confl<A 
ixiftd^Jefinitione edrumquadrata mllamhahent dream communem^ qu^vtrum^ue quadra-^ 
turn ex lilts defcriptum metiri pa/Sit. 

QJ^ Obfi ai$is iTQfnrtyCurEucliJes definicrit feorfumlineas potenti4cotnmenfurjhith^non atttem commcnfuruhilcslon^ttt* 
Jine^e^ondendum f/?, hneaa longtudine comTnenfurahilcs fatis fupenjue ejjc expUcatas in dcfinitione magnitttdinHm com-- 
tnmJurMnlium^cumhmufmodi lineasimdcormnmifmenfuramenatwr^ytmBumefti^t -wrhquonixm lineas boifntid com^ 
mm/uraHlesy nidU cofnmunis mcnfwrd metiri potefijedtantummodo earum qitadrdu idem J^dtium htetitur , iaco neccjptrium-, 
MBnin9fi^i^e4prafmdefmimneexpUattentui\ 

sen oLiyiM. 

HIC dducrtenduseJlLeBor^ quid per patetitiam lincaJfC intelkgendum. Potenriaenimline^ cuiufttis^nihilaliudeji^ qukih 
^MadrdtumcyHUdefcriptmfh 

DEFINITIO. IIH. 

Incommensvrabiles' autctti cum quadraris carum nullum fpatium, 
quod fit communis corum mcnfura cdntingit rcpcriri. 

O MNES lineayqtM nulUmadmittunt communem menfuram,quanmetiamquaJimtA 
nulUm dteamhahent pro communi menfurA^nEle ah Euclide appelldniitr potcmia incommen- 
furMlcSt^vtexamectdentidefinitioncfdcilecficolligere. — ^ 

HuiSET^T autemlinea commenfftrdbilestkn lpn^tudine,quhn potentiahdnaptaficonuenientidminter fiy&conne- 
xionemivt hnex longttidine cominenfurahilesjint etiam commenfurdhiles potentid^td yt nulla linea ddri pojiint commenftsrdr- 
biles Un^tuMne^qtm earum quddrdtdcofnm^furdhitidqmquefintyqm^ earum mcn/urdd^crip^ 

tum metiturtanquam menfurdC9mmunis earwn quddrdtd^yt infuhieBdji^d dpparct. 
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StCVt enim reBa 4 b^nietitur reBas c d^^f.U4(p*oMte Mtadf^um dg^quadratd c h^i^^tiPur:KondM^;vrom^ 
neslinerc potenria commenfurdhiles yfintendtfycomm^nfurdhiles kn^tudine:multd enimrtineafunt potentik €omm€nfi$rdlnlesi 
hoc efl,quadrdtd hahent commenfurdbilidyqua tdmen longtudtne omnihi incommenfurdbilesfimt^ yt inhec Uhro demonflrd^ 

'Bstprfm irkierUtkedsincommenfv^ cotligatioreperitur{ptomnesUne^ poten^ 

tUincommenfuralnles^fint etidm i»cdmm(nfurdmesionptudinfiKondutemcohtrd,yt omnes lined lon^tudine incommenju-^ 
r^MesJntquoquetncommenfurdhlo^f^kilMjci^ npttimmtUngHiAn^ imetfi imimmm^jMA^^M^ t^ 

A ij 
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4 E y C L I D I s 

men fotcntUJjoc efljecmtdumrarum^uajratdycommenjitratiles fxiftant. Qu^qnidem cmmd ferj^icud ttmf ex corolLfro^ 

fof.9.huit4slihrL ' 

DEFINIT. V. 

H IS poHcis oftcndicur, cuicunque rcdspropoGtsredaslineas mulcitudine 
iflifinitas & commcnfurabilcs circ,& incommcnfurabilcs : alias quidcm longitu- 
dine , & potentia,alias vero poccntia folum. Vocctur autcm propofica rcda linca 
Racionalis. - 

O M NI linea propofiu,omnes4lueyqtktiIlicom^ratttur^runtMt commenfkralnUs/tut 
incommenfurabiles. 

ComtnenfirahiUs quidtm^ ft Unea illa,quafunt tomfardtajmca: frofofitd hahent cum 
propo/ita aliquam menfurdmcommunemvtramque metientem^vt Ji liwa ,4 yJttpropoJita,i1U 
Verofint comparat^ lfy&c,manifeJiitfnefllineasHUsyi(^CiUnea Otpropojita effe commenjh- 
ral^HestCum inter fe lined HUhaheant communem men/uramVtramque metientem nimirum^d. 



-t: 



BC^ 5 



I ►!— H J^ , 

INQOMMENS VKABILES Vero fi Une4,qud comparantur lined propofitd, 
non hahent di<juam menfurdmcommmem,Vt filined,e (y*f,r4tionaliy4,Jtnt comp4t<ad^qui4 
inter lineasilUs non reperiturmen[ur4 commHnts,ideo incbmmenjur4hiles erunt longttudine 4ie, 
0" f,qu4muu potenti4jint commenfurahiles. 

R^ttrftts ft lined g, (2r hyr4tion4li 4yfint compdrdtdtermt ^^»Cf h» inter fi 0" lon^tudine, 
(^potentidincommenfiirdifiles. 

Longttudine quidem, cum nufUm hahe4nt inter fi communem menfurdm. 

Potenti4^fero,qui4 e4rumqu4dr4t4 nuUam hahent dream communem, qudfofit metiri 

qu4dr^4i;dfillisdejcripta. 

, EX CL^yio. 

Ll'A'Eji MUtmiyii frof^tdjfdtione emus alia ctmmenftiraiilesjimttyelittctnmenfiratiles diet fur Cr/tcit fwmJLitimt 
yerh Bi^aiotuitttqucmam ea fomtur femper car4,& mt4,Mi* yeri cum iBa cemfar4t/c nonfemper nottt fimt/pMmmt fingiU 
ftajfum jimft* extant cerue quo^ytc mu,dtm futUbet in futcum^ fortes /e^utdes fept Suidi, 

DBF IN. VI. 

j '■■ " ' ' - ' -.'-■', 

}. Et huic commcnfurabilcs fine longitudine & potcntia > uue potcntia tan- 

turn. Rationales. * 

5 / lined quduis rationali propojitd, 'pel longttudine ; Vel potentid fit commenjurdhilis , fine 
duhiolinedifUfdtionalisejl, 

Hinc coRigitur omnemlineam propofitdmdyfolut^&fimpliciterconpderdtdm efferdtiond' 
lemycum hdcin tot p4rtefdqualesdiuidiquedt,quot lihuerit: Huic ifftur commcnfitrdHnles^el 
longitudineCr potentid fimulfVel potentid tdmum,r4tionMeserunt» 

EX 
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ELEMENTVM DECIM;VM- s 

EX CL^VIO. 

IT^QV"E ex fmtentUti$clidkyradhcfudratAhmHsn»inmio,yel 1000. &c.Seu quod idem tfi^ lined reEhyCm$t4 
ipadratumefiio,yelio90.&c:dicifur^jtiofulfs,cum potentiafit commenfurMis linea ^jcrianaB (efi emm tarn nume- 
rus io.quam looo^commenfurahiUsnutnero cm^et €pmY4Copt \6. ioo,&c.) ijptamm longitndine Jit eidemincommenjk^ 
ralnlis, 

Dea^mtur ergo^AHthmetiamn foHci^fd idcirco eamlrratiomdemyocmtf quodnumeromnfofiit exprimi. 

DEFIN. VII. 

Hvic veroincommcnfurabilesjrratioaalcsvocentur. ' 

CVM anteaEuclides dixerit^ lineas, qua rmonali propopta funt commenJkralfileSfVel 
longttudine C^potentU pmulytl pottntU tantum , rationdlet ejfe : liqmdo conftat cas, ^m illi 
VtriquemodpincommenfitralnlesexiJiutttJtraHonalcseffe, 

DEFIN. VIII. 

£ T quadratum>quod a propodca reda fit^dicacur Rationale. 

SI exlmear4tionaU,quadratum defcriptum /tttOportetneccjptrioillud rationale ejJetMam 
quemadmodum linea ilia , qua proponitur jemper efi nou magnitudinis ( cum ad pUcitum fit^ 
inatur,& dimdatur,)Sicquadratitmab ea dejcripruin,femper eJlctrtum,acnotum O* ideo Ra- 
tionale. 

jdliayferofitperficiesyquaillicomparanmrjtforticumquadrato illohahentareamquendam 
promenfuracommtmi ,Qommenfurahtlesappellantur ,finon hahemlncomnenfurahilescenferi 
d^ent, . 

DEFIN. IX. 

£t huic commcnnirabiliaquidcm Rationalia.' 

Slquadramm propofitum Rationale exipat^omnia aliaquadrata qua huic commenptra^ 
hiliapmttRatiqnalia erunt.Nam quefnadmodum Unea^qua rationali propopta pmt comment 
ptrMles vel longitudine Ct potentia pmul,Vel potentia tantum fint RationalesJta ptperpcies 
(^ quadrata,qua ptperpciei alicuifunt commenfi*r<^iliay Rationaltaptnt, 

Qwdverume^non folum , quantum ad quadrata,fed etiam quantum ad atterof pguras 
Geometricas,qud inter fihakent aream quendam pro menptra communis 

BXCLUVIO. 
tU (ommmfitr^tilet Une* ^atiotuU ex i.aefin.ferj^cmm cjt^as ^tofiet^f^m inxt* defin. 6.^fiipiules. 

DEFIN. X. 
H y I c veto incommenrurabilia > Irracionalia dicantur. 

' ' ^ %X Cl UV 10. 

HOTHtditerfufeificiesflmxtiMdrato i ^attonalilhuaJefcr^toi»cemaenpir/^sJn4UU»Mcsyocmt^ 
Jl^jtimaU profit*' p-(irfi4smmnmmjkr4lnksjm^ 

DEFIN. XI. 

Et tcdcXiC^x ipia poflanCj, Irrationales : fi quidem ea quadcata funtjipOi latc;* 

B 
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< EVCLIDIS 

fa iii vtroalia quzpiamTcdlilincajre6bz,quz fpatiis incommcnfarabilibus zqua- 
liaiquadraca dcfcribunt. 

VO CAT EucHdesUnedSy^udpoJJuntJ}'ana,Vel^uddratd irrationalLt ,Trr4tiondles : 
quemdimodtm ^ quadrata ilU IrrationMia dicunmr. Irrattonalia dutemj^dtia illafint, 
^udndo jHodrdto lined RdtiondlUmcommenfirdhUid funtjtd VtJtJJ'dtid ilU.fint quddrdtd,lL 
ned^quihitsquddrdtdiUddefcrihuntwrlrrdnondlesJknt, 

SidMtem ffdtid ilU non fiterintquddrdtd , feddUd re^ilined p^rd, lined fotentes J^dtia 
illd, Irrdtiorkdes dppelLmtHr, 

EX ci^rto. 

V^yiETZ^tVRDVM quoMtenm^tEttcUdem&yeteresCemttrashas ftfrerrlongitudine&potentUtaC- 
qQepotentia tantilm : <^nereferefemfti^yectbiitiftif : commenfutabiles acincommcnfurabiles : VixMucm ^ 
rarijiimi j&/>:Racionales & Irrationales:!^^^ cmm ditimtmr Unedcemmenfurahilu longtMMne &potentkt , yd potmtU 
tMtHmJtemimtmmetiJiiralnles lonptmbne&potentit,yel potaitMtMtimt.Min0ty reBiV^atiendes lenptuJiru&po- 
ttHtM,yel fotetUMtanatmtMU Irrationalu Im^tudtne&fotmtioivel fotentta ttmtiim.QmJ^tiitimt^u«niam Camf anus tun 
4nimaJua-t»tOccafiMemtMiltit fraladt,ytymet<^«^>fiiif'if>il>oc io.bb.de knmco}nmcnfitrdilibttt,incomma^4bibU^-^ 
. •^jttamnB^tUunMuStlrratiotubbi^tjMefirulotim. 

CMemmhud^mti«ttiifadd^ii^mH*fofiidaimynmn^&nmnMQapromnciM4,^^ , 

Poftulatum fiuc Pctitio. 

EX C LAV I o. 

PosTVLBTVR,quamlibetmagnicudinem codes p'oiTe in ulriplicari^ donee 
quamlibet magnicudincm eiufdem generis excedac. 

PROPOSITIS enimdttahtismdgnitMdintyHsetMfdem generis indqudlil;f(t,cum md^ 
tor infinitdnon fit,minorVero infinite popitdtigeri,perf^iaMm eft ,mnaremt^^ 
fUcdriydonec fuperet nuuorem. 

ConJidthocetidmexijsyqudihdefin.^.liy. ^.Jcripjtmus. IhienimedsmdfftitudinesdiximMt 
turn demum cenferi eiufdem veneris, cum dltermrd itd potefi multipticdri , vr dlterdm exceddt, 
jitque exhuius conduionisMfeSiu,dngulum reSiilineum,^dn^lun9coming[tttid,diuerJitJfe 
generis tdocuimus, 

Axiomata fiue Pronunciata. 

AXIOM A. I. 

Magnitvdo quotcunque magnitadines medens, compoGcam quoque 
ezipfismedtttf. 

AXIOM A. a 

Magnitvdo quamcumque magnitudinem medens^medtur quoque om« 
nem inagnicudinem^quamiUa medtur. 

AXIOM A. III. 

M AGNiTVDo medeas tptam magnitudinem,& ablatam^ incdtor U rell-' 
quam. " " , 
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ELEMENTVM DECIMVM. 7 

HAC^mdtdytfdnmeros^rtinentyofienfdfunt anobisinWtmistrtym p'onundd" 

tulib. j^Quarecumpt eadem ratio in m^imdinihMS/i6»efi,fuodfhlh4eorum(lemonJ}rd^ 

tioneshkre^etamu^^dj^timquodadveirhumhticfefiint transfem,mut4ta folum Voce, »«- 



nun^in Vecem mamitudinis. 



Theoni. Propof.i. 

D V A B V s magnitudinibus insqualibus propofitis,{i a maiorc aufcratur ma- 
< ius ^uam dimidium , & ab co quod, rcliquum eft , rurfus dctrahatur maius qu^m 
dimidium,& hoc fcmpcr fiat:Rclinquctur tandem quaedam magnicudo^quae mi- 
nor ericpropofitatninore magnitudine. 



c » ^' \ *'. 

^ .^ r^ \> 

EJCPONjdNTyR dtktmagnitudmes a K&c d,ina^uaUs ,^uarum a h^mAiot: 
c d^Vero minor. Dicoji ex a byduferatttr maws quam dimidium nempe a e^&ex reliauo 
adhttc mai/ts quam dimidium nempe e :(^thocque jemper fiat tandem relinqui quandam m** 
fftitudinemtqua minor efi quam c d. 

Multiplicetitr enim c d^toties donee magnitudoex ea multiplicatione faSia fitperet magni^ 
tudinem a b^pt^ue magnitudo ilia c i, qua idea multiplex efi ipfius c d,pro:dm^ mdior quam 
ab. 

peinde diuidatur c ijn partes ipfi c d^quales fintjue partes ilU c d,dfyfiy detrahatur^ 
que ex a b,maius quam dimidium 4 e, Atque exreliqua e b, adhuc maifts quam dimidium 
e T^yilludque fiat donee partes Imea a b^artibus c i^uUitudine fintaquaUs, 

Quoniamigitur c i,maioi^ efi quam a by&fx c i.ablataefi c d , minor quam eiusdimidiitm 
VeUert^dimidiumficijipfi c dydupla fit'.Ex a byVeroablata efi a e^maiorquam eius dimi- 
dium erit reliqua d i^reUqua e bjmaior. Nam cum c i, maiorfit quam a b,fi ex c i,dimi' 
dium effet ablatum,(^ ex a b^dimidium etiam auferetur , non ejjent reliqua aquales^fed 'ma 
maioraliaexi^eretynimirum reliqua exc i, maior reliqua exab. 

Auferens igiturex c iyminusquam dimidium \>el certi dimidium, &exa b, maius quam 
dimidium erit reliquum ex c iyreliquo ex a bymaius. 

Deindcquoniam d i,maior efi quam e bfitjue ablata ex d iydimidmmipfius dfyVelcerti 
mipordimidioex e b^latafit e TiydimidiomMor^erit eodem modo reliqua ft, reliqua 7^ b, 
maior.Sicjue procedendo facilSefi demon fhrare \ltimam partem ipfius c i,nempe f i/naiorem 
e]fe\ltima parte ipfius ab,nempe Tjb, 

Efi autem fi,vltima parsreiia c i^aqualis c djgitttr reSia c djmaiorefi,quam s^ b,vlti- 
ma pars ipfius a b. 

Quarerelida efieadetraSiione reliqua Si b,qu4 minor efiquam c d,quoderat oSienden^ 
dum» 

SCHQllVM MX CtjiyiO. 
ntrtimltiflicaUjtandtm mmrem fefiitJ}^4reJtlfiuattJfr0^J^i6M.}M«Mtimft*,amae«infftl» ctnt^Efttf cmr^ Ltct" 
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Thcor.2, Propof.2. 

SiduabusmagnitudinibusinacqualibuspropofitisjilctrahatUrfcmpcrmm^^ 
dc maiorc j altcrna quadain dciradionc , & rcliqua minimcpraccdcntcm metia- 
tur:Incommcnfurabilcs crunt ipfac magniiudincs. 



€t 






-,t 



, I 



c i ' 

SI NT duamdgnhudinesina^tidksffropoJtM a h^c d,minoryero c Af.t ex mmtt 4 ^ 
mmor c djetrahatur^f^ ex reliqud g h,aetrahaturadhuc minor c dji fieri poteji. ftofoBoy 
fi nulla menfrra communis pracedemem metiens remanet. Dico magnitudines tilas ejje prorpu 
incommerafurahiUs, Nam fi ftm commenfurahiles habehunt ma^kudines ilU aliquam men- 
^MrdmcommunemyVt ymlti.defin. Sit igitur menfura iUla f , 'PeUqualis^/elminor ipfi c d^ de^ 
tra^a autem c d^ex a h,^uoties fieri potejirelinquitur g if ,Je minor Jta^t C d,re^4m dg, 
metiamr* .' . 

Deinde detraBaghyCx c d^relin^uat h d,feminorem,tta')ft g hyre^am c%/netiatttr:At- 
quelxsc femper fitualterna quadam detra^iioneJgitur neceffario ea detraiOone remanehit ^«<e- 
d^un ma^itudojmnorminoremagnitudm propofira,\t con fiat ex pracedentipropofitione,id 
efircx c djO'a hjremanthft minor <^uxdam magnitude ^uam e. 

QuoniamVerocum c d,aufertur ex a h ^rfUnt^uat g hje minorem^erit a gyohlataymaiof 
^uamdimidiaipfius a htNamfieffet^^ldimidiai^^elminor^pojfet adhuc fuhjlrahi ex 4 h, 

Pari ratione,erit c h,ahlat4ex c j^ator, quoin dimidia ipjuts c d, Namfieffety&c. 

Juferens i^turfemper mains, quam dimidium,remanelfit tandem quadam mofftitudo mi' 
norquameiVtvuhdntecedenspropofitio, 

Sit igitur reSia h djreli^a exdetraiiione minor ^quam e, 

Quoniam i^tur e,metitur c dj&cd/neiitur a gymet'teturquoque Cyre^am a gy\t Vuk 
uproHunciatum lib.huius, 

Metittir autem e^ptam ah^gitur&reliqudmg hyfiKtiettir;^t?mk $.pronwtcidtum, 

j4tg hjnetitur c h,quare asfetmetietuf quoqueipfam c htVt\ult i.pronufiadttim» 

Metitur dutem e,totdm c d , Igitur &reliqudm dymetietWTy mdiorminorem. quodefidlr- 
fitrduip,Nott igitur d byC dydliqua magnitudo metitur ^ ideo (y incommenfurdhUes, 

Si igitur dudbus^ (Src quoderdt ollendendum, 

scHOLiyiOi £x ci^yjcK 

HOC Theorem* cmutrtemHsad^uncmedmit, 

S I duabus magnitudinibus incommenfurabilibus propoHtistdctrahatur fern- 
pcrminordemaiore, altcrnaquadamdctra^onc: Nuaquamrcliquaprxcedca- 
tcm mctictur. 

SINT 
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^ r r O 

• c ' '"^■47-^ "^ • "^ 

SI NT IncommenfurMes magnitudines 4 ^,c djetrahaturque minor a h,ex c d^d^ rr- 
liqudfit e djtem e d,ex d b^feraturirelin(^Udturq^ue f h^O'ficdeince^s.D'KoinhMaltefnd 
detroBione ntmqudm reliquam m^tiri ptacedentem,Si enim fieri fotefl mctUtur f h^raceden- 
tern e dyQu9nutm igiturf h, metitur ed,&edy metitur 4/, * metiemr quoquefh , if- ' *• p^" 
Jam afimetitur4utemCrfeiffam*'Jgitttrfyt(^mama kmetietur. Metitur autem a h^ip- * »•?«"• 
fdm c e^^lgttHri^fhjiffamc eymetietur.PonituraittemO'fkmetiri iffamed*JgiturO'fy>*\}^. 
totam c d,metictur. Oflenft efiautem ^fhjpjam a h^metiri. Qudrefh^tram<jue a h^e d, 
metitur, quod eft:ahfrrdum,fonuntur enim a b,c dJncommenfurahil£t.Nunquam ergo magni- 
tudo dliqud reliqud prdcedentem magnitudinem metitur, Q^od efi frofofitum. 
SlMILITEKO*hocdemonfirdyimtts, 

Si duabus tnagnicudinibus commcnfurabilibus propoficis^detrahatur fem- 
per minor dc maiore, alccrna quadam detradfcionc. Mecietur qusdam rcliqua 
prsc^dencerh. 

NA M finunqudm reliqudmetiretur prdcedentem,eljent propoptdmdfftitudinesincom- 
menfurdhiles^fftdemonjirduit hoctheoremdte Euclides,Quod ejl dlffurdum,ponuntur ertim com- 
menfurahiles, " ' 

Itdque facile ex his dignojcemus^ dua quacunque magnitudines propofita fint commenfit^ 
rabilestnec ne.Nam detraiia femperminoredemaioreyaltemd quadam detraSiione ,preliqua 
qudpiam metiatur pracedentem erunt magnitudmes propofita 4:ommenftfrMles tCum dUed^ 
demreliquamet'tatur\tramque magnitudinem propofitamyVtconfiat exdemonfhratione primi 
theorematU hmus fcholij. Ex eo enim quod reliqua magnitudo f h, metiri dicehatur praceden- 
tem e d , ofienfum eft eandem reliquam fh , metiri Vtramque magnitudinem ah,cdySi \eri 
nunquam reliquamagnitudo pracedentem metiatur,propofitamagmtudines incommenjurabi- 
leserunt^tEuclidesboclocodemon^auit. 



ProbL I. JE^ropof.s. 



DvAB.vs magnitudinibus commcnfurabilibus dacis,maximam earumcdm- 
moncm menfuram inuenire. 



C ' — ( > ■ ' ■ ' — ' ' ■ / 



e H^;^,; J. .^Ty^ 



-I 



SI NT duamdgnitudinescommmfuralnlespropofitad^^portehque inuiniremaxmam 
cdrum communem menjuramfqud^Hramque metidtur* 

C 



\ 
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Cum igiturmdfftimiimsilUfint commenfitralnteitx hypothe/ijt a maiori Cttmnor a^ de^ 
'trahatur,&txreliqu4 ddimc minor tmfsramrjtemanebit tandem ^ikedam magnimdo^ftram- 
^ue metiens^vtconfidttx ijheoremdteClMtj fcholifontecedentisjeritqueifU g k^vW e. 

Nam finun^HomrfUqud ff^cedentem ^ojfetmetm,incommenfura.h'tlese[fentmagiimdi- 
fits ilUy'^t con^dt ex propojit. i. Quode^ahjkrdum^nunturenim eommenfuraydet.Qmd aU' 
lemfamaximacommimismenJuraexfequenttdemonfhrationecoBges. 

JLITEK. ' 

KUPETtTJjmoriconShruShone^feratmexmMore c,mm0r a^itque^d^O* ex 4, 
^mfiratur d f,qm>ties fieri potefi. 

Qmmdmemmg k,meMHr df^C^d f^etitur dg^ettetrnqnoqueg kffpfam dg»per x. 
froHundatum Ith.huius. , 

Metttwrautemg kfiipfam»qitdr'eg ki&totafndktmetietttryVtconiiatex i.fronuncUtfi 
lilf,buuistdtqueddeo0'ip/dmcdfquam a kjmeiuuryyt'vult x.pronunctdtumUy.hum. Cum 
^rgoCthJdm df/netidturjnetieturqitoqMerefidmgk^otdm cf^er ifromncidtumliy,hH' 
IMS, Metimrqttoqne g kiPtrdmque 4 k^f, qudre^mufque d k,c ftcommunismenfurd eft 
gktVele»quodidemefl, 

Qupddutemg kjit mdximdearum rndgnitudinum communis ^enjurditd prohahimus. 

Si g kjnw efimdximd did communis menfurdfiponet necejjario w dlid inuenidtur, mtdfit 
HUrum m^it^dittum mdximd menfutdtcum exhypo'thefi ponantur ejje commenjurdiiles, 

Sii iffturg.Erit ideog,mdior reSfdgk,Qittnidmi^turgypommrmetirivirdmqtie md^ 
^itudinem d kjcf^Metifurdutem d k^pfdm c d,cum d k>c d,finfdqudks,metieturquoque 
gt ipfam c d^ef x.pronunciiUum lih. huitss, 

Metimr mtem cfjgiturgjreliqudmquoque dfjmetietm,per^.pronunci4tHmVhJ)mHS, 

Metiturautem d f, ipfam -a gjgifur t2rg,re^am ag» metietur ex t.pronuncidto, 

Quoniam Veto g^otdm dk, metititr, metiettar quoque g, reliqudm gk^ maior mihorem, 
quodefidhfurdum, 

Noni^mr iHdior ptdgnitudoriperitHr ^ qua fit mdximamenfkrdedrum magnitudinum, 
qudmgkyVeli, 

Qudredudyusmdgnitudiniyus^&cquoderdt fitdendum. 

COROLLARIVM EX CLAVIO. 

£ X hoc onanifeftum efl^quod magnitudo medens ims magnitttclinesymecitiiir 8c mazimanrearain men* 
fiiram communem . 

Elicitur hoc ex ea parte demonftrationis , qua oftenfum eft g k^ efle tnuimam mcnfuram communem 
ipfanim a k,c f.Demonftratum eftibimagnitudinem g^fi metuturmagnitudines a k, c f^inetiriquoquc 
inaximam menforam g k. Eademque eft ratio de cxteris. 

SCBOLtFM nx ttJlVlO. 

txhU^ fMiiBaJlmtjmmtdiJkilecmfidndrejimfwtl^ cmmenfwMef nn ne. 

<t, * J" *JL ' I ' 
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SIHt tmmtfts mugfutm&ut d^fC/Primwnexperifr ^ td/p$4di fr^ff. x. bmus lib. dacmmnSy m Jnu a^ & i^ccm- 

UmhjAere pafibu cvmmmem menfwam^ficr incommenfurMUs m4giit$$Sues a,&t, 
Siyi^rPdptrbJkmmc^mmeni/iya^ nk^tnJh^ 



a ^ 



b r— ^ * 1— rr- 

. C ^ X I ! - • 

I > ' 

QVODfid,;m4i6m4mmf0rdnkigdtu&nm^ d,&b/m meuaw t^iftrnt c^tT itydc^mmenfirMii^yd nm. Sifim 
CL- ■ 4^ ■ 1 i 



r ' ' ' (f ' ' " I. ' ' " " ' i—if^ 

I ' ■ I 2. ' 

CVTd etff cddai^iBammfkrdmetUtMrftofie c^n etmt c^& djmcommenffirdiles. QmJ^fiemMJyf^Atfik 

St y&l €^&djfmuc0nimenfmilala,^it$mt^^^ dJb^c^cmmenfmMlis Klfmenuemm e, mdsdmametyitrd iffitim * fl^cS 

CffresnutfftitMdmes ^ V> ^^ frofteridttmmenpirmksjimu Qjiodefi frofo^um. 
CL h 






■4- 



A - 



SIMILt.TEliexplorMmMf^ fls0tstUtMnuigtttmbies,/p»imtrefyfin cmmef^dbilesjdettie. fUm fddid fbn. 
iiBnm. 



Probl. 2. Propof. 4. 



T R I B V s magnitudinibus commeafurabilibus datis^ mazimam earum tnea- 
furam communem inucnire. 






4- 



1 
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STNTttes ma^itudinespropofoacommenfrralnles ayhyCyO^ofreatqui'maxitfKmharum 
imenirecommmem menfuramySitque d^maxima earum <i, &iymenfura communis inuenta. 
Ipturfi dtterMmCymettturyfd^umefi,^mdfentur,acfroinde<l,mthar»m trirnn^^^c, 
maxima menfura communis, 

Sienim ali^uamagnifudomaior, quam i inufnUtur^quamettriffofitmagnimdinefay h, 
<, metietureadempercoroliarium Clau^propof^. lik hmusmaximam minfurami^farum ;m- 
^rumipfamdymaiorminoremiquodefiimpoJSihile. 

Si M^ero d.nonmetidturcyermtnihilominus d -^c, inter fecommenfuraklet, 

Cumautem a,l^c,fintcommenfurabiUs^metietur menfuraqualiht earum communis ipfam 
id,maximam menfuram ipjarum ayCf lf>percoroU.pracedentif frofoptionis. 

,Quaretumeddem$4menfurametiaturquoque ipfam c^erunt di&c,commenfurahiles. 
, Stt trgo eymaximarmen/ura earum:Dico e/naximam ejfe menfurum communem harmn ^t, 
l^CyQuodyferumeffeJicprolf'alfimHS. 

Quoniam eymetitur dyercy&dymetimr aydirhymetieturquoque Cyipfai 4y&lymetietur 
Mttem& ipfam cloture, maxima menfuraefi communis ipfarumaJ^yC,quemadmodumdixi' 
mttif. 

Sienim ejnon efi maxima communis menjftray'^ePeriafur alia communis menfuraySiMue 
iUafJi fieri potefl: Quoniam igiturf.metitur ayO'i'ymetieturquoque& earum maximam 
menfuramcommunem dypercorollCUuif antecedentis propofitionisjnetietitrdutem O' cJntm 
fymetiens dyCrCymetierurquoqueO' earum maximam menfuram communed e^ex corMtrio 
eodem,MMor nnnotemyquodahfurdum. 

Non igitur major magnitudo,quam r^^itudines propefttas aJfyCymetietttTyAc propter- 
€a e y maxima eft earummehfiiraconimunts, 

QuaretrihusmagnitudinilfUSyf^c, quod erat faciendum, 

COROLLARIVM EXCLAVIO. 

A 1? E R T E quoque ex hoc colUgitur , quod tnagnitudo meciens trcs magnintdines , metitra: quoqae 
nuaximam earum menrutam communem. * * 

. Infertur autem hoc ex vlcima parte demonftratioms.Oftenftim cnim cftibi, magnitudinem f , fi metia^ 
turipfas a,b,c,metiri quoque e,roaximamillarumcon»nunemmennu:ttn. Eademquedeoeteris eft ratio. 
Simili modo pluribus miaignitudinibus commenfurabilibus datis,quim tribus,maximam earum menfuram 
communem inueniemus, locumque |u(bebit hoc idem corollarium. Namfi datz magnitudines Serine 
quataor,inuenienda erit primiim maxima menfura communis trium magnitudinum.Si quinque accipienda 
eritquatuormagmtudinuitimenfuramaximay&cReliquaverb omnia abfoluendaenmt vtde tribosma- 
gnitudinibus eft diftum. 

LEMMA EX CLAVIO. 

Si finrquotcunquemagnitudinesyfi^totidem edamnumeri^qui bini ineademratione 
fumianttif ,in quabinzmiagnitudines : £c ex jcqualit^te in eadem ratioae erunt magnicudi- 
ncs&numeri. ~ ■ ., 

SI NT qu^tcmqutma^itudines a,h^^n tifdem rattpnihus^n qttihmutidtm Humeri <,f>£ih, 
wquidem a,ad h,ita t,adf,&vt bM c^t^fM g>&Vt c,a4 </, ita g,ad h, 

a ' * ' ' e,3 

C — ^ ^,1 
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D I C ex AquaeffiyVt a^ad dyita e,dd h,^^tMniamemmexiisyqt$jead definjJibjJ nohisdemon* 
firaujuntytam frofortio a^ad dyComfonitur ex frofoniomhtu a^ad bMad Cy&Cyod d, quam frofor- 
tio Cydd hyex fropomonibus eMfyfy^gy&gAdhyferJftCHum ejt yCum frofortiones comfgnentes 
frofortionetn a^ad dy^quales fonant^r proponionibftSyqHd proportionem e^ad h,componunty& compo- 
fitas proportionesynempe a^ad d,(^e^ad hy^qualesejftyhocefijjfevt a,add,ita e,ad h^quod efi propo^ 
fitum. , ' 

Idem fequituryji magnitiuimumy& numeromm propartio fuerit pirtHtbatAy 

b . — .— • 1 > /,ix 





1 




— . 




^ ■ - 


J — ,»_ 


— 1— 1 — i. 







4^ i— J 1 I — i 1 ^— -. h,6 

Vt in hocexemplo apparetyin quo efiyVt Oyod byita gyod hy& vt byod Cyita f,adgy(^ vt c, ad dy ita 
€ ad f^Eademenim prorjus eft demonjlratio. 

S CHOtlVTd EX CL^FIO. 

HV OJlltADd pr£ceJenri kmmdte,(& in propoJtticneyauafeifUftury& in dliis multisyytendum nobif erityfUaiit Hl$ulhoc 
loco brcmter demonHrareyCum non facili yidcatur ex demonfiratis fequi. Kam mdgnifudoyCr numerus dtuerfa gmera iptanti- 
t4tisconjHtuimt:^t profortio ex a^uaUtdte in pracedentitfts librts ojienfa tanmm efi in qfuntitatibus eiufdem gencrisiln nth^ 
meris q$tidem bb.y. libro ycro yn nutgmtudifnbusiftajMjum^ dcmonflratio in quinto libra faSd^ctiam ad hoc lemma transfeni 
fff/iitycumvnmesdemonftrationesilliu^lihri numms^ijue conueniant, Velcerti demon firatio fafla in 7. lib.hmeidem lem^ 
manemffuetycum magnitttdines-dyhyCydyqft^proportioneshabent eafdem^quas numeri efyg^h^ramnemindsMnt numerorum. 



Theor. 3. Propof.j. 



CoMMENsvRABiLEs magtiicudincs inter fc racioncm habenc , quam nu- 
merus ad numcrum. 

/■ • 

S I NT propojitd mdfftitudines commenfwrMles 4,c^ h^ Dico eas habere adirmicem ratio- 
nemeandemj^uamaliquisnumerftshahetadaliMmttumermn, 

Reperiaturearummaximamenjuracommunit per.ea^qHadocuimHSdd propof ^Mh. huiftSy 
' Sitque €,0" quoties c^etitur d,totiesVmt4snumerum d^metiaturt&quotieseadem c,ma^' 
tudinem h/netiturytoties^nitasnumeTHm ettnetiatur. 

d^ I (^ I I I ■ I <^» 3 ' 

Q , , « K»i. tas 

t . . — 7 — I . . * ^> i 



tGlTVR, quUrMgnitudo Cymd^itudinem 4,0"i>nitdsnumerum dy^quh memuryJE- 
qmliter mjffjitudo dynutgnimdinem Cydtque numerm d, y^nitatem continelfit, 

Quocirca erit Vf dyddcjtanumerttf ayddvnitdtem'.Efiautemvt c,dd htitdVnitasad ntt- 
merum e^quod Cyipptm htatque\>nitdsnumerum e,dqu^metiatur. 

I^turexlemmdteClduijdntecedentispropoferitexaquoyVt dyUtagnitHdoydd hjmdglfiltHdi- 
nemjtanumerfis d^d numerume. i 

l^turcommenfurdhilesntdgnmdines rdt'wnemy^^.Quod erdtdemonjirdndttm. 

D 
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SCH oiiFia £x cLuyio. 

<:yTa ^uliJcsad defMnfirdtionem hmus theorenuuis affumat^mjodmam cemmmem tMnfurdm fropofitatum fndpnmJi^ 
wmcoinmcnfurjkiUum^tMli^ fmt c^ffmm a,&b,fer£fictmm eft^ Uneasdebcre ejj'elmfftudint^&tbidfotentid qu^mte 
€omnicnfurahlcs,yt rawmemhahcant imerfcy^t^urnncrHSddntm^emm^H^tmmJoUcommunem reafium menfuram^^ 
qitcadeo in Cfsdcm^nfiratioloamhahct. Quod filincafint fotmnafdmumcomwmfurabilcsyhaiclmmqmdcmfdrmmqtu^ 
drata inter fe TMmiWiipMmnmnirHS adnunurmn^a commtnfiirMliafuntiiitijHeidiirco mtnfuram hahmt comntimcm^ 
s(ffteJemmfir.aiiclmiustbeorem4ns ipfdlinednc^Mmkanyquta lonysudine tncommenfurabiles tumfim^cotn^ 

Tnumsmenfur^funtexpmes^ froptercdhuius tbeorfmm^ ikmonfiratio tntpfas ionuenire nuUo modo^otefi. 

Exdemonjfyatione porrieiufdem hmtis tbeorematis li^jmdi confldtycommmfurahiimm tn^nituMnum proportimem ejfe 
tam^qtMn^hahent numcri^er quos earum commums mmff$rd maxiwd ipfas metitur. Oftenjum mm eft,edm hdbere proportion 
'Van mdgmttidines dy& b^ftdmhdhent numeri d^& tyftriptos fciUcetCiirim^niaifurd communis mdximd c^fdjt metitur. 

Vnde fi propofitis dudbus mdntititditnbus commen/krdbflibtts dj& bjibedt imtmre^fkm proportionem hdbcant in nume^ 
ris:famendi erunt duo numeri aj& e,quos ymtds aauc,dc commums magtitudinum commmfurdbiliun^ ^&by menjkrd mdn 
ximd c^tofastndgntuihnesmttiturJHamytdemonjirdtumcfiy^ dy& b^roportionemhdbcnt^qudmnumm d,(!re. 

Q^d^locomdxinuemenfur^ c^umdmHSdUdmqudmcunftecommuncmtdrum tncnfurdm^nihilaminfis hoc tbeorema dt- 
nwifiraiimus codem drfftmento^ . ^' 

dL ^ 1 ■ I -■ — 1- * d/ 6 

C • • f^ni . tof 

t I ^ — H f- 1 — ^ e 4 

QV^TdVlS emmnumm dy&tymdores inuenidtUitrinhdc pofierioridemonflrdtionefauiminprim:t(dbent tdmen^ 
Xdnaem froportionem^fmiltisyyt exdppofitdj^urddppdret.Quomdmyeriin primdcmonftrdtionefmmminucniijknimim^ 
mi omnium cdndem cum ipfis profortiouan hdbentium , proptered fortdfiis EucHdes in dcm^tfirati^nc tudximdm communem 

Tnenfftrdm^djfumpjity&ntmfkmdibct^licetidne^ 



Thcor. 4- Propof. 6. 



Si dux magnitudinesinterfc proportionem habcant«quam numerusadnU' 
mctumicommc&furabilcs crunt magnicudincs. 



^ I I 1. 



6 



■^ 



f> 5 



HABEANTdua magnitudmes d,(^ h,rdtionetft nttmeromm c, d, Dico mdgmtudi^ 
nes ajfjinter fe commenfur^iUseffe, 

QuotmenimnumerHS c/thvnitate metimr.in tot partes aquales diuidatttr t^dgnftudo 4, 
unique earum partiumaqualis fit mamitudo ey(*;'quotieseademVnuasnumerHmdfmetitHr, 
totiesmagmti^o ejfnetiaturmafftitudinem f, 

Igitur cum mamitudo e,aqu^ inmagnitudine ajContiwatur,quotiesVnitasiii numero c, 
tontinetUr^contmebit dqualiter magnitudo ajmagnituJ^nem e,totiesquoties a numero c, Vnitas 
cont'metur» 

Eriti^tuf mamitudo aM m^nitudinem ey)Hjfumerus c/id^nitatemieft autemvt e,ad 
fjta \>nitas ad d^quod magnitudo e^qui metiaturmagnttudmwtf,Vtynuasnumerum d,Qua* 
re4xUmmateCUuij^opof.j^lil;JjHMf^txdqualitate,\ft m^intdo 4/id fpagnittidittem 
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fjitdnuments cMnumerum dyEtdt dutvnetwn'^tnumerus cMnumerum djta ma^utttdo 
aMmagmtudmem Ifjtaeadem a,4d magnitudinem f,igimrmagnitudmes h^^^irfi^fMUi^ 
/itntvtVult9.propoflih.^uinn, 

CumoHtem magnitudofiamagnitudine ejmetiattirjmetieturquoquemd^itudo h,dmagm- 
mdine e^etielfatitr autfm eymafftitudinem a. 

Quarecum magnitudines a,& If^nugnintdine cjnetUnm^mt nutgnitudines dytrK 
inter fi commenfurahiles, 

SidtMmagmiudinesi^tur^&c.Qwderato^endendum, 



I K 



I ■ " ^c, 5 



i«« Vni.w 



e ' . t d, y V 

ALITEK. 

S IT magmntdo dydiuija in tot pdrtes a^ttdler > ^u'of \mitdtet fitnt contents tit numero c, . 
qudYum partiitm vnifita^ualts e^Sitque ettam magriitudo bjiuifd in tot pdrtes aqudles , ^uot 
frntvnitates in numero dyQuoniamigitureJi^ftmdgnitudo etodrndgnitudinem d»itd')fmtds dd 
numerum c,ndmexhypothefi d^uemdgnitttdo e^rndgnitudinem dymetitur ^Jkutymitdt nume- 
rum c, jdtque ex conflruilione ponitur ejfe vr d,dd Ijitd c^dd d^^tur perJemmd Clduij pro* 
pof.^jerit exdquo;\>teidd h^itd witds dd d,MetiturdUtemVnuds numerum d^^ur(^mdr 
gnitudo e,mdgmtudinem y,metitur,Afetiturdutem Cyip/drnquoque dji^turdyCyh^h^aii 
edndem communem menfuram e^dc proptered commen/urdhiles per i.aefiH,iilfJjuius, 

Qudte fidudmdgnitudineStO'c* Qu6derdtoJiendendum, 

COROLLARIVM EX CLAVIO. 

Ex priori aatemdetnonftratione theoremacis apertacft nobis via, qua lineam reftamtimeniamns»Ad 
quam ica fe habeac qusuis alia data ic(ki iinea,vc numerus ad numerum. Nam ( repedta priori fig;nra huius 
propo(ltionis)(iinuemenda(iclinea,adqaamicarehabeatiineadaua,vcnttmenis c,adnumeram d,diui> 
<lendaeiicirneaa,intoczqualespartes,qaocvnitacesfunc in Cj&fumaida alialinea f,coc eanundem par* 
tium,quot vnicates funt in d,Hoc cnim li fiac,eric a,ad f,vt c, ad d,vt demonikatum eft. 

Hinc rurfus apparet.quinam arte pofEc inueniri linea re6ka,ad ^uius quadrajcum iu fe habeac qaadtatnm 
alcerius dacz reax,vt numerus adnumerum.Si namquc inuenietuU fit linea , ad cuius quadratutn iu fch*> 
beat quadratum lineae datae a,vc numerus Cjad numerum d. 

d ' ' c ' ' ' < /. * 

J • 3—" ^* * 

*^ 

lNVENiBNDAericprimumUneaf,ex'ii$,qua^nio(toc[iximas,adqtumficrehabeaC a,yc c»ad <l/Deiii«*f}*ABtL 
de accipienda inter a,&f, media proportionalis g.Eritenimquadracumexa,adqiiadraCumex g,vc c,nu-' 
merus ad numerum d. Cilm enim tres rcftar a,g, f, fine continue proporcionales^eric ex corolLpropof.to. . 
lib.^.vc a,ad f^acqueadeb vc numerus c,ad numerum d» cum fit vt a,ad f,ita Cyad d^Sicquadratumex a, 
ad quadratum ex g,ciim quadraca omnia fine fimilia fimiliterque defcripta. 

SCHOLIFM EX CL^ y 10, 
IK hocetiamiheorenkUenkimfefiwneft^lheasfrofM^ mtm^iisaJmmurmn^immenfkrMUf^fli 
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bnfftudine&potentidynon autem potentU tMmn; qmdam habent', yt ex dmmfirmme confix, fntnjurdm cmmmAny 
ftemadmoJfm&nktffnruJines ay& b^mei^fwrMC^mmmcm eJhihmdemonfiratHm^. 



Thcor. J. Propof. 7. 



Incommensvrasiles ma;gnicudincs inter feproportioncm non habcnc. 
qaam numerusadnumcrum. 



a 



t __^ 



fKV JZ 



SINT^poJtMmdgnimdinesincommenfitrakksa,&' hyD't^otdsnonhahere rationan 
mimeriddnumerttm.NamJibaherentrArionemmmerortmiinterfe ejjem commenfiirahiles, 
<ontra hypethejtn.ponmturenimincommenfurahiles. 

Quart a,f!sry>^t^inagnitHdines funt incommenfurahiles ,non hahcnt inter fi rationem, 
^uam numertts iid immerum, Quoderat demonJhaHdum. 



stHOUvia nx cl^vio. 






Thcor. 6. Propof. 8 



S I duar magtiitadmes inter fe proportionem non habcant , quam numerus ad 
iiumerum:Incommcnrurabilcs erunt magnitudines. 



a, 

i 



^'V 3 2- 

NON hthedntftut^iTudines dfO* y,ran(mem inter Jenumeriddrumertm,Dico eas 
effcincotnmenfurMles,N4mpejJentcommenfrrMlesJf}ayerent ratifnemnitmerorum. Quod 
tficontfd hypothefin fonuntur enim non hdhere, 
, QudreJidu4mdffutttSneSi^c.QuoderMdemottJirdndtm. 

SCHO LlFTd EX CL^VICK 

Q^ ODji tint/t fiwomottetnam hdhemtyi^uam immemt ainmntnm ermtipfi ntcejfaifii,exhoc thtorenuiteyhngtudi- 
'MtncorMmenfiirMksumofim'frefer^onemhaherentjqM^ adfroftj'.^. hmtuUbJemmfirmmtu. 

^HoJtftcontrtt hyfotbtpn. Nm autem colligemlta»eftexbocthe»re7tkUc,litteas,^ fropwtioncmnmhabent, fum immens 
^nmntnim^uctjfmi fotetftU incvmmtt^urdiles^tyyt num^^mt<ftexdemmjh4tme.'timaiim ftfdtuirf fi foteutu 
tanmm finrc»mmmJi«riibiUt,«M p'^<)monembdbere,qu4mniimertffaJnm»erMm>yttn JemmJhMtmethmerMtis affuniitMri 
imimMomodo talem froportionemhdbere pojfmittytm fcboUe frofof.yhmtu ltb.decmmtit, Sobim ifftur iaftartta exbmtis 
tAttr«ni4Hsdm9t^4tm«JUtuas frefwtitnemiunMbentes,qikmn^ ejfe incemmcnfwAMes. 

LEMMA. 

S I fine cres quancitates continue propoitionales,& alia? tres continue qaoque proportion 
nales^sitque vt prima illarum ad terdam^iu prima harum ad tcrtiam»£ric &vt prima illarum 
adiecundam^itaprimaharum adfecundam. 

SINT 
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Sttquevt AtodCih* dtadf.Dk0q»oqHe ej^vt Otfid b^td dM f» ^^^i^^ff^tim pvpmh df. 
id CtfrcfwrtUnu 4^h,qtkbn fr«fmiod,adf,frofortufhu d^ad eMi^flicafaefifftnunturqste freptr* 
tiottes afade,&d,adf^$tales:emntqu0quefr0fmi9nes a,ad b^dtade,dquaUsiquandoqutdcm 
etnt^ fnfortiones MfticAtdttqtMUs f»nt. 

Idem fiqmt$ir^.f lures qudnHtates^nttquMtires'^fitamen in quatuor a(pimamm trifticdMn fr9^ 
f«inionanUc9duflu4(tdMdenunftrmonem:& inquinque qitadrupUcatam, &c. 

Theor. 7. PropoC 9. 

QvjB \ redHsIineis longitudine commenfurabilibusfiunt quadrata, inter fe 
proportioiicmhabenc,quamquadratus numcrus ad quadratum namcrum:Et 
quadrau inter fcproportionemiiabcntia,quamquadratus numcrus ad quadra^ 
turn numcrum \ & latcra habebunt longitudine commenfurabilia. Quae vcro a 
redisUncis longitudine incommcnrurabiiibus fiunt quadrataj inter fepropdr- 
tionem non habent,quam quadrs^tus numcrus ad quadratum numcrum:£t qua- 
drata'interfeproportionem nonhabentia> quam quadratus numcrus ad quadra- 
tum numcrum j nequc latcra habebunt longitudmc commenfurabilia. . 



• 


f 







Lc 
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7.3 

k9 



SI NT reSia a y,(^cdJon^mdmeconimen/itr4hiles/ DkoftdirAtaeihiUkdefcri^td^ 
inter feratummhayerenttmeriquadrattitd numerumquddr4tum.Namdmre£l^ dh,&ed, 
fittt commenfurahiles hnntudine , hMunt inter fer4tionemtqttamnumerufadnumerum;\ft 
\uUyfro^f,liy.hHius,Stque ear4tio,quanmm e iOdnimentm f^qmdran etiamiffirum , 

pntgy^h, 

Intur^mdeji ahMc d,vt ejnumentiadnmnerwnfJjddfetaHtemquadfatum ex a h,ad 
auaSratum ex c d,duplic4tam proportionem Uteris a b^ad Utus c dyM>tconjiat ex to. fexti, ' 

NumerufquequadratMSgyhdetddnumerumquddrdtumhyduplicdtdm etiam proportion 
nemUterit e^ latusffirtt eadem proportioqttddrati ex 4 hAdf*4dratum ex c d,qu£ nu^ 
inert ftadratigMqti^rdtmnmerum h^uia my^ ha proportionesfunt duplicate propor-- 
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tionumafMimt.Quod ^imtmfrdt eflendendum. 

Rurfis ptquddfdtumex Ah/tdquadrdtumex c d;^tnimetiufui^^ 
numemm hyDicoreBald lf,&c d^jfelongimdinecommenfurMleSySmt enmnumeri e,& 
filnteranumerorum^iadMtitrumg.tjp'htQuonUm igimr quadratum ah, ad quadratum ex 
cdytfi Vr numerus quadrants g^quadratumnumerum h. Hahtt autem quadramm ex a hy 
adquadratumex c dydt^lkatam freponionem Uteris a htod Utus c d,N»meruJque quadra- 
nts gteandemduflicatamproportionemhahtadquadratum numerum hjiatetii e^d latusf, 
EaJkmeritproportie Uteris quadrati a b^adUtusquadrati c d, qua Uteris numeri e,adUtus 
•numeri fyHarum enim proportionum proportionesduplicata,aquales funt, 

Igiturcm re(fa a hyC djinterfe proportionem h'abfant ^quam numeri ty(S'f> '^pfr ^runt 
lon^mdinecommenfrrMles.Quod iterum erat oflendendumr 

Deindepnt refU aJbyincommenfurahileslon^udine.Dico earum quadratanonhahere in- 
ter firationem numeri quadratiyod numerum quadvatum.Nam fihJ>erent rationem numero- 
rumquadratorumy ejfent iongitudine commenjurabiles , quod eftahfurduin yponunturenim in- 
commenJuralfiles.Quarequadrataex ay^hydefiripta non hahent rationem, quam numerus 
quadratHsad numerum quadratum . 

1 



t**:-.. hjilT 



V' ' 



f^d> 
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P O ST RE MO non habeat quadratum ex a, ad quadratum ex h, eandem rationem, 
quam numerus quadratus^ numerum quadratum.Dico eas effe Iongitudine incommenfuridfi- 
UsSi enim commenfurahiles effent longitudmejfaherentearum quadrata rationem numerorum 
quadrat(frum.quodeficontrahypothefin^onmiturenint non habere JgituratO' b,minimefunt 
ionritudine commen/urabiles. 

Quodrutqua a re^u Iongitudine commenJUrabilihtSy(^c. Quod erat ofiendendum, 

COR.OLLARIVM EX CLAVIO. 

Ex histnanifeftumeft,reftAslineasqttx Iongitudine funt conitnenfurabiIes>omninb &potentu com- 
menfurabiles eiTe.QaxverbpotentiacommcnfurabileSjnon omninb & iongitudine. Etquz Iongitudine 
incomtnenfucabilcsnuiC,nonomninb&potentiaincommenrurabiles. Quzverb potentia incommenfa- 
labilesjomninb & Iongitudine incommenfurabiles efle. 

Quoniam enim quadrata linearum Iongitudine commenfurabilium proportionem habent , quam qua- 
dratus numerus ad quadratum numerum,vt in hoc theoremate dem onftr^tum eft,hoc eft fimpliciter quam 
numerus ad numerum:* ipfatommenfurabiliaerunt/ Ac propter ea 8c lateraipforum potentia commeniu- 
rabiliaexiftent:Quare lines Iongitudine commenfurabiies,omhinb 8c potentia comttaenfurabiles funt. 

Deinde quia linex,quarum quadrau proportionem non habent , quam quadratus numerus ad quadra- 
tum numerum, fed amen quam numerus nmttliciter ad numerum, 'potentia quidem commenfurahiles 
funt/ dim eanim quadrata coromenfurabtlia tint :At Iongitudine nequaquam^vt in hoc theoremate eft 
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odenfum; perfpicdv^n eftJineas,potentia commenfurabile$) non omninb ficlongitudine commenfurabi- 
ieselTe. Soliim enimts linezpotentiacomtnenfurabiles , quanim quadraca proporcionetn habenc, quam 
numerus quadratus a^numcrum quidratum;!brigitudine quoquc funt commcniiirabilcs,vt conftat cxfe- 
cunda parte huius Lheoreniatis4 ^ 

Rurfus quia lmex,quarum quadrata proportionetn non habent , quam numerus quadratus ad numerum 

quadratumjfpd titmfinj£ylamjMtmffrng nA nnmi^rn^ tn/'fimfnpnfriraKilpcqnidpm funt longituduie y at fO-^ 

tentia commenfurabiles, vt m6do diximus , liquidb conftat , linea's longitudihe incommenfurabiles > non 
omninb & potentiaincommeiyiirabiles efle^foliim cnim ex lineae longitudinc incommenfurabiles , qua- 
rum quadrata prop orcionem nOn habent,quam numerus ad numerum/ pocentia quoque incommenuira- « 4. dcfin. 
biles lunt,^ ciim earum quadrata incommenfurabilia (int. * 3.<lecimJ. 

Poftremb tineas pocentia incommenfurabiles yfi(£t omninb & longitudine incommenfurabiles , perfpi- 
cuum eft.Nam (i longitudine efTenc copmenfurabiles , omninb Sc potentia commenfurabiles forent , vC 
patetexprimapartecdr^lWij.Quodeft abiurdumJ^onuntur enim potentia incommenfurabiles. Quam- 
obrem lines potentia incommenfurabiles, omninb 8c longitudine incommenfurabiles funt. 

'SCHOLIVM EX CL^VIO. 

V T autcm fcopHS priorum duarum furritim hmus thcorematis plmifiS perfeShufqste pcrcipiatury diligcnter conJidermJd 
fnnt hacy f^ feqtmUHr. Trimum lincds reBas lon^tHdinec9mmcnfurdbiUsy auarum quadrat^y ex ffimn forte theorenyuu 
proportionemhabentyqiMm^Mdrdtus numerus ad quadratum numerumynonjolumejfe eaSyqu£numerisexpr$mpoffimtylicf$m 
linedB^ationah propofifacompdrentur s qtidesfunt ilU,qudindemonfirationeJunt pofit^; (eji enim reSld 4 by i. &c d^j .) 
Verum etiam illaSfqua ntdlis pojjunt numeris efferrijicwn F^jnonaU linea propofita conferantur:Deinde e cpntrarioyqmdrdtd 
inter fe propcrnonem hatentioyqsktm quadratus numerus adquadratum numerum , quorum line^yfeu latera exfecunda theore- 
fhatif parte Jonfftudine Junt commen/iirabilioynon folum ea ejfe intclUgendoyqu^ continent totidem quadratas tnenfuras ^qua- 
lesillisyinqu.tsquadratum'R^onalisline^refoluituryquotfuntynitatesin numeris quadratisyeandem cumipfs proportionem 
habentthus; afiufinodi funt quadrata in demonBratione defcripta ; [connnet "enimquadratum ex a by quatuor menfuras quon 
drataSy& quadratumex c dynouem; quot nimirumynitates funt tnquadratis numeris gyh,) Sedeaetiamyquayel pauciores, 
yel pities menfuras quadratas cgmpleSfunturyqu^mJunt ynitatesin numeris tilts quadratis yficum quadrate linea ^ationalis 
confer^turS^penumero enim linea data cammenfurabtles inter fejunt lon^tudineJedni$meris exprimi non pofjimtypropterea 

ClB^tionaU linea propofitajunt longtudine incommenfurabiles^c propterea quadrata illarum proportionem quidem hor- 
yqiMtn quadratus numerus ad quadratumnumerumyyt in hoc theoretnate eft oBenfumyOt pattcioresq^utdratasmenfuraSyyel 
plures continentyquamjunt in quadratts ilUs numeris ymtates.Hac dutem omnia perJpiciM faciemus hoc demenitratione^ 

Exponatur tinea B^onalis a byexprejfa numero j^cuius quadratum a. Cycontinebit menfuras quadratas iCStnt quoque nu^ 
meri dyeypLouJimiles non quadratiyhabentestamen proportionem^ yt in ^rithmeticis eft demonBratumyqtMm quadratus ntt^ « x^.oftaoL 
merus f Jul ^ktdratum numerum g;nempe^j^adi6J>eindefumatur reSdngulumh iyConBansex fex quadratis menjuris qua- 
drati a Cyquot nimirumynitates in dynumero continentur, ^atque ipfi h iyquadratum aquaU confHtuatur l^ l, cuius lotus 1( ^ X4.1ecundi. 
fnyVofbrcmb pereayMiaincoroll.propof6.huiuslibrioItendimusyinffeniatur reSla n Oyod cuius qtfadratum n pyitafe habeas j^ 
l,q/4adratum reSta \ myyt numerus dyod numerum f,W yt quadratus fyad quadratum g. Quoniam igitur efiyt quadratus 
numerus fyodquadratum numerum gyyelyt numerus dyad numerum eyyideHcet 6.adij^itaquadratum ^/, adquadratum n 
p , per conliruSionem , continet out em quadratum ^ / , 6. menfuras quadratas , qualium i6. continet ^uadratum 
B^ionale a c y(conItruStumenim eft quadratum ^ lyaquale reSangulo h iyconltanti ex6.hfdufmodi quadratis menfuris) 
continebit quadratum n pyearundtmmenfurarumqfMdratarum ij\^ac propterea ^ w,» OyUteraquadratorum l( l,npyOrfni 
^ 6.&Vji i^.qua numeris exprimi nequeuntycum 6.& iJ^v^n fint numeriquadratiyeruntque linea BjtienaU a bylongitudi^ 
neipco/nmenfurabiliayinter fe autemcommenjurabilia longitudine y ex hoc theoremate , cum eorumquadrata proportionem ha^ 
ItantyquMn quadratus numerus fyad quadratum numerum g.Qmd etiam ex hoc conBare potfft.VM ^ A»/V 

proportionem haheant ex coroUario propofioJib.6Juplicatan%laterum k^my n ojit autemquadratorumproportiojubquadru* 
pla^nempe uad ^erit proportio laterum Jubduplayidclicet lutd i.HuittsenimiUaduplicata eftyythic apparet l 2.4. « Quare ^ ^ Xj^Atm^ 
lon^tudine commenfurabiles funt reSa \ m,» Oycum proportionemhabeanty quam numerus ad numerum. Intelligenda funt 
ergoinhoctheorematelineaetiamilUylongitudine commenfurabiles y qua numeris non pojfunt exprimi yfi cum Unea^jttionali 
cofnparentur. Quod fi con fiderentureadem linea ^ m,» oJimpliatery& abfolute y nulla habita ratione tinea B^atimalis a b, 
numeris poterunt efferri. Cum enim proportionem habeant Jubduplamyfi k, mydimdatur in duos partes aquales , diuidetur n 
Oyineiufdem magtiuidinis partes ^fi ilUin ^.fecabiturhac in 6.&c.^t yero ha partes nuBo modo aquates Junt partibus ti- 
nea B^ationaUs a b^moilUsomninafuntlonfftudine incommenfurabiles yyt diodmus. 

Bs^rfus quia quadrata ^. /,» pyproportionem habentiayquamquadrattts numerus f^ad quadratumnumerum g^plures quadror 
tas menfuras continent aquales ilkSyin qstas a CyquadratumB^ationaUs linea a byrefolmturyquamynitatesfuntindiElisnume^ 
ris quadratis fyg/yUm ^ lyaquale eftfex hmufmodimenfurisy&npy continet i^^t numerus quadratus ficomponitur ex 
quatuor ynitattbusy&g^ex 16 ^Etfimdoresquadrati in eadem proportion^ Jumantur q rypauciores tales menfuras con^k^ 
-Buntur quadrata k^hn p^quhn funtynitatestn numeris quadratis q ryCum alter ex 9,altcryeriexi6.ynifatibusconftitua- 
tur ,• manifeBum efi , in hoc theor emote tntclUgenda quoque ejje quadrata proportionem habentia , quam numerus quadratus ad 
quadrotumnumerumyqua pauciores quadratas menfuras y yel plures comprehendunty quam ynitates in ilUsquaaratis numeris 
repoiuntm'Jiea conferantur cum quaarato linea Bjctionalis propofita, Quodfi eadem quadrata ^ /,» p, conftaerentur abfoluti^ 
Cftn^tiaterynuUa habita rations quadroti o CyexBsjttionob tinea n b^efcriptiyrefolui poterunt in totidem menfuras quadra-^ 
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yt Ji3mn>eft,continebitqMaJr4tum ^ li^tMtuarmtnfurasqu4dratds,& qmuiraimn n f yfexdecimipiot fcilicet ymtdtjss reft* 
rimtifTinipMdraiisnnmem f^ltemfi^^ 

tas 9,&^.^Pmmirum yniiMes comfrehendmturin numem tjuadratis ^^j&c^thidrfmci&mmfiransdlomoJo^fuJei 
fimtqtkidriuismmfum^nquasquadraiim- 4 Cj^^nMis linejc d b^efolmtHr. 

Idemdicemusde omf»£usJiisfiddr4uis^eormnquelaierilnis^ij»orum nimaisqMdrais^iimn^ 

modo profortiimnnhabeant inter p^^ttam mimmquadranddnimnosq^ cmttfmcdipmtftddrata^qmrmnjufaffi' 
tiesfint \x.& i.h4bmtes fn'ofortimem^qfMmquaarattts numerni i6^a4aitadratHmnurMrMm ^.&c. 

Itaquethe&temahocinteUigendumeft detineislon^mMne commenfiroMihusinterJeyqsktmmimerdum^/tM 
€mmimJwrMlesfintiPtfitfmfM:Quadrata/p$^£^ 

dumlon^tudine fint iTtcommenJurabilesline^^jUianali frofc/tta^oPorticnem inter [thdfentyqMmtpddrMus nHmcrufod 
{juddratwn n$$merwniftanuw ipfo tptadratdjicum quadrato B^ationalis line/e confcrjnttnr,Jkpenumero numeris qHndrans ntdla 
tnodo fojiint exprind'Xtqitadrdtaimerfefroportionembabemid^qikm^qi^ nwnerum^fiiteb^t 

quadrdtanmMris qti^dtis fojiint exprinaJiuenmyftcomf4remmcumq^ 
inter fecommenfitrdhiliaetidrnfilinea V^tionJifim lonffts$di9t^Mc^mmenfifrdhili4y&c. 

ColB^tCdmpimHsexhoctbeorematc^nfifftrisquadratitdum^errwn lateri incammenJkrMUm effelonptudine^hdc ratione* 
Qmrnan^qtuidratumdidmetri dt^lumeft qu^dratiUteris^yt 4d propof.^yM.udemon/hrammttsMulla 4Mtem proportio dupU 
tademcjfe poteft^qtf^ qiMdr4tinumeri4dip$adrdtHmnmnerum numeros dupUm proportiapem hahentes ntdlus mt~ 

diuf cddat proportiomdis^yt in fcholio propof. 8. lib, 8. oBendimtts , Hon hdt^unt qtuulr^umn diametri , & quddratum laterts 
proportio7iemyqudmnumerusqt4ddratusddnun^t$mqftddratttnKQfkire ex yltima parte htdttftbeoremMSjeprtim Utera^mpe 
di4fneter^& Utftfin yno eodimquequadrato^ IcnpttuUne inter fefum ineommenfurdUUik Hh ftiam ms demonfirdmrnusin 

' - - ' nnslibri. 



fcholio propof.y.lib,%.Quodtamenclmt(S oHenmtBmlides propofyltimdhmftsi 



Thcor. 
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ELEMENTVM DECIMVM. u 

Theor. 8. Propof. lo. 

S I quatuor magnitudincs proportionalcs fucrint , prima vcro fecund^ fucrit 
commcnfurabilisi & tcrtia quarta* commcnfurabilis cricEt fi prima fecund* fuc- • 
rit mcommcnfurabilis,& tcrria quartae incommcnfurabilis crit. 



b 



*j — i 



\ 4 

4r ■ I (f '■! 



r Li^ f*^*»*orfMfmintdinesproponionales aM^>Sitque prima a^eamlehommen^ 
jmr4Mts.DKo&tertiam c.^uana d.cffe commenfurahilem. Qupnidm enim a,&hinterfi 
Jutttcommmfurab1les,hahebtmt earum^uddratarationemyquamquddramnttmerHs ha^t ad 
numer4mqu4dratumy\>t conftdt exprimd parte propof amecedentisMmirum Vt 4^ ,./«- 
turtSrquadratd ex c,c^ djhdifeyunt etidmrdnonem,quam Humerus quddrdtus hahet ddnu^ 
merttmquddrdtum,poniturenmelfe,yft d,dd bjitd c,dd d,Qudre&c dJkntlonntudine com- 
menfrrdbiles. ^ - 

Kurfisfint dlue qudtuor md^udines inter fe proportionaks fithue prima eMfeetmdam 
f,incommenfurdhilu. "^ 



e 






IJCffiTS 



tm 



ijcsry 



-^oVJ' 



^P^H 



DICO &• tertidm g,qudrtah,effe incommenfuraklem. Cum enim tf, tyfyfint incom- 
menfitrdhileSjndn hahebunt edrum quddrdtd rdtionem , qudm numerus quddrdtus dd numerum 
quddrdtum,Vt confldt extertidpdrte theoremdtUdntecedentu.ponitur d»tem effeyt eMfjic 
g:/td hylgiturquddrata ex g,& h defcripta rdtionem quddrdtorum numerorum non hahebunt, 
Qmre gi0'y»funtlongitUMneincommerfurahiUsSi^turquatttoryO'c.Quo^ 
dum, 

SCHOLIVM EX CL^yiO. 

QJ^ODjt<putuorfro^ofit4m4ffutu£tusfiurint Une4,frm4 4MtemfecifHd4comHtr^urdiUs^mtlai^tudine,erit&' 
tntUqiun^lmfftudmecimmenjkraUlityyttxdemniBnitkne hmu thnrenyuis afp4(ret. EoJememm mbdo oRmdemt»fo- 
fieriores J4tMfrofomonemhabwenwntri4dn$imenim.QMreyt mfchalie frofef.^Jmii*Ub.tladm«slm^mJmecommmffi- 
rMUsJimtSiaMempnma fecund* fiimtcommmjwMufdtmtutm^mtm tantum cemmm*- 

fHr4lnlis.V^peutiirettime4dem figurtuQuomamiptttr OtcmmnenjkrMUf efi pttentU iffib*enmt tamm qikidrautommm' a j. Jef. 
fwdhilU^ac' phptereawoporHotumhdbebimtqMm numerus ad nmHtn$n^^ 4,4d qiMtbr4tmn ex ^j-decimL 

ijuquddratitmex c^ ^uadratumex d,(jitodtptMt$er Une* fropofiu 4,b,tyd^optmoiudts fintjir earmn^iii^ata fiffirx * M.rexti. 
fimksJitttUitfrquedefmptti.')lgtitr<ytpkulrat4ex c d,proportioncmhahebmt,ifidm mmtrtis ttd ^$ui»tn$m. * QiMre nm- * ^..decimL 
mmf^tdnlMehmt^ M froptertu Hnc* c dypotmtUetmmenfiirMUs.QmdtmemfttmU tm^fint ctmmenfiratiUs pird * }. defin. 



\ 
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az E V C L I D I S 

mdnifefimn jtct.QnoniiOnYeB^ 4 bycum fint cpmnxnfurMes fotcmidtantu^^^ 

rarum prcfortioyiju^ numeh dd numerum^yt infehoUo fY9foj.jjH0uslilm docuimns.^c fropttrea ne^ c a^frofortionem 
ijobebmt^quam tmmerf^aJnumerumJLon^iuiinengoincomtMnfkralnU^ c d^ exfcholio fropof. 8. huim wn. Sum au-^ 
urn potcntUc^mnxnftirabUeSyyt ofiendimtisd^ttir potmtUtMmmfuntcomm€nft$rM 

Eademt^ione fi prima fccund^t fit mcomm^nfurahlulonfftiidinet/mtumyerit&tertia quarts tjfiiumincQm^ 

mmfurMUsMam fi ^& hjint hrifftuMnc tanium imommenfurabiles^emm ipfarum potcntU vommenjkrabiles^ propteren 
ippc potentUtantum commaiJurakUseruntJffturytnimcoftcndemmjau^tc^ reB^ c d,potentia taHtnmccmmenfura^ 
ales } AC idcirco lonptudine tantumincommenfurMes erunt. Quod eft propqfitum. 

Bsjafus Jiquatmf magnitudinum priores dnd f$$erint linea^u^ yero reUm^ fuperpciesyvel foHda : Seijuetur nihilomtwfjt 

hne^finelpngitudinecomminjisralnlesyyel incommenfiirahilesy& YeUtpMsatuum4ffntndi$ies. ommenfuralnlesyyel incommoh- 

JurMes eJJe.Si emm Uned fint Ungtudine commenfurahilcsyent earum proporrioyqua numeri ddnumermn ex w^qtue in fcholi^ 

propoJ^^Jbmus librt dommus, Cwn er^ haheant relupf^dud magnitudines propinrtionem mim^, aiuim line^f eritqitcque ilU' 

* ^ deciou. rum proportio^qua Humeri ad numerumy* atque adeb commenfurabiles erunt^ SiyerhUne^ Imgtuaine incommenfurdbiles fint, 

fiuepotentiacommenjurdbiles exiftantfiuemn,non erit earum fropmioy^ numeri ad numeru9n,yt tonftat exfcholio propof 

yJnnusUbS^turnequereliquarumduarum magnitudinumeanifemcumilUs proporticnemhabentium proportto erit^quanu^ 

- n^ddnumerunkQuareineommenfurabileserum. Qu^ 

Ecdem modo fi priores dua magnitu£nes^fuerint fuperfiaesyyel folidaypofieriare^ dudUnedydenumflrabimuSyfi plma^ 

' . yelfilidac<nmnenfurahiliafintyyelimommenfi^ 

\ j.oecimi. plmajolidauecommenfuratnliafint^habebuntipfa proportionemyquamnnmerHsadnumerumJgitur&lineaeandemcumtlU^ 

I ' rationem habentes^roportiancm habebuntyquam Humerus ad numeruntyoc proprcrea lon^tudine cofnmenjurabiles cruntyytdi^ 

ximusinfcholio propof. 6.hmusUb,Si yero flanoyyelfolidafint incommenfurabiliayHonhabebunt ea proportionemyquamnsf^ 

merus ad HumerumAgiturneque lined eandemcumipfis proportionemhabentes yproportionemhabebun^quam Humerus adnm^ 

tnerumJErgolonfftumne incommenfurabiles eruntyper eOyquddocmmus^ fchom propof tjmus lib. Quoa eft propofitunK 

LEMMAEXCLAVIO. 

p V o s numer OS pianos iiiucnirc,qui proportioncm non habcant,quam quadraras numc* 
rus ad quadratum nuinerum. 

INVEN I AN TV R duo flani numeri nonjimiksyfer ea,ijM adfnem bb.iJ0cmmtii.Nam hti^ 
iufmodi numeri ftcn hahehttnt fropartiottem,quam ijuadrattis numcrtis , ad ftt^^ numerumvi in 
fcholio f rofof.2(f. lib.!. demonj^rauimtii.^updefi prof ofiium. 

^odji f lures numeros inuenire vetimtUy quorum quHibet duo proportionem non habeant^quam 
qttadratui numerns ad quadratum numerumyfumemtssquotcunquenumeros frimosyperea^quainfcho^ 
iiopropof:2oJih.p.tradidimtiiya^b^c,dye. . " 

NVLLI enim horum primarum accepttnrum proportionem infer fihabent, ex fcholio propof 2d. 
Uh. g.quam numer iquadrati ad numer OS quadratosy cum non fint plani Jimilts , vt adfnem bb.S.do- 
cuimta. 

SCJlOLlVTd tX CLUVIO. 

' 9 K1{Ji inuentionem numerorum planorum nm fimiliumyqui yideHcet proportionem non habeanty quamquadratusnth' 
merus ad quadratum numerumyHonreSe quidamtradiderunt hoc loco y inter quosetiam eft federicut Commandinus. Quodyt 
oftendamusadducendaefteorumratioyquadiStosnumerosinuenireconanturyltaiffturremexpeiBunt. - 

Exponantur quatuor numeri a,b,c,(l»icavtnonfitficuc a»ad c,ica b,aci d^Ec fiat ex a»b9nume£U$ e,E6 
tx c,d,num€rusf,Pcrfpicuum igitur 4 1. C X. 

eft e,f, numer OS pianos e({e> pianos L J J 

autem diffimiles 5 auoniam lacera pro- b , * 6. d , l6» 

portionalia non mnc , quod facere ^ 

oporcebat. • ' * !*• / > 4^» 

Hac eft eorum ratio inueniendorum numerorum planonm non fimiliumXrrantautemhmufmoA interpretes , quiafapenu^ 
meroinuentinumerifecundumeorumdoBrinanhpUmfimiUsfunt.'ilamnumeri ex eorum demonftratione nmenti^\%y& j^i. 
funt pUnifimileSydm proportionem habeant , quam quadrati numeri ^& 16. Itimque prior Humerus latera habeat y& 4, 
proportionaUaUtaibus pofterioris 6.&i.ytconftatiquamuis latera prioris at iO$s afluH^pta u& 6 ^non fint proportionalid 
lateribus pofterioris acceftis. 3.^ iCSatisenim eftyytducnufner$ plam fint fimUesyohquaduo latera ynius proportionaHa ejfe 
quibtfdam duobus laienbus alteriusy non autem requirituTy yt quacunque duo latera ynius protmiwabafint fdbujiunqi40' 
duobus lateribus alterius^qua de repUtrafcrtpfinms^ind^mt.ixUb^j.ti'inffboho propof i}.lii.9. 
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ELEMENTVM DECIMVM. 

Probl, 3. Propof. 11. 

P»oPosiT*tea«Unexr«ueniteduasteaaslincasmcommenfttrabilcs,al- 
J„^qXUgicadin«anturn,.Ucramvcrpctiampocen«a. 

e 

Undine mcommerifiirJ>ilistxiJlit. , . J™ 

Pr,Pofit*iffO<'relU>&c.Q!!oder<,tf^i>m. 

. scBoury tx cturto. ^ ^ 
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i4 E V C L I D I S 

^codi^y^^a0jrMomtMrh^eynJeei»u frofofitic i ThemrfrifofimmdetimtWMdmthimodmoreUhwmum 
fMhm effe pito^mfiam(Uf4rsbimitexft*tedemfrifoJ!tiene.dt^ 

Thcor. p. Propof. 12. 

Qy £ cidcm magnitudini funt commcnfurabilcs,& inter fc funt commcnfu- 
rabilcs. 

* — ^ . , /, ,. 

C ' " ' ■'■ ■■ ". ' ■ ' ^ ' i, 5. 



i 



4 /, tf. 



SI NT mdfftitmlines it, tT h^mamtudini CyCvmenJurahHes : Dico eastjji inttrfi com* 
menfurMksiNdmcum ay<2rcyfirit exhy^oiheficommenfurMles yhahthit a,adctfro^orno- 
item^^UimnttmertaaliquiSthayetadalmmnftmemmiSu profortio ^^ad tyimneri fMnumC' 
ritmdjdefi,i,ad^. 

fytrfrs cutn hyod cjtnt etUm commenfrr^hiks pofiM^halfehit hyodc, rationem mam nit- 
merysadnumerumex ^.^ropo/Mkhum. Sit i^tur froportio bjod c» numeri Uad d,idefi 6, 
ad\^ 

I^tur cum mdfftitudo d,admaffiitudinem Cyhahedt rationemtqudm numerusddnumerumg 

Mdgnitudo etiam byhalnat ddmagnimdinem CiCandem rationem ^quam numerus ad nume- 

rwnjhdbehmt etidm d,&y,inter fe edndemrdtionemtqudmnumerttshdhet dd nnmerttm,Vt 

\>Hk ii.propofJikydcproptered ex ypiropof, lik huius commenfttrdhiles ertmt a,0*h, Igitttr 

'^uaeidemmd^itudinif^p'c.Quoderdtoflendendum, 

MONITVM. 

QvAMVi^ fcholiumCIauijquocirequicurilemonArationinoftrariAinim^fic accommo<latum» Non 
tamenabs re me fadurum puco^u hoc in loco ponam » cum inutile non fit » imb pecutile ad intelligentiam 
demonftrationis Clauij. 

SCHOLIUM nx ClUVtO. 

Sly D fifnagntudines ajb^cjint linca^qae a,& b^ffi cJoHgtudinccommenfyrMles exiftdne^mt qko^ 4,& h^* 

ter felon fftudmecommenfurabilcsyyt CfmftatexJcmcnftratienetheoremaiU^qftiaeodan mcdo ofimdemusytineds dy&ifprp^ 

portionemhabcre^Mamhahctnumenis h^rmmerum l^.QuarelonffiudinecommenfurMlesmmtf^^ 

tntisSi ya*o aj& \fumnt iffi CyfotmtU commenjifrabilesficeteidem ImgtMdineJmt inccnmtenfurdhiUs^demonflrdbimturco- 

« /.decimi. dcm mode & a,b^merfe commcnJurabUes fotmtia. Cum enim a^^T c^t fotmtU comfMnJurMlcs ; • ttit ai$adrdtHm ex a^ad 

quadratntn ex c^yt numerHsadnumcmmjnanfe^yt d^ e^cum quddratd ex d^c^defiiufint commenluraUlid. Eodem modv 

. 4.0^. oit^uadratumex^Cyod^ddrdtim^ ex b^yt numerus ad numerumynimrm^ d,ad 

4 e,&fiad g^tribusnumem minimis byi^l^fdeii^eps propomon4libus:eru rurfumexdquo tpiodratum ex djodijuadratum ex b,yt 

' ^^' numerus hyddnumerum l(^^ Qudtequddrdtd ex dy&b,cammenJurabi&dfuntydf(iueddeoHnedd,bfpotentidc0nnnenJ^ 

Tlontdmenexhoc fequiturydy& bypotentidtdntum eJecammaiJurdbiUs.foJfunsepiimeffedud linedyUnpttubne inter fi conh- 
menJuTdhilesJicet ytrdquecuipiamdlteri bned potentid tdntumjlt commenfurdbilis ; (judles fimt dud j^dtiondles Imgtudine 
inter fecommcnfurdlnles,p6tentiAyeritdnmm]\dticndlie^^ qui^m inuememtts poBed in fcholi* 

Xpropofi^Jndusbb. 

Sed^^onuetJumquoddmnwdobM0StbeorenkU$sdem«nJhdbiin^ mode. 

Si fintduzmagiutudincscommenrurabiles^alteraverofic vni cuipiam com- 
xncnfarabilis>crit & icliqua cidcm commcnfurabilis. 

SINT 
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ELEMENTVM DECIMVM. 15 

SIKT enim 4,& b,cormnenfwratiles:Sffque d^ffi CyContmen/itrdiilis.Dico & btculem c^commcnfurabilem effe.Cim emm 
tim b^im c^ffidjit commmjkrabilis^um f$of^ b/Tc^cxhoc theorenkuc^imerfc commcnfurMes. Quod eft fropofi- 
turn. 



C " 1 2^ t ^ C 




h r- r— , I :rT^^ 



QtudfimdgutuAtiesdJbycJmt Unet^'&djbyCommenfurMlesUt^tuSncJtt 4Utm dyiffi CyCommmfurMislonptudme; 
erk&h^eliftMridem c,lonffttnfme cemmenfiirdilit.'HMntum $tbn b,fthn c^pfi 4,limQtttdi»e fit commmJkrMlit , errntt 
ettMt b^c^ter fecommmfiirahiUsUnfftudmt,rt oftmdmitt^tyeri Jitine* a,&b,potenn^ t4»tumfint commenJurMler, 
<jr 4^ c^tmmet^iAUit fine iMmtidiney&fttmtUfou j^tmMtdn^m^t^mttttpiidemtoJemttrffimtmojrHifMm t. 




no» 
4^ 



Theor- 10. PropoCis. 

Sr (intduzmagnitudincsj&altcrtquidcmcidcrafit com mcnfurabilis, altera 
vcro incommcnfurabilis : Incommcnfurabiles crunt magnitudincs. 



C 



^V8 



SINT dikemdgnitudinet djO'hi^uaimm'vna iffi c,fa commenfkralfiUt nimirtm aiK 
vero eidem ma^uuaini incommenfuramis.Dico mamitudines a^i^ b^conmcnfurahiUs effe, 
Namfieffent tfiagmtudinesilla a^tyh^ommenfurSnlesiCum dfCxhypotheJi hfi Cffit com^ 
menfuraifilis^effmt^htCyinterfe etUmcommenfuroMeSy^V^t it.ff pf of M.huius.QMdejl 
dyfurdum,cum l^^ondtHrip/i Cyincommenfurahtltt.I^ur mdfftitudo dymaffutudini cjmcom- 
menJUrabilis eJi.Qu4riJidu£nM^iitudines,0'c.Qu§derat ofiendendwn, 

SCHOLIVTd EX Cl^VlO. 

SI mdgutuSnes a,6,c^t^inetty& Oy^iiidemiffi tJUngtudine conanmjkrMlts^ b,tidtm c,intmnmmfiirMlislmgtit- 
Jint:erunt 4,&bJonfftu^tjeincommenJitrahla/SiemmloMff$uJi»ecommmpir4bileseJ[lait^^ it*- * it.deciim.' 

terfe lonptttdint conMienJur>ibiles(cum hoc fwJfto,ytrtu}ue b^^pfi 4,(ommmfiir4biUi tffctlmnttuline)ipMdmn ftmtuf.'Pari 
TiOime^ u^pfi Ctpotentiafitcommcnfirabilfs^ttetantim^tte etidtnlongtmine^ytro b,eidnn c^tintUincommenfurtihi- 
Usiermt a,Cr b^ottnnaincommenfHrMksSiemmeffmt commenfmMUs fotmtU^^tut f^ b,&c,fotmtU commenjk- 
r4biUsf(^cimboc foJito,ytr<f^ue b^^ffi d^otenthteffetctmrnenfurabtltt.) QtftJ tfi 4ibfiirdum. fmtur tnim bjiffi t,fotenti* 
incommmptrMlis. 

Qmmamyero hM fropofirio ii.4pttJtbeenemltmm4eJl,Jit,yt fofthac m mfird edititne numerut frofofitiommEucUdis 
differat ah et^titm Theonfcqiimr.B^eHqmmtttenim deditdtferdordmemacferitm Themis bee lonMd* i tumorib»t, &fe- 
ritimbfff Geomttnthoctheoremd in mtmerum frofofitimrnnEiulidu umep tffdtMm. 

" ■ ■ . . G ■ 



\ 
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i« E V C L I D I S 

Thcor.xr. Propof.14. 

S I fincduae magnitudincs commcnfurabilcs j altera autcm ipfarum magnitu- 
dini cuipiam incommenrarabilis fucrit :£c rcli^ua cidcm incommenfurabilis 




SI NT iui magnituiints cornmenfurdUles dyf^hySitque a , incommenfurabilis magni^ 

• t^dini c^Dico c3r ^ , eidtm c , inccmmenfurahiUm efjt > Si tnim dyipfi c , commenfurahilis efjet^ 

' , cum ay& i?yex hypothefijim cammcnfuraklesyejpnt ejr hyCyCommenfurahiles per lulih.huius. 

Quodepimpo/Sibile.Poniturenim dyipfi Cyincommenfurahilis.Non ergomdgnitudines h^(^Cy 

fumcommenfurdhiles.Qudr^ffintduiemdpitudinesy&c.QM 

S CHOLIVM EX CL^riO, 

Hi C qnod^nefi mag^imdines dyb^t^fint linea^&. Oyb^commfnfurMes Lrt^tudinc;fit imtem a^pficyfitte longtMd{n€ tdm-- 

tunhjiucion^tudine^ potentia incomfnenfurahiUs ; ent^rbyeidvm. cjonntudine incommenfuroMu.Siemm by& c^ejfmtlon^ 

• X* iccimL ^tuJinecommen/urdhilesi' ejfent quoejuc XyO* Cycommenfurahrles lonfftuawe.(cumhpc pofitOyyTraque a^CT c^ffi by LngituJinc 

ejfet commenfurabdts.^ Quod eft abJurJumyponitur enim a^pfi CylonzitudmeincommenfurahiUs. Quodfi Oy&by commenju^ 

rabilcs fint porentta tantum^& a^Jt Cypofentia incommenfurdilis cmgonm eodem ifwdoy& b^pji Cypotcntid incommmjkra^ 

\ ». dcctfni. l^Um> ejje. UliAsfi byCypotcnna effent commenfurahiles y ^ & 4/:^potent$d<ommc9^urMes effettt (cumhoc p^ptOyytroijue ^ 

c^ipfib^potmtiaeffct commenfurMts.^Qmdnonpromtu^^ ' 

, Coihgnnt porrb ex hoc theorcmdtt inurprctes lEucUdts fe^uens theorenut adea^qu^in hoc lib^demonfirmmryperutile. 

Q^ AE incommenfurabilibus funt commenfurabiles , & inter /c incommenfurabiles 
crimt. ' 



c 

I 



4'" ' ' 1 



'BcV 



t— 



i?c»z4. 



SIKT du^ma^mdinesincommmftfrabiles djbyf^ibus ci^mtnmfurabilcs pnt Cy&d^iempe c^pfi 4y&dyipJih^I>ico c; 
^ 14. dccimi. &dyinterfeincommenft0'Mlescf}e.Qmm4^ 

quoquerdiqtia Cycidem b^ncommcnfuraMis.Bjfrfusq§fM dy<^ by^ommenJUrdhiles ponuntuTydr efi byofienfk ipfic^ncomme^ 
^J4.dccimi^ furabilts^erit&relujuaeidem CyincommenfurMis. Quod eft propofiti^m. 

Siduremmaniitudines HyKcydJint Hne^y& dybyyel Ungitudinetmtumincommenfur^dfilffSyyel lon^md$ne& foten 
Autem Cyd^pjis^ Oyhylonptudinc commenfurabiles ; erunt Cy<T dyeodetn argumentOylongtudine incommenJkrahiks.Si yero dy<S^ 
i^ncommcnfurMcsfintpotentiiiy&ipJispdtentUtanmm cpmmenfut/Mes Cy& d^ftendcmm fimUter c^&dypotentU eJJe 
incomfnenjurabilesiyt perjpicuumeft.. 

LEMMA.. 
D y A B V s datis redis lineis uiaequalibus,i«iuenire id,qu^ cnaior plus poceft,qu^ miuoc. 
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ELEMENTVM DECIMVM. 

^AMVIS id,qu0dkmma hoc frofonit.ofienderimus anted adfrofof.47Jib.i. tamenquUhic 
hrcmmex iis,qHAtradiu funtin lih.s.&4.d€monfirantur,non inutile iudkmimus.idem hoc locoaliter 
effcere. Sint ergodatjtdujt reStd lined ind^ 
quales dbj&Cy quorum a by maior, bpor-^ 
tfatque inuenire,quo a byplw pofit , quam 
CyDiui/a d b,bifariam in dy defcribdtur ex 
centro dy&interuallo d dyVel d byjemicir- 
culm d eby^ in quo dftetur redd d e , iffi c 
dqualisyiungdtutque reild e b,Dico reham 
a byplus fojfe , quim c, quadrat o re&d e k 
^ Cum enim angulas e,infemicirculo reBm 
Jit ; * erit quadratum ex d b , dquale qua- ^ 
drdtisex aeyC bydtqueidcirco d by plus po- 
terityquam a eyhocejlyquam c^quddrdto re- 
eld e b.£luodeJt propojitum. i 




x.qiurd* 



' ji.tcrti/. 
' 47.p£iiiii. 



SIMILITER. 

P V A B V'S dads redis lineis fiuc sEqualibus,fiue insequalibus^inuenirc rcftam, quae illas 
poteft. 

HOC etidm trddidimsudd propof.47 Jib. i. Sint ergoineddem jigurdddtddud reSld d eye byquafi 
coniungdnturdddngulnm return eypoterU eas feUdduBd d b^quippecumquddrdtumex d b^aqudle *47- 
fit quddrdtis ex dc^ b. 



.pciml 



Theor. 12. Proponi5. 



S I quatuor tt€tx lincae proportionalcs fucrint, prima vero tanto plus poflit 
quam Iccunda , quantum eft quadratum rcAx Imcae fibi commcnfuraBilis longi- 
tudinc;Et tcrtia tanto plus potcrit quam quarti,quantum eft quadratum reds li- 
nes fibi longitudihc commcnfurabilis.Quod fi prima tanto plus poflit quaija fc- 
cunda, quantum eft quadratum rcdac Uncas fibi incommcnfurabilis longitudine: 
£t tertia tanto plus poterit,quam quarta , quantum eft quadratum ic(kx liheae fi- 
bi longitudine incommenfurabilis. 



c 
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18cj^ 1 + 



SINT quatuor maghitudines ffroportionales a,yyCyd,primit^ue diffbis pofiit, quant fe- 
cundd quadrate reBa e, (^^>,tertia fins po/Sityquam quafta dyquadratorcSiaf. Dicofie,Jtt 
commenfurabUtsipjiayO'fyCommenfuraklemeffe ipfi c,Si\fero eyincommmfutahiltsipfi ay& 
f,reBa Cyincommenjurahilem cfje.Cimenimjify\t a^id byfecundamjta Cyod d,quartamyerit 
eodem modo quadratum ex a,ad quadratum ex hjicut quadratum ex Cyadquadratumex </,vr 
conftae ex2.i.propof,Uh.6.Q»aaratumautem ex a^aquale ejtquadrdtisexh^&eyquadratmn' 
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It E"V C L I D I S 

^He ex c^qHaleqUdd\rdt'uex d,ftexhypotheJt.QiMre a>mponendo,Vt^iutdrdt4 ex h,C^e,ad 
^Mddratftmex hjta^uddrdtd ex d,fJdijUddrdtumex d,C^dinidetidoy\t^$tddrdttmex e/td 
quadrdtumex yjtdquddrdmmexf,ddquddrdmmex d^cfro'mdeerit,\>t reSid e,ddreBdm 
ijitdre^d fyddtefidm d,&conuertendoy\K h^ e,itd dtodfi-^t^MexdquotVt d/td e^td c, 
ddf.Si mtur dJongitHdme ejicommenfurahiluifp eterit fdH rdnone,^c,lon^tudwe com- 
menfurSfUu ip/tfi Si Vero d,ipjt ejmcommenfurahilis fit lon^tudineO'Cietidm iffifyerit »- 
CQmmenfurdhilUlort^Hdine.Si i^mrqtkuuor,0'c.Quod erdt oftendendum. 

SCHO LIVM EX CL^VIO. 

EOl^EM^ergimciitU tfienJenutt^ e^tmtut4aamce$timtHji(r4lrilfffi4mt iffi 4,&fi^otattfdt4tum»iffi c^Jfetom- 
mmJiiraiilmyVt conRa ex ijs^ it* fcbolio frofifioJhmtis Ubjiri^mtt*. 

Thcor. 13. Propof.i5. 

S I dux magnicudines commcnfurabiles componantur ; & tota magnicudo 
vtriqueipfarum commcnfurabiUs erit-Quodii cota magnitudo vni ipfarum com- 
menfuiaDilis fucric }& qu£ a principio magnitudines commcnfurabiles erunc 



/ COMPO NJNTVR duamdgnitudmescommenfitrdlfUes 4 h,h cDico town 
d c^ex His dtidlfM compofitdm Vtriq$te md^itudini d hjb r, effe conanenfmraJtiUm, Qupnidm 
tnm d bjfcfam commenfitrdhUes yhSehmt dUqudmcommmem menfurdmvtrdmque me- 
tiententfVt vult primd defin.l^.huws:Sit igiturilUcommunis menfitrd djlgitur aim d^d^ni- 
tudines dhjb Cymetidtur/netietur & d c^xiStscompofitdmyVtVult h^onunddtumCldtdf lik 
hmtn.Qudre cim djmetidtur reifdm a c^^d hyerunt d dd btCommenfrndhiles fer i.defin, 
Pariquerdtionecum d^metidtur a c^C^b c,erunt etum mdgnitHdines ilU commenfurahiles ^ 
dtqHeddeodCtVtriqueipfdrumcommenfitrdy^erit, 

Nuncigiturcum totd d c,ex d hjif dcwnfofitdfit commenfiirdklis^teri iffiintm d h^ h c, 
mmirtmiffid h,Dico d h,&ycyelp inter fe commenfurahUes, Inuenidtur i^tur communis 
menfurdipfarmtjfitque d.Quonidm d/netmrtotdm d <y& dhLudm d h/netieturquoqite d, 
reliqudm If c^er i,pr(munadtum:Igitur d hjf c^eommenfmMlesfimt,cumd,fit iffdrwn com- 
munis menfurd. 

Si dud i^tur md^itudines,(^c.Qued erdt oflendendum, 

COROLLARIVMEXCLAVIO. 

H I M c fequitor ,fi tota magnitudo ex diubus cotnpofita connnenfurabilis fit alteri ipfarum,eandein 8c 
Teliqu2coiDmenfarabilemefle.ytfi a c,ipfi a b,fit commcnfurabiUs >eflc quoque ieandem a c>reliquc 
b c,commenfurabilem.Nam vt in pofteriori parte theorematisoftenfum dftjfemper d,communis menfu- 
ratotius a c,&ablatae a b,ct!km metiatut totam a c,&ablatam a b,metietur quoque ccliquam b c>ez }. 
pconunciaco.Q^ecommenTutabilesfunta c,b c. Quod eft pcopofitum. 

Thcpr, 



Digitized by VjOOQ IC 



ELEMENTVM DECJMVM. x^ 

Thcor. 14. Propof. 17. 

S I duae m^gnitudincs incommcnfurabilcs componancur , & tota magnitudo 
vtriquc ipfiirum incommcnfurabilis crit.Quod fi tota magnitudo vni iplar um in- 
commenfurabilis fucriti & qu^ a principio magniiudiacs incommcnfurabilcs 
erunc. 

4 —7— « 



SI NT duamagnitudineiincommenfirahiles a IJf cjimulcomfojiu ^Dico totam^md- 
fftitudinem d c^Vtrique ipfarum 4 bJ^c^efjeincommenfHrMlem.Sienimnonefl incommenfk' 
tahilisjit igitur vni earum commenfirdhilutqitaremagnititdinesilla hahehuntaliquMn commit- 
nem mfnfitrMn,per, lAefinSitquc iUa d,quametiaturdc,a h, Igitur cum d,metidturtotdm 
d CydhLttimque 4 y,metieturquoque dyteliqudm be, ex tertio pronunciato Clduij , dc proinde 
atm djit communis men/urdmdgttitudinum 4 bjf CyCrunt d hjb ccommenfurabiles. Quodeji 
contrdhypotheftn.ponunturenimincommenrurdbiles.NonergocommenjurayiliiefidCitpfidyy 
fdiique rdtione nee ip/i b'eyCommenfurdbitii,/edvtriqtte ipfdtum incommenfurdhilit, 

Munevero tqtd d c^x d bjb CyCoinpoJita incommenfurdbilis jit Vni ipfdrum componentium . 
nimirum ipfi 4 byDteoCfd byb eyeffetncommenfurabiJes,Si enimeomhien/urJHleseffentyerit 
^uoftetotd dc»ytriqued bJb eyCommtnfurdbilUyVtVult i6.propofMb.huius, Qufi efifdlfum, 
foniturenim 4 Cdlteri ipfdrum 4 btmcommenfurdhilis.Noni^turcommenfurM^sJum d by 
bcyPdfique rdAone demonftrabitur 4 bJb eyineommenfurMU$e[[e,modo4c»md^itMdini be, 
ineommenfurdlnlis fuerit.Dua i^turjnt^itudines^f^e.Qmderdtofiendtndum. .. 

COROLLARIVMEXCLAVlO. 

S E Q^ i T ▼ s. ex his,fi cota magnitudo ex duabiis com|>ofita,incoinmenittrabiUs fit alteri ipfarum, ean> 
detn & reliqus incoaltnenfurabilem e0e. N empe fi a c,in«omineiifiirabili$ fit ipfi a b , effe quoque ean- 
dena a c,reliquae b Cjincommenfurabilem.Sienitn a c,ipfi-b c,focetcotntnenfiirabilis,e(retquoqae a c, 
excoi:oll.prsce<ientispropofit.reliaus a b,cominenfiirabilis. Quod eft abfiirdum,ponitur enimiiicom- 
menfiirabilis.Noncfteigb a c,ipfi o c^commenfiicabilisyfed incommenfurabilis.C^pdeftpropofituin. 

SCHOLiyja. 

fEI^SflCyyM cftmJtkthit preximifjttteceJauibut fropofiti9miiif,edrim^ cvriUmit,pdelminiQiH(rymelli- 
tendaseffebneaslmptudine commmfurMUsyydincinunknJkrMks^ffmMtmemmddiMrii^^ frofofitimsdemwfiratit' 
nemcommHnttme^iara df&e,qf(dmqmdemJoU(mlmexldt^tudineim(rfi commeitfurabileshtAmttyt ex decaff 4iref. 

L E MM A L 

S I ad aliquam redam lineam applicecur parallelogrammum deficiens figura quadraca^ 
Parallelogrammum applicatum atqualc eft ci redangulo^quod Tub fegmcncis redse linear ex ' 
applicatione fadis concinecur. 

[, H OC UmmAd€m0nJhAHimmmsinfiholiofYOfof.z%Aib,6. 
'■ H 
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E V C L ID I S 

LEMMA II. 



. D T A B V s datis redis lineis ina^qualibus , quarcam partem quadrati ex minote defcripti 
Jul maiorcm applicare^ica vc deficiat figura quadrata. 

« ' • " 

^VA MV IS id^quodhoclennnatefroponitur^abfoluifoJSit €Xfrofof.2Sdih.6. quodquarfa fars 
quadrati tx miner elintadtfcrif timing Jit reitangutodd dimidium mamislineA affUcAtOydeficien^ 
tequeJlgt$raquadratayVtvultfrofofjlU 2S.iib.g^oc efiyquadratumexSmidio minoris lined dejcrip-' 
Sumy (qwdquidem quarta fars eft quadrati tx Ufa defcrifti^ex fcholio frifof.4. lib. 2^ } minus Jit qua- 
dratotxdimidiafartemaiorisdefcriftc ; (quodquidetkafflicatumefiad dimidium maioris^defcitque 
Jigura quadrata.) ^MUuisyinquamyahJiluihocfofitferfr^ofitagMjMct famenidiffamhoc in 
Uco cum aHisinter^rctihmexequi alia ratienefacilim. 




1JC^32i 



SINTigiturdatdreftxinaqualis abycdyquarum uhjmM^Jity^mrttatqmada byapplicare fa^ 

taUelogrammum deficiens fgura quadrata y quod qmdem faraUelcgrammum aqualefit quarta farti 

quadraiiexreiia c dydeJq^iftLSeititre^is a hyp dybifariamin fy&fydejiribaturexcentro ey& inter-- 

ualU e ayvel e byjemicirculus a g by&ex eyferfendkularisad a byducatur eg.Etquiatota a b, ma$$r 

fcnituty quam Uta c dyeritqucque a eydimtdiaiffima bjhdc ejt e gjffi a iy aqualuy maiaryquam cfy 

dimidia ijfjius c d.ToJita igitur e hyoquaU ifji cfy agatur fer hyifjia b^araUcU h iydemittaturque 

i k lyfida byfctfendicularisy&Jit k lyiffi k byoqualuiAc tandem ferficiatur reElangulum a ly& 

quadratum b lyDico farallelogrammum a lyafflicatum ad reifam a by deficiens fgura quadrata bl, 

, jtquale effe auarta farti quadrati reHa c d^^umiam enim k iy media frofmicnalss efi inter a kf 

• i7.fc«i Jc byVt infcheUo frofofisJib.fJradidimusy^erit reffangulum JiA a k,k byhoc efiy reHangulum a l, 

? H P^inA ^q^icquadrato ^x k iyhoc eftyquadratoex e h*^ {eft enim k iyiffie hyaqualisyob farallekgrammum 

e iy)hoc eft^quadratoex c fEft autemquadratumex c fquarta fars quadrati ex c dy quadquadratum 

ex c dyferjc^^um frofof^ Jib. 2. quadruflum fitquadrati ex cf Igitur faraUelogrammum a Iy ad 

reSlam a byaffUcatumdefcienJquequadrato b lyoquaU eft quarta farti quadrati ex c dydefcrifti^ 

J^uad eft frof iff turn. 
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ELEMENTVM DECIMVM. 31 

SCkOLIfTM IL 
^ £ X hoc lemmdte dfoluemns & hoc frobkmdy^dfcqmtur , inhmc tnodunK 

Dacam rcAam lineam i ta fccare,v t rcdangulum fub partibiis concentum^arquale fit dato reftiImeo,quo(l 
Camen maiusnpn fit>qu^ quadratum i dimidia l&iea defcdpuini. 

•^ 1* 

SI T emmreSddUd a bi&reEHlmeumqi$odcimip*e^miiaqt$aU pondfur quddrdiumix'c f^nmr^ ex 

Amidia a e^uyt lotus c f^mnm^dus fit Utcre a, cEduRdtrgo ddd b^frpmdicuUri c^t e h^qttalis ipfi c /.Deinde'dBd 
h i,parJlcU ipfi 4 b^demttaiur i l^pcrpenditUL^fS ad a b. Quibus ptrdBfS ofiendemuSy yt prmyreSdngfdumJhb pdjrtihss 
dl(^hy aquale ejje quadrate ex i Q}oc eft^qt$adrate ex cfyatfteadei & teBtUneodatOyCtdaquale eft pofitum quadratum ex 
^ f'Qucd eft propofitum^DiximusautemyreShlmcum datum nan debere ejfe maius^quim quadratum ex dimidia Uneadefcrip^' 
turn; quiafimatusrjjct^cget quoquerelfa cfimaior^qu^ re&a e g.Quare ex eg^ahfiindi non poffet reSa ipfi cf, iupJiisz 
quod tamen ad problema efficiendum requiritur^yt ex demon firatione man^efium eft. 

LEMMA III. 

S I fint duxrcdix inxq\izlcsy&czd maiorem applicetur quarta pars quadraci ex minore 
defcripcijdcficicns figura quadraca j Non erunt fegmenca, qux ex applicationc fiunt acqua- 
lia. 

SI NT dud relfjt in4tquales a by&ci& ad maiorem a b ^ appUcetttr parallelogrammMm deadens 
tluadrdtOysitqueilluddqualequartdfartiqundrati ex minore Cydefcriftiy ita vt d by Utw Jit quadratic 
qucfarallelogrammum afflicatum deficit.Vico fegmenta a d^d b^ndqudliaejfe. 

, I \<^^>€ 

C - j^^ ^^ If 

SI enim a dyd byfegmentAdicdntureJfedqudid % cum ex i.iemmdte fdrdllelogrdmmum dfflicdtum 
dd d bydefcienfquefgurd quddratd ex d bydejcriftdydqualejttreifangulo fub dd,d b^Jit dutem quod 
fub dqudlibus ddyd b,quadrdtum ; eritdiSfum fdTdlUlogrdmmum y quddrdtum tx d dy dimidio iffim 
d bydejcriptumdtqueddeoexfcholio frofof4.Ub.2.quddrdtumex d byquddruplum erit tfjim fdrdlie-^ 
logrdmmi:Eftdutem& quadratum ex Cyperhypothefinyquddruflum eiufdem pdfdUelogrdmmi dppUcd-- 
tiyuempe quartd partiyquadrati ex clgiturquadrata reStdrumex d by&€ydqtMlidfuntydtque reit£ 
d by&Cydqudles.^odeftdb/ttrdum.ponuntureniminaqudlesy&d bymaiarJndqudUdigiturfunt feg- 
menta a dyd by^odefi propojitum. 

Hoc facile etiamapparet ex conlhuStione probtematis in dntecedeMe lemmdte. Cum enim dbfciffk 

ft perconftruclionem e hydqualis Mmididtd pdrti ipfius c dynempe ipf c fydu£fdque h iypdrdlkld ipfi 

dby& tandem demiffaperpendkuUris i K > 'vt partes faStd ex applicatione fint dl^\b\ mdnifefium 

tfidKA byfegmentaefieindqudUdyCum d byincyfeShfit bifdridtn. Immohitk;confidtypriusfigmen- 

turn mMuseffey&pofierim quodldtusefi quddrdtiyquo pdrdUelogrdmmum dppUcdtumdeficityminm. 

Thcor.15. Propof^iS. 

S I fuerintdusredz lines insqualcs^quarcx auccm parriquadrati,quod fit a 
tninorijSqualcparallelogrammumad maiorem applicecur,deficicns figura qua- 
drata,& in partes longitudinc commenfurabiles ipum diuidat : maior tantoplus 
poterit quam min or,quancum eft quadratum reds lines (ibilongitudine com- 
meorurabilis-Quodfi maior tanto plus pofGtquam minor^quantum eftquadra- 
mm reds lines fibi longitudinc commcnfuraDilis > quarts autem parti quadratic 
quod fit a minori^squaleparallelogrammumadmaiorcfm applicetur,aeficicns 
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ji EVCLIDIS 

figura quadrata : in partes lobgitudmc commenfurabiles ipfam diui- 
dcti 

€Q ' ' ' til I I r^^ J 

t- 1^^ 32. ' ',i 1 

fataUelogrammumcon" 
ttntwnfub 4 d^d b,%. 

SI NT dtktreBdinaqualef 4 1,&* c,qttarttm a h^maior^pfUcetttrquedimaiorem a hy 
parMogfdmmHm4qttalequ4ru parti quadrati ex minore tfdejmptidefide^^ 
tayiMique agatur^^tdocet lemma Jectinattm CUuij propofanteceaenm,sitque mdqmdfuh , 
4 dyd l^iContmeturJtmjuefeffnentd a.dyd hykn^tudine commenfurM^ilia. Dico refiam a h, 
plus po/Jeiquam Cyquadroio reSfaJihi longimdine commenfurabilts. 

Namcumexlemmate ^.Clauij antecedentis propofa dfo mdior,qtMm dh,&a Ifjutifi 
fit hifarumin punBo ejpsique e dyfumptafit aqualis efirrunt tota e a^fye y^aqualesat^ 
que ejr ahUta e fy& f d,ac propterea c^ reliqM a /,6r d b^quales. Et quoniam reSia a h, 
diuifa ef bifariam in punBo eyO* non^ifariam in dyrefiangulum fuh adydhy \na cum quof 
drato ex f dyOquale eri't quadrate ex e h^defcripto^t'vult ypropof.lih.t. Ac proinde ij mmu- 
timreflanguli fub a dydb^O'quadrAti ex e dydquale erit quadruple quadrati exabydt' 
feriptt.Efiautem quadruple reSfanguUfftb4dydb/:ontentiaqualequadratitmex Cy (refiangu^ 
lumenimfith a d,d by^equale ponitur quarts parti quadrati ex c) O* quadruple quadrati ex 
e dyaquale efiquadratum ex fd^vt cenflat exfcholie Clauij prepof^Jib.i. cumfdyduplafit 
4pjtus e dfC^ quadruple quadrati ex e b,aquale eft quadratum ex a b'yVt cenjlat ex eedem 
JcheUeCUuif prepof,j^.lw.t.Quare quadrata ex reSits CyO" f d^qualiaerunt quadrate ex ab^ 
Atqiteadeo ^ rella a bypUts peteflyquam <, quadrat4) re^d'fibi len^tudine cemmenJurabiUs 
nempefd. 

Quod auteifi fit fdyre^tt a b,longitudinecemmenfurabilisJtcdemonJhatur,cimreBdad, 
d byex conjlruBionelengitudine fint inter fe cemmenfurahiles erit teta a b,parti d bylennm- 
Mne commenfurabilts y^ft coUigitur ex i6.propof,huius lib. EJiautem & ipfi d hyCempefita ex 
d bya fylonmudine commenjitrahHtSyCumcempoJita ex d bya fydupla Jit ipjiusdb, 

fgiturcumvtraque a b,(^ cempojtta ex- dbyafy lon^tudine fit cemmeajurabilis ipfi d b, 

eruntquoque&a by&compefitaex d b^a f »lon^tudine inter fe cemmenfurabUes, Acpro-- 

ptereacuma bjitcempojitaex afyd bytanquam\nay&ex f dysemmenfitrahilisfit lengitudi- 

necempofita ex af,d b, erit eadem a bycx coreHario Clatuj propof.iS. lib. huUts longitudine 

•^emmenfurahilisreliqua fdyQuare a b^lus peteji^quam Cyquadrato re^afdyfibi commen- 

fitrahtUilonntudine. 

I4m\tere a byplut pofiityquam cquadratoreSfafibi len^tudine cemmenfitrSilis , quarts 
autem parti quadrMi ex c, defcripti applicatumfit aquale paraMogrammumdefidenfque fi- 
ffiraquadratdyfaciens fe^nenta a dj hjongitudine commenfitrahilia. Dice re^as a a yd by ' 
fffe commenfitrabiles lon^tudine.Iifdem enim cenjhudis VtfitprayfacHe erit demenfirare reRam 
a byplus poffejquam Cyquadratoreda f dyQuoniamciim a byponMur plus pojfeyquam Cyqua* 
Jratere^afdfibilengitudinecommenfurJfiliSyerunt reSIa abyfdjengitminecemmenfurd-- 
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ELEMENTVM DECIMVM. 3; 

iiks^Totd i^twr d h,compojtta exfdiCf w af,d h^tanquamYna commenfirah'tlisexifkns 
iffifdyerit 4 h^tUmion^udme commenfurahilisreliqiM compo/tMex afj B,excorolldfio 
CUuuj fropofiS. ltkhum,EfidUtemcomPofita ex a f,d hjpfi d hjion^mdine commenfura- 
hilisjdun jit cuts dufU.Quareciim tdm a byqukm d hylon^titdine commenfurahilu fitcompo - 
fiM ex d fid hyerurnqHoqnc &a h^ hjinter felongittdine commenfurahiUs^atatte adeo cum 
tota a hfComponatwr ex a dyd h^^me commenfurMfiles fmt longitudme ipji d b,erunt a d, 
dhjnterfe etiamiongimdmecommenfurdLiles^'vtVMlt le.propofbh.huiftf, 
Sifuermt igUurdiue reSla,(^c,Quoder4t oftendtndnm, 

TheoM5. PropoCip. 

S 1 fuerintdusre^s linear insquaics, quartz aucempard quadratic quod fie a 
ininorc>2qualc parallelogrammumadmaiorcm applicccur deficiens figura qua- 
drata, & in partes incommcnfurabilcs longitudine ipfam diuidatimaior tanto 
plus poterit,quam minor > quantum eft quadracum redbe lines fibi longitudine 
incommenfurabilis.Quodfi maior tanto plus poilit, quam minor, quantum eft 
quadratumredix lines Hbi longitudine incommcnfurabilisjquartse autem parti 

3uadrati,quod fit aminore,squaie parallelogrammum ad maiorem applicetur 
eficiens nguraquadrata,in partes longitudine incommenfurabiles iplam diui- 
det. 

4 h, 6, 

A ' i ■ ' ' ' ' ' » ^ db,i-^y J. 

C mmtmrnmrnm ^ , . i ' " e d^^ty 3* 



ad, iky 6. 

S'mt dua reBa irut^ualcsa hy (!*rc» qudrum a ^» maior fit, (^ ad maiorem 4 t, applicetur 



logrammum amutle qnartd parti quadrati ex minore c,dejcripti deficienj^ue fifftra qua- 
dratayfitjuequod fub ad,d h ,continettiT ,faciens fegmentalon^tudine incommenjkrahilia 
ddydhf Dico a h,pluspojfeyquam c, qttantumefi quadrattm reSldfihi longitudine incom- 
men/urabilis. > 

QuoniamenimexfJemmateClauijdntecedentitpropofitioniia d,maiorefiy quamd^,Di- 
uiddturaB, bifariam in punSlo e, ipfijue edy/imatwr alia aqualis ef» Igitur cum totd 
ea,e hyfintnequalesnimirum dimidid ipfiusa ht& Jfldtdquoque dquaUseruntneceffdrioy 
&reliqud dqualesyVtyult propofi9, UB.yQuoniam Vero redd d hydiuiditHr inpunfio e, 
Bifdriamy& non hifariaminpunfiod»eritre^angu1umfuhd d, dhy Vn4 cum quadrato ex 
edydqualequadratoex ehydimidiaipfius aiyVtconflatex^, propof.lih, t.^icproptereaqua- 
drdtumredanguUfuhady dhy ^quadratoex ed,dqualeeritquddruploquddrdtiex dh,Efi 
dutem quadruple reSianfftli fuh a dyd h,dquale quadratumexc. Poniturehimreiiangidum 
contentumfub a d,dhi aquale quartd parti quadrati ex minore Cydefiripti, & quadruple 
quadrati exed, dqude eft quadrat um exfdy per m, qua tradidit Clauius in fcholio propofi 
j^.lih,x»cumreBdfd,ipfiHS edjitdupldy Etquadruploquddroficx e b, dqualeefi quadra" 
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tumtx a htcumetkm a h^ tiupU Jit iffins t hj^t^r ftairdta tx c,(^ fiydqudlUfmt 
^uddrato^xrefidd bydefaifto. Quote reSld d h,plus potefi^qudmCyquddrdtoreaa fd, 

Quoddutemfdi kngitudintincommenfurdhUis txifdt ifjidh,pcdcmonftrah'tmtts, Quo-> 
mdmreSia dd,dh, kn^tudim ^nmmrincommenfurMlesyeritMoquetoidd Ifypdrti d b^ 
lon^titdineincommenfiirdbilis, Vtconlidtexiy^propofhkhuitiS, db,Verocommenfurdbilis efi 
longititdme compoJtM exdb,dfy Cum hdc ilUus dupldjtt. Quare cum dudrum magnitudinum 
tommenfurdbilium db,^qu£componiturexd b, dfyipjddh,jit ihcotfimenfuraklis longttu- 
dfWt erit reUqud compofitd ex df, dhye'tderndb, lon^tudine incommenfurdbilts,Vtvulc 14. 
propoflib.huiuftj^tqueddeocum db,compondturex df^d b ytdnquam^nd » O'exfdyin- 
<ommenfrrdbi!is exifldt lon^tudinecompjttd ex d /, d b, erit eddem d by reliqudfdy longitU" 
din^incommenfttrdkliiy^t fdtetexcoroU. Clduijpropof 17. lib. huius. Quocircd d b yplus.fo- 
tefi, qudm c, quddfdto refld fd, qua ei Ungttudine ejl incommenfurahilis, 

lam \ero d by plm. poptyqudm c, quddrdfo reSfdJibi Ungttudine incemmenfurdbiliSyqudr^ 
•fte Vtfr« pdrti quddrdti exminore Cyde/criptidqudlepdrdUelogrammum^licdtum/itdd a b, 
4efcienjque figurd quddrdtd, fint^ue in re(ld d bypdrtes 4 d^d by longitudineincommenftt"' 
rdbiles, lijdem conjhru^is Vtjuprd, fdcile erit demonfhdre Vf prius, reSidm d b , plus pojje 
qUddtdtoreBd f d. 

igiturcum dbyexhypothefpondturplHSpoffeyqudmc^uddrdtorefldJibiincommen/urd^ 
hilti Ipngitudine ycr'tt C^db, ipfifd, lon^tudine incommenfrrdbilis, Qudrecum totd a b, 
compondtur exfdy &*ex dfy d by tdnqudm Wd exifidtqueincommenfurahilUlonntudihe 
ipfifd, erit ex coroU. Clduijpropof.iy, lib, huius d b, reliqudcompofitdex dfy db, etidm 
longitudine incommenjurdbilu. 

Efi dutem edy qud componitur ex dfy dbyippdby lonntudine commenfurabilis > cum fit 
iJUus dupld. Igiturcum dudrum mdgnitudinum commenfurMfilium ntmirumyqud ex'd fy d b, 
componitur S* d by ipfit compofitd ex dfdby longitudine incom^etiptxdbUiS fit. Jpfid b,erit 
Cr teliqud d b, eidem d b, incommenfitn^ilis lonntudine yVt docet iji^.propoflik, huius. Ac 
propteredcum totd d by compondtur exddyd by qudincommenfurahilisefl ipfi d byCrunt re- 
Sldddydby inter fe incominenfitrdbiles lonntudine per 17. propofUb. huius, 

Qudre fi fuerint du^ re^indqudUsy e27*c Quod erdt demonjirdndum, 

scHOLiyia i. cL,yiyii. 

Egit boBttmiMcHdest de nugiitudmhiucmmeiifiirdbitilmt, & iuctmmm/irdiilihu*, mmc 4d ^dtwulety &MediM 
tranfit in fe^$mtiba*. 

L E M M A L 

^V ON I AM demonjhdtum tfi , line as longitudine commtnfurabiks , omnino & potent ia com^ 
menJkrabiUs ejfeifotentidverocommenfmr^hiUs^nonmnniM 

^ommenfurahiUs ejfey&incemmenfurahiless manifefiumefi yfi exfofit^Rationdi aliqua line a com-- 
menjkrabilisfnerit longitudine, iUam RationaUm vocari, & ifficommenfurabilem non jolitm longitu^ 
dine y fed etidm fotentia: longitudine enim commenfitrabiUs y omnino & potentia commen/krabiles 
Junt^ Si n/eroexpofita Ratio noli aliqud linea fuerit potfntia commenfurabilis yjt quidem & longitu^ 
-dine, dicetur(^jSc Rationaluy &commenJurabilis ipfi longitudine y & potentia. ^uodfi expofitx Ratio- 
sudi rurfiss aliqua line a commenfitrabilis exifiens potentia^ longitudine fuerit insommenfurabUis \ dice* 
tur&ficRationalisypotentiatantumipficommenfurabiUs. 
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LEMMA IL 

EX PROCLO. Rationales vocat eas line as , ^ua exfofiu Kationali vel Ungitudine (jr fotentia 
€9mmenfurahiles funt^ vel potentiafilum. Sunt autem & alia linea, qua longitudine quidem expofit€ 
Rationaliincommenfurabiles funtyfotentia autem folum commenfurabiles ; atque obidrurfiisdicuntur 
Rationales^ ^ commenfurabiles inter Jiy quatentis Rationales \ commenfurabiles j in quam, inter Je vel 
longitudine & fotentia, vel fotentia folum : Et fi quidem longitudine, dicuntur & ip fa Rationales 
longitudine inter Je commenfurabiles, vtintelligatur, etiam fotentia commenfurabiles ejfe ; Si veropo^ 
tenfia inter fe folum funt commenfurabiles : dicuntur ipfa quoque Rationales potentia folum inter fe 
commenfurabiles. 

S CHO tlVTd II. 

/^ 
IT^QV£ exhiscoUigereluebit tria geturaUne^um'Rjtionalium longitudine inter fe commenfuY^dnlium. ^ut emm 
duarum lincarum B^ionalium lon^tudinc inter fe commenfurahiUumy altera arjuMts eft expoftt/e B^tionali ; acfroinde yrraqut 
'Rjtionali commenJUrabilis qm^uelongtudinei ^ut neutraB^tionali expo/tta aqualps c/ly longitudine tan^en ei rtra^ eft 
commenfuTidnlifildutdemqHeytraqMc txpofita Bjtionali commenfurabiles eft folum potentia. Hac autem trta genera tnue- 
niemHshoc modo, 

d^j \ I M| , f ill ■ l. | . ^* 4 
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Sit txpojka B^atiomdis 4y dimjk in ^putmr panes, qMot uimitmm ymtattsfitnt in numero b, Sumfte deindi ^Uief aSa 
uumaro c. Sit d, reQayndpttmum reSit ai&tpwties d, nutitttr knedm a, toties metiatur^HtOiddm Sdm e. Item mutiet 
■Vttitas eft in c, toties eadem d, metiatttr quamfiJim dlutm hneamf. Quomam iptttr a, & e, cmnponmtnrex ftmibturmd-' 
titudine ^fMlibuf. ft^qitidemnu^tuame^fudesfunt ipfi dy i^<e stipules erimt. f^fiu tpaaditnetitiir omnes tres a, 
f, ^fyertfnt omnes tres a, e, &•/, ImgitMdinecommenfitrJftles. QMre e, &.f, V^ationS d, etmmenfkrtdiiles lonfftndi' 
ne,B^tottJes fmu : Sim Mftem<ir often/klon^tudine inter fe commenfurMles,chn habe^mtd, commmemmenfmdm.In^ 
itentittrgofmt dux ^ationjes e, f, lon^ptdtne commenfurMes <?" inter fe,& expofitaV^^mdli a, & qitammyndnem' 
pee, dtpkdss eft^juiomdiexpofitM n. 

Igm yeri d, metiaturdtus tineatmtsfddm c, e, per daosnumensf, g, ^rmnneuter idem Jit ami, itd yt ytrdone ti- 
nea c, & e, in^qualffftt ipfi M,er$$nt ifftm- yt prita, "tres reSt^ d, c, e, menfnrmJfdbentescmmmtem d, U^tttdineconk- 
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menfurabiles. Quare f, CyB^nalia, longitudine comtnenjioaliles, ^juionalesjunt. Cum ergi & inter fefimkHptudfueconi^ 
tnenfuratiles, inuenta erunt dua ^juionales c, e, longimdine commenfurabiles^ & inter fi, & expofita BsOtimali a^ quorum . 
neutra aqualis eft ^jttionali expofita a. 

ToftremiexpofttaJ^onali a,* inuematur re8a bylcngitudiffetanttmincommen/krabilif^ (p^fecetttrin f$$t€WUf$e for^ Jjii. decimi; 



^ wms: 



1 — ■ — ' 



T 



Digitized by VjOOQ IC 



56 



EV C L ID I S 



•la.. 



Qmdji^ cfM muemt fmtm^linm KmonaUslmfft^dinc inter fe commen/irdikf^ e(^ hoc mcda. 



it *- 



(. 



■^ 



J - 






^ 



Sumftd menfurd quauis 4^ ccmpofunfur ^tlihet lined iy r, J, e^ f^i fdttihus iffi 4, JtquaBh^y cuotjimt imitates in 
totidan numtm in^^jualibus e^f,^ Horn tine^c i^ c^ J, hdtentes €ommimem meiifuram a^ kn^tuainc c^mmcnfamtHes 
erune. 

Cdtemm & amnes bneas "Rationales ^ nan /i&m expojiu Bjmona&yfci enum inter fe effe commen/itrdUles^ facili hoc 
a ^. defin. ^^^ demonftfahinius.^ Quonidm B^aHon4es linexfint, qn£ exfofiu ^jitianMifimt cominenfurMles yet lan^trntne & 
^ IX. ftxd. fotentidyyel fotentid tdnmm; ^quaautem eidem conrnenfitrMes, & inter fecammenJkraUksfint^maf^^ 
Hdles tineas quafcunqne inter fe cfmmen/urahlej ejfe. 

LEMMA III. 

S 1 fine dux redx linea>,crkvtpiimaad(ecu]nidam>icaqua<Iratum>quod fit aprima,adre- 
dangulum,quodfub duabm illis re^s lineis concinecur : £c vt fecunda ad primam, ica re- 
ftangulum Tub ip{is,adquadratuin ex prima. 
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SIHT iu£ re^£ a,& bjDico effe vt a^d b^ta quadraium ex a,ad reifangiUi^mJib ay& b, c&m- 
/frehenfum. Exqiumamnqfu enimlineareStA cdiAbfcindatur c e^ifjia^dt^ 
fufer c e^defcribatur quadrAtum c g^perficiaturque re^anguhmgf^contentumfub c eJS'efJhoc efi, 
? « • ftxd. fub ay& b, ' £^oniam igitur eftvtc e^ e fjhoc efiyVt a^ad byitafarallekgrammmn c g^hoc efi^qiM- 
dratmm ex AyadfardUtogrammum gfyfub a,& byComfrehen/um\perfpkuHm efijifint duM reSfa U^ 
ned,ej/e frimam adfecundamjvt qHodratum ex frtmddffcriftumMTe&anguhmfib iffis c§mff€^ 
henfum. 
Eodem modo crityVt b^^d ajt4 reStmgnlum f^jodqiMdratHm g (. ^mpd efifrmfitum. 

LEMMA 
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LEMMA IIIL 
Sp A T I VM Racionali fpatio commcnfurabile,&:ipfum Rationale eft. 
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. SIT ffAtium a,mnmenfirabiU Rationalifpath b,Dico (jr a, Rationale yjje. Sit namejue c,q»a- 
dratum Rationale ttatione cuius reUqua RationaHa dicuntitrjyellrrationalia^Hodnimirum ah exfofita 
Rationale defiribitur. ^Mniam igitur b^ Rationale ejl^trit ipfum Rationali CyCommenfurabiU :E/}* 9. defia. 
a»tem & a,iffi b^ommenfurabile. Igitur a,& c,cum commenfurabilia fint iffi b, inter fe quocfue * n. d«ixni; 
commenjkrabitia erunt -, acfrpinde Jfatium a,Rationali quadrato c^ex Ratitnali tinea exfofi^adefsrifta , 
comnHttJurabile,' Ration/lc efi. ^uod erat demonjhandum. „<• efin. . 



Thcor- 17. Propof 20. 



QvoD fub Racionalibus longitudinc commenfurabiUbus rc<fiis Iincis,fc- 
cundumaliquemprsdidorum modorum^ concinctur rc<^angulum,Radonale 

EXP O "NATyR Kdtiondlis lined ajefiribaturque reSlangttlum b dyfub duabits 
Rdtionalihus lon^tudine commenfurdhiUhtts cohtentum tnemfe hcyC d,fecundum nUouem 
WitdUlprum moaorum,quos CUuim infcholio x. antecedentu propof, tradidit. 
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D/CO refidngulum h d^effc RAtionMe. Defcribaturex altera eatum nimirum ex h c, 
quadratum b e, Quomam igitur b c^jl Rationalis,RjtnonaUque 4, exfofiu commenfwahilu 
hHgitudine,erit auoque quauiratum b e^ex b Cydefiriptum quadrato ex a,commenfurabile,vt 
Vult^Jefinitio lib. huitts, Atquadratwn ex a^KationdhKationale efiyratione cuius alia Ra- 
ttonalia,')fellrrationalia dicuntur.Quare quadratum b ejUicornmenfurabileyRationaleeflyVt 
Vult ^Jefin. likhttites. QupniamVero b cjhoc eft e Cy^r cd, longitudine funt commenfura- 
hiles(funt enim ex hypothefib CycdyR.atiorMles,Cr inter fe longitudine commenfurabiles) 
efi^ue;»t e c,ad c dyita e b^ad b d.per i.propof.lib, 6. Quare reitangulum bd,(^ quadra- 
turn be,c9mmenfrrabiliafuntyVt vult 10. definJik.huius. Confiat mtur ex j^lemmate Cla- 
»ij antecedentis propof,b dy^ionali b e^mmenfurahiUyRanon^e ejfe, 

Quare fib RdtionaUbus longitudiney&c. Quod erat demonftrandum. 



Theor i8- Propof 21^; 



Si Rationale ad Rationalcm applicetur,lacitudincm cfficit RarionaIcm,& ci 
ad quam appiicacum cft,longicudiiie commenfurabilem. - 






EXPONJTrR Rdtionalis dy&alia etiam Rationalitb cjecundiim aUquem 
ff^dtaorummpdorum.quos CUuius tradidit infchoUo i^.Propofitionts antecedentts yir ad 
Rsmonalem b c^appUcetur Rationale e d yfaciens latitudinem c d^Dico c dyeffeRationdemy 
& ipjt b Cycommenfitabiiem longitudine. 



^. - 



+ 




fotbefifttRa^ndH Quontam Verlh e^ dyRationaliafim erumconrnenfurahUa quadra^ 
''^^R^f^f^aAfiripto,vtpatetex9JcJmM.hmH,^froM 
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hilia, Efl 4Utem eddem tfatio inter h ty&i d^ua inter e cjhoc eji,b f,cSr c dyftr i.frofof. 
lih. 6. Quare h c^c d^funt lon^tudine commenfurJfiUsyVtdocuitCUuius infchdlio propofio. 
Ub.hmus. Igitur c d^pfih cfingititdine commenfkrabilit eft :Sed O* R4tionaliSyCum R^tio- 
tmU y CyUtque ddeo Rdtiondi propofitte a,longituJ^ne commenfmahiUs fitt^ft CUuius traiMit 
infcholw 12.. propof lib. huiM.Latitudo igitur c d,Rjittionalis eftjifsiqiie b c,commenfkrabUif 
longitudine. 

Igitur Rtttionale ddKmonaUm appUcatum^^c. Quod erat oftendendum, 

LEMMA LEX C L A V I O. 

Recta linea potens fpatium In:atioiuIc,Irracionalis eft. « 



^' ^ikWilZ 



pdsSIT TtSta 4 ^ffatium Irrationdeyhcc €fi,quadratum €x a, dtiuale fit ffatU cmpiam Irratig^ 
noli. Dice aylrrationalem effe. Si enim dkittur Rmonaluy erit eius quadratum Rafionak qtkfque,vt 
in demonfiratione propof.20. huius lib. ojhn/um tft. ^od eft ahfurdum.^ Ponitur enim Irration4le. 
Non ergo AyRAtionalis eft. Igitur IrrationAlis. 

Hoc idem conftat ex deftnitione 11. huius lib. vbi lined fotentes ffatu IrratiofMlia, vocantnrlr^ 
rationales. 

/ L E M M A I L 

' D V A s redas Rationales pocentia folum comtnenfurabilcs iiiuenire. 

J>VO genera fnnt linear nm Rationalium fotentia tantum inter ft commenfttrahHium : Ant» 
enim altera eatnm eft aqualis exfofita Rationali^ant neutra. Priarit generss lineas ita inneniemus. 
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SIT exfofitaRationdlisA^tti dqualis fumatur h,Deinde ipji b,* wMeniatHr cjUn^tuditu tmtum • „; jedmL' 
incommtnfurabilis yfeu (quod idem eji) fotentia tantum commenJkralnUs. ^tumiam ig^iar h, e,^fi 
A/»mm€nfmahilesf»nty ( b,qitidem,quod eifit aqualis \ at CyCx conjhm^ne,q»9d inuentajit fciten- 
tia tantum commen/knabilis iffi b,atqueadeh ipJi a^) Rationales erunt bj^ c : Si/Ht autem & fotentia 
folum commenfunA'Ues.InuentaergoJUntdna Rationales byCfotentia tantum cammenfaramles^ua^ 
rum altera nemfe bycxfofita Ra^naU a,aq»aUs ejl. 

Pofterioris autem generis tineas hoc arte referiemus. Sit rnrjiis exfofita Ratumalis a, cut lon^ 

f nai-j ^ 

5 — — 
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tudine tantum incommenfurabitis * inuematur b, & huic rurfum ht^itudinetantitm wcotmnet^ » ii. aednrf. 
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rabilis Cynnaior aut minor quam dyHico byC.effe Rationales potentU tatum commenfurahiUs. ^odenim 
Jintfoium commenJkrahiUs fotentiay fatet ex conjtruitione. ^uod aunm fmt Rationales y ita often-- 
demos, ^uoniam ayCyiffi byfotentia funt commenfurabiles \ erunt & ayC, commenfurabtles potentia, 
vt in fcholio fropof. J2. huitts lib. demonftrauimHS. ^are cpm vtraque b y Cy expojitdt Ration'ali ay fit 
\ ^.dcfitt, potentia commenfurabilisy * erunt b,Cy Rationales. Inuenta ergofiint by & c. Rationales potentia tantum 
€ommenJurabiUs. ■ ■ - ' 

SCHOLIFTHEXCL^FIO. 

V 

SIF Ot> fi mumendafim iptotcmque tinea B^ationales fotentia tantum inter fe cotnmenjurabiles , exeqaemury idhac 
rattone. 

Snmantur per Cdy qua in fcholio propof zo. tik 9. docmmus tot nnmeri primiyquot tinea B^ationales qttaruntu^y nempe 4, 
tyCyJ. Deinde/umptatineal^jtionJi eyfiat yt Oyad byitaquadratum ex eyOaquadriUum exfy yt incoroU.propof. C.hn-^ 



J ^.dccimi. 
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mfl^.ofiatJmm.Itmyt b,dd {,it4 (ptdAfdtumexf, adqiMetMum ex ^ &demMtCvt c^ J, it4 tjuaJratmn ex g, ad 
^Hddratumcxh.Dtn reSMe,f,g,h,B^tt<males<fe,& pofmtiatantumcemma>ft4raiiles inter fe. QuodmmB^Momilesfim 
mmtfeftum eft. dm etiim earum quddratafroportionem hMieant, quhn rumen a^ h, c, d, (^nempemadr^tum ex r,ad tjuadra- 
tumoc f,i,trumetw a, adnumerum b, ex cenfiruaioneJimilitirqueoiu^atMm exf.adqHadratumex ^ vt b, adc,& 
^dratmn ex g, adqiMdratmn ex b^-vt Cyod d. ^tyeri tx dfto qtktdratittn ex e, adqua/ratum ex gift a, ad c, Simtli- 
ttroue fudratum ex e,4dMudr4tMn ex b,yt a, ad dy6r demqueqtiadratum ex fiad quadratum ex h, ytb,add,)^ erunt 
tpja merfe copmttt^urabilU acpropterea.&reSfa iffafotentiafiltemtommenfttrahiles. txiftenteergo e,f^nali,erunt 
<yreh^af,g,h,\atumales. Qu^d autem pttentiajint tanthmcommenJuralnles,itd ofiendemw. Quomamearum^tiadrata 
P;«portunabafmtnumerisfrimis d^,r,d,ntmeri autem frimi pr6pertionemnonhabent,quam tjuadrati mmeri,yt ad finem 
Itb. i.docmmttSinon habebuntetiamauadrau reQarum e/,g^,proportimem,quam numen quadrati." QuarereBx e/,g,b,lon . 
fftudmema,m,»enfurabiUsfunt.OflenrafHnt autem B^ti<maUs,& potentia commenfurabtles. B^ationalesimwfunt, & po- 
tenttatantumcotmnenfurabiles. Qucdefl propofitum. 



Quodfipropofitt^ quotcunqueB^onalihus potentia folum conmenfurabitibus,inuenienda fit adhuc alid^qua ojnnihus iUt4 
^t potentia tantunhfiet id hoc modo. Sim propofitaJuaB^oiiales potentia tantum comtnenfuraMcs a, i, 



commenfi4rabiUs fit potentia .^ ^ 

^arumcpMdrataproporticnemiabeantyquam numtrus r. 



numerum d: 
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* ^.decimi. 



f y.decini. 



Sumpto as4temalio numero eyqmadquemhbet ipfirum c,dyprimusfit j (inueniett^autemhuiufmodinumeivs facile Jifumon 
tur primusyquineutrumipforum Cydymetiatur)fiatyt dyad e^ta quadratum tinea t^ quadratum tinea fper coroU.propof6. 
huiustikDicofyByaiionalemeJfey&ipfis ayb^potentia folum commenfurabilem. Quod enimB^unalis fit^ex eo patetyquodcomr- 
menfurahitis fit B^onJti byfaltem potentioycum quadrata reBarum bfyfroporti<nwn habentioyquam numert dy f , ** commen- 
furabrtiafint.Cum ergo proportio dyod eynon fit quanumeriquadrati aanumerumquadratumyyt ad finem tiki.dftcndimtis i 
(quod dy&cyquianibononjuntquadratiycum eyprinuis nMo mode ModratHs fit fint inter Je primiyideoque plant nonfimiles, 
ac proinde ex iis^qua in fcholio propofi 6Mb. 8. ofiendimusyproporttonem Hon habeanty quam quadratus ad^$adratuni) * erunt 
reBa bfylon^tudine incommenfurahilesXr^ potentia tantum cominenfurabiles. Zadem ratione erunt a^&fpotcntta folum 
commenfurabiles.Kamex aquo eh t quadratum ex a^ad quadratum exfyyt CyHumerusadnumerum eXumergohinumeripro- 
portionem non habeant^quam quadratus ad quadratum ; (quodofiendemffs perindii yt idem dcmonftramnm de numero dy & 
ey)erunt afylonfftudine incommenfuroMesy&c. 

Thcor. 
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ELEMENTVM DECIMVM; 4I 

Thcor. 19. Propof 22., 

(iv D fub Ritionalibus potcntia foltlm commchfurabilibus rcdis iincis 
conciRccur Redangulumjrrationale eft:Ec redalinea ipfum poccns,Irradonalis 



eft. Vocetur autcm Media. 



1K-V6 



I 






l5eV7 




Lined potens fidtium h d^ fU 
Media dicitur. 



■f 



XjV 2,f 



'RC^ 3 



EXPONJT VBi ^ationalts a,<u^ue re^anpdtm h d^contentHm ex dualfus Rarid* 
ndtihtts fotentia folum commenfkrah'dihus. Dico reSianghlum If d,e/fe Irrationale, c*r reSlarri 
cmusquadrdtumd^Udle erit reflan^lo h dfeJfelrrationaUm , qua Media Vocdhitur. 

Defcnhtuurexalterddidrttmnimirum ex h dqitadrdtum h ej^tttrcuntlinea b c^fitRd- 
tiondliSterit Cf* qHddrdtum ex ea defiriptum,KdtiondleyVt Vtih Z.defnM.huiHS, 

QuonidmVfro per i,propofM.6*ejiy'vt e cjidefljf cM'C d^itd h e^ad b dySint dutem bc^ 
^c dJnconmUttfitrdbileslonfftudine exhypothefiyerit per ed,quadocuit Clddits infcholio 
prcpof.io,hHiUs lib.^uddmum b e,reStdngulo b d^ncommenfitrabite. Quare cumquddratum 
b e^quddrdto ex 4, Rdtioiidli defcripto fit commenfttrdbile , aim y^trdquefint Rdtionalid ,/> 
dutemquddnuum.ex b eyreSidngulo b d,incommenfurMnleyeriifioqHequddrdtumexRatio- 
ndli expofitd d^eidemreBdn^lo b d,in€ommenfttr^ikyVt confldt ex i^^propof. huimlib. Ac 
ftQpteredreBdnpdwn b d,incommenfitr4;d;ile exifiensquddrdto RdMnalis a,propofita , hra^ 
tionale efl:Vt confldt exio.definMb.huiustirreStdpotensReiidngHlumilIttdyfrrdtionalis. 

Hdcautem lined nimirum fydppellabiturMedid, qud ReRdngulum b d ypoterit.- Cum fit 
med^ proportiondlu inter reBoi bcyC dyR^tiondles potentia fi)lumc(»nmenjHrabths : Qua^ 
drdtttm enim iUius dftdU'ttfikeddngulo b dyfubreilu b c/ d, contento^ 

IgiturqHodfubRdtiondlibuSyO'cQtMderdtofiendendi^i 

SCH LiFM CL^yiL ' 

IT^ QJ^^ omHfsline/Tflfdfu frofmionJis ittt&duds f^^tumJes fotmtU tuntummer fe eiimmenftfr4l>iltt,MtdM ve- 
{Mim:* Cum enim dus ^tMdratttmatpMlc pt reBimgulofubtabbusBjtionalihu* cm^rehtnfof^uodqiuitemtn luc th:0re-n.t- a 
teefim/um^ieffgIrr4mmde,mtUtufMM,ner^pe media preponionalfsm ' 

4ppelUtiir£x ^ litudtn THediam futile d^mbemtu:fidicifmtu earn effe lineam kratiotulem,^ medit Uco profwrtitrndlu cfi 
inter duM lined* Venules poteati* tantuminterfe commenfmrabHes. Wdfuefttefi teQMtgi$lKmfMbdi$4itMst(juimabhtu 
ftitmiattv^p^f!S€miuei^ii(^W!dmiwKemmn,iUmfiU^ 

■Ftmtemtr&ihKjocf mohet^C^MUtf-^nonfolumre^dpttens reSdnffdm»IrrjtienMeful>d«4itifreSu B^docnMikut 
fQttntidtMti(m(amntenfmM^fliconteritHm,XniUionMif(^yocMfirqueMedi4:yermneH4^ 

h 



ij.kxit. 
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E V e L I D I S 



lum iBudJAeSum dicitufyqmd medic lo€6 fr&fmionde eft inter quadratd illarum reB^rmn 'B^dhonJium potentUfitim com'* 
menfwrMUum^ptemadmodim^ & reBd iffd medU ftefortiotudii ffi^ter diSas Bidtimudes. Udm fi tres lined fint cpminu^ 
frofortiondles^udlesfunt b c^&^reBdlrrdtiondli4yqud7iietkddiciti$r^& c djeruntqHoquereShIinedfimilid,fimiliter^de^ 
fcnftdfuferiffdS^cuiHfmddifunt edrumtjuddrdtdifroj^rtiomdidyyt infcholio frofof.xi. Ub.S.dimmJkduimufi. Si^equd^ 
drdtum cxMcdid defcriptumymedium proportiondU efi inter quddratd re&dmm b c^c d^Sque Medium dppeUdri poi^,. . 

Hocdutem mn itd intelligasyyt pHes nnne reSdn§tJutn7(ledimmccniineriJkb dudbm reBif'Bi;4Andiiiiu poientidtMkfn 
commenfurdhilibufyiftulc eft Medium b djboc enimfdljitm eft^cum &Jpdtium Medium contineri pcfitfiA dudhits IrrdtUH 
Hdlibuf^nempeMedtis lon^tudine,yel potentidtdntuminter fe commenjurdbilibufyyt ex propof. 15. &16. hmus lib. conftdbit. 
Itdque non redprocdntur reBdnguluh fubdudhus ^juiondlibus potentid tm ^i n n i n i erje e t nnw m fk' d Ul ibus $fi9aenmmy & 
J^dtium Medium.Omne fquidem reStdi^ulumJuh dudhus Bjttondlibus potentid tdntim 'Comme9f/krdbilibui comentnm > Me- 
,diumeftyyt oftendim$is:iit nonomne fidtiumMedium fub dudhtuB^ondbbm potenHd tdntum commenfurdbilikus conti- 
netur.Vmuersi tdmenonmejfdtium Medium dqudle eftdlteri cmfidm Medio fub dudhus B^ttiondUbus potentid tdntum conp- 
menJurdbibbuscontento.7idmdlidsreBdipfuinpotemjnonelfet4icendd Mcdidyfpndnon^poJJet re&dn^um fukdudhusrdtic^ 
ndUbuf potentid tdntiim commenfitrdbitihifcomprehenfumiyelncnejfet proportiondUs inter dudsBjtimdlcs potendd tdntum 
tommenpirdbilcf, 

Vnde Me£um defiribi fie poterityytdicdmuSyilludeffe reQdngulum fub dudtus Bjttimdlibus potentid tdntum commenfu^- 
rdbilibus cententumiVel certi reStdngulufnyfioddlteri cuipidmre&dngulo Jt§b dudbus J^^cndlibus potentid folum aommenfu- 
rdbilibuscomprehenfodqudle efl^tdyt ipfumpofiit reBd UnedyqudMeSainkoc theoremdte efiyocdtd, Omne enimMedium 
non tontentumfub dudhus htdufinodi Bjttiondlibus reuocdri pot^dddUudMeiiumyCuius Idterd fint du^Uned l^tiondles po^ 
tentid tdntum commen/uTdbilesyyt infchotiofequentis thcoremdtit oftmdemus. ^ 

Theor.2o. PropoC 23. 

QvoDa Media fit,adRationalem appticatum ladradinem efficifR^tiona- 
Icm^Sc cijadquamapplicatumcftjongituaineincdmmcnfura'bilcm. 

SIT lined Itiedid a^ h c,K<moMlis,j4^Ucetur^ue ad h c, ^atwnalem yteBanffdum 
dqtudeftddrdtoex Media aydeprij^to^itque % dyfaciens latitudinem c d. Dico cdyejJeKa' 
tionalemttque Rationali h c,adq(Mm a^lkatum eji hngitudine incommenfurMlem, 




<L ^ 



"c-is*^ tVcfV^ 
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•iiV^ 
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Qum enim a^Media /tt,poterit iJU reffanpilumeomemum 
tentia folum commenfural'ilih/tS/tUas non refledici^olpt MediaSit ij^tuir Medium Xudre- 
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^^dmMkuH € g, tomentwn fith itudfm e fifg^Riitmrkd^ f^^^nntiitintar^ n'mmenfu- 
ralmtbusJgiturcumex conJlruBione a,po/Sh reHangtArnhd^ermrif d^^^ g^intfrjfitMif»u 
liaydtt^usMeotTfc^lang^UilUhdbeyuntiatcrd reciproca circa aqudlesanguloSfnimirHm erit 
Vf Utus y Cyad efjta latus fgydd c dyt eonftst ex i^.fropof.luf,6.Ac fropterea Vtquadra- 
mm ex h Ctod^uadratum exefJtaqttadratumexfg^adqtMdratumex c dy^tdocet zi.^ro- 
fofUh.jS.Sum enim qttatttor Unea ilU continue proponionaleSynimirum h Cytfyfgycd. Qua- 
dratumveroex b CyCommenfiirahik eftquadratoepc e f,(cum4myaexhypotheJt fint RationU' 
Us dtque ddeo f^ commenfuraUles Vel lon^udineCfpotenttaJimulyWlpotentid t4ntum.)lgi- 
tur quddratum ex fgyqttadrato ex r AyCommenfitrayile erityVtdocet 10. propof.huitfs Uy. reSia 
amque f gy!& c dyCommenfurghiles etmt fdtem fotentia, 

Quarecum f gjatioruili b CyexpQ^MJit commenfurahilii,eritquo(jue cAujrauoaaU ej^oji^ 
u commenfurmk^t CUuius docaiiyfn fchotio i i.propofJib.huittSyOc propterea ^ c dyCx de - 
ftnitione Rationalis erit, Dico tamert egm ejje longitudine incommenfitrabilem ipji b c. 
Qttoniam enim e f,fg,fitnt Rationales potentis folumcommenfitrabilef sitque Vf e fi^fg> 
itdquadratumex ef,ad reSlangulttm e gyfub e fyf gycontentum ex lemmate i.CUuij propof 
i^Jjuitts lib.erit quadratttm-ex -e fj^i^imgHhtx e gyincommenfurahiky atque adeo dsr redan- 
gulo b dy huic aquale , Vf V»/r i o. propof. lib. huitts. Sed quadrato ekcdy commenfurabile 
exijliiquadratumex e fy{funt enim amba Rationales^tque Jkltem poteiftia cwmn^rabiles.). - 
Jnturcm quadrata ilia jintinterfefommenfuralnliayreBangulum yero h d^ fftadrofo extjy 
incommenfurabile fit^runt incommenjurabilia inter fiqttadrdtfon ex c A&T<if§n^ft^M4» 
Vtconftatex ii.propoptM.huiiu.Jtyeroexlemmate ^.Clatt^ propof.i9.hiiitt^ib»,f^drdtim 
-ex e dyfic fihabet adreSianpdtm b dy^t reiia cd,adre6iam h cjgimr reU^iH^ (i'd^b'c, 
fint longitudineincommenjSrabiles.Rationalistfiergo cd,& Ramotmlib clmgitum^m- 
commenfurahilU, 

Quare<iuoddMedi4>&c,Qttpder4tofiendendmn. 

SCHO IIV 7a CLUVlt 

t^ CILIVS ^iuMcx wofof.^^MkiufpUcdtimmaJ b c^eSM^tUmqikulrato ex 4i^tf$4kifi ipp b c^jCf difutMn ■ n. fcxti. 
'turtenUfrafQrtionalis fro htm c d^Cumcmm b c^&c dyfrofortiondles fint ; ^ erit reEimffdtfm b d^ubextrctms b f, \ 17,6x0. 
€ d^contetUimdaHdc^^ratemedMfT^^ 

H4carteytendummt&infequentibt$sqtt4nihaJaliqtfa^ dfpUcandMm erit re&m^um ^tftde qikidiMto rm/^ 

fiam tinea reBit/Pmi ex hoc tbeorematenktmfifimn e^,omne MeJiuhfJfoceft^atMm^qt^linedliiedU effecm- 

dm dlteri reBangdo amtentofub tbudms By4tkft^dibtts fotemia tmtmAcmmenfifiAilibuf.Vjim fi im Medio att ^jtiona - 
lemtineim^^flicet$traf$dU\eEiangulum^et id^ferhocthcoremOodtemmUmsB^Mienidt^Um^^ in^ 

conmenfurMe. Quart reSwffdumioc ^Ikktam T^eSo danalejdediim erit fid? dudms ^atimMibm fotentidfolum com- 
mmfitfolHtibuscontentunk^ifiehoc modotjuodcMnfteTaeainmredfKifoterit sdTiiedimncffntentumJkbdffabusB^omdi^ 
im fotentiutmtumcsmmenJkrabiUbm. \,r^ 

Thcor. 2u PropoC 24, 

M B D I JE commefirurabilis,Media eft. 

SIT reSia byMedid dy commenfirabUis file longitudine &,fptemUfimlJm€pmaU 
umtmjDicobyMediameffe, ■ "• 
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^dto fx 4,definf torque n^mgviim df. 
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W«2.4i 
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IGlTJTRcumreSiangulumdfiqtiod eft medium ad Rationalem fit applicatftm,ejf' 
qet Utitudinem rationaUm nempe ef,iptiqueRdttonaU longitudine incommenfurahikm gVt 
conftdt (X ii.fropof.huutsUh. KurfusadKamnalem c d^pplicetur reBAngulum d e ^Jquak 
quadtAto ex p, 

Quoniam Veroreila djf^ h^onuntm commenjitrdl^les, enmt <2r earum quadrdta , hoc eft, 
feSfoimtU iUis ajualia dfid ey€ommenfuralnlta.Jt^mexi.Jexti eft^^t df^dd d Cyita lined 
f c^c e,KeBdnguld dutemWaJum commenfitralfilidjgimr Cf fcRd iJUcommenfurahiles, 
Vty^ult \o.propofM,huiHs, 

' IdmVerore^dfcyRationdliteftoftenfitipsi^ueRationdU expofitd c djiongitudine incom- 
menfurahilu'JgtturO'c e^eidem c dyetidm longitudine incommenfutahdu erit ptr i^.propof. 
huiusldf. 

Cum dutem R^tiorudis fit, quid Rationdli expofitd cd^eft commenfitrahilis ( nam cumfc, 
c e,fint longitudine oftenfie commenfitrayilesCcfc,ipficdJaltempotentia commenfuraPtUsy 
cumfit^dtiqndliSyeru&c CtfidetH cdfetiamfaltem commenfurahilts potenria ,Vt Clauius 
docmtm fcholio propof.iz .huius lik)erunt igitur cd^c e, Kdtumales potentid filim inter fe 
commenfurahikiidtque adeo reBd h^otensJj>atium reflanguU d eyjubduahus Kationdlilms 
potentid fiflumcommenfiirayHihus contentum^imirum fidf c d^ce, Afedid eft,Vt con^at ex 
xi.propof.lilf,huius,. 

Media i^turcommenptrahitiSy&c.Qmderat oflendendum. 

C O R O L L A >. I V M C L A V I I. 

, * E X hoc nianif^um eft/patiuin Medio fpatio (rommeiirucabile,Medinin efle< Poftquam enim demon- 
<'-'lba(C(dii y^ d t,coinnienfarai»le efle Medio d ejoftenfum ex eo mox ftiic d ^ eife qttoque Medium nimi-. 
tatn/ukRationalibospocentiatsmtiun commenfarabilibos cd,e f,concentam.£ademque ratio eft in ce- 
teris. Quod tatnen hoC etiam modo poteft detnonftrari. 

Sitfpatiutn d f^fpatio Medio d e,coinmenrurabiie.Dico & d f,Medium efle. Poflit enim a,Mediaip- 
futn dt. Medium (nam ciitn d prMe d i um fa\ potcrit Ipftfm tCCTa^qoar Media dicitnr,vt in fcholio ^ropof. 
xi.huius iib.tradidimus) &b,iprum d.eiQnpniam igitur d«,d fjCommenrurabiliafunt, etuntquoque 
quadrau ex a,b,ipfi$ squalia commeniurabiUa>Qwure-«jb,reftz potentia faltem funt comtneofurabiles r 

'J- • Atqttcr 



Digitized by VjOOQ IC 



ELEMENTVM DECIMVM. 45 

Atquc idcirco exiften te a,Meclia,erit & b,illi commcnfurabilis,Media,vtinhoc theorematc oftcnfum eft: 
lgitur&df,Medium erit.Omne cnira fpatmtn,quodpotcfrMcdia,Mcdium appellatur,vt infcholiopro- 
pof.ii.huiuslib. docuimus. 



i • . LE 1AM A I. 

^ EMADMODVM Mtem in LemmatepHmo frofof.19.huiuslib.de RationaUhusdiBum efi^ 
ita&hicdeMediis dicemus. Nimirumre£lam lineam Medixjongitudine commen/MrabiUm ydici Me^ 
diamy&ifficommenfurabiUmnon folumUngitud^ Vniuerse enimqux Ungitudine 

€ommenfkrabiUs /Unty€tiam fotentiafunt commekfurabstes.Si vero reSta quxdam linea Medi£ foten- 
tiaftiititcommcnfHrabilUJiquidem&hngitkdi^^ 

dine &fotentia,^pdf Media rur/us aliqua linea commenfurahili^ 6cifieris fot^ttaMgi^f^dine fue-^ 
fit incommtnfrrabilisydicetur &fi€ Mediaiffi fotentia folum commenfurabHis. 

L E MM AIL 

D V A s Redas Mcdias longitudine commenfurabiles 5 1 tern duas po{entia tantl^m com- 
menfurabiles inucnirc. 



S IT Media diqua linea ayCuifi inuenidntur dua re£ta com-- 
menfurabiles byCytlla quidem longitudine yhacvero fotentia tan- 
turn ; " erit vtraque hyCy Media ayCommen/iirabiluyMedia. Cum er^ * 
go aybjint longitudirke commenfurabiles \ & a,Cyfotentid tantum; 
erunt inuentaa , byMedia longitudine commenfurabiles i&ayCy. 
Media fotentia folum commenfurabiles. ^upd eft frofojitum. 



a. 



i)c»yz4< 



* 14. dedmii 



PyCO^l-s: 



ffj^ 



^ 



SCHOLIVIA CljlVlh 



QVWMVIS onmsdineareEfaMediacommenfurMisymeJiaJhynontamen OMntsMcJidcuiHbetMcJiaeficmmm- 
firoMisy cum dualidediadan fofiint frorfnsincommenfurMeslmntudinerideUceiy&f^^ exfropofy 6. bmfaUM 

offorebit.Vln enm^docebimuSyquinafnyid inuenieuda fini dua MeOta lon^tuJinfy&potenfia incommenfurMlcs. 



Theor: 22. Propof 2j. 



Qv oD fub Mcdiis longitudine commcnfurabilibus rcAisIinds concitietur . 
rcdangulmn,Mcdium eft. 



BCV ^, 


Wff 



CONTINEATVK reS^guhtm a iyfuh duahus MediU longimdme inter fi 
commcnfurabiUyus.Dico re^angulum a d^effe Mediutn,defir^atur ex Media c d, quadra" 
turn b d^quod Medium erit.Hoc faiioychn fit fer i.propofMy.6iVt a c^ c hyita reBangu^ 
lum a dfodquadratHm b d^Sint autem ex hypothefi Media a c,^d Cycommenfitrabileslon- 
gttudinejgitur^j^atid a dyd b^onmenftirdbilia erunt.QtMrecHmj^dttum d djpatio d b^ 
Jit commenfitrabiletMediumerit a d,per ea^qm traditafitnt a Clam in coroU.propofante- 
cedemis. 

Quod ergo fub Mediis^&c.QUoderatdemonftr4ndmn, 

U 
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Thcor 13- Propof. 26 



QvoD fub Mcdiispotcntia tantilm commcnfurabiUbus tcOis lincis conti- 
nctur rc<aangulum,vcl Rarioiulc eft , vcl Medium. 



T^VS 



TJcw loorfidi^^ 




10 



i^V 2.0 



m 
k 

k 



U^ 



1 



a. Mo^s 



lh,^y^ 



m i5(^v-4^ 



5^ 



SIT refidHgulum a c,comenmmfuhduahtts Mediis dbyh c^qua tdntum potentia funt 
commenfurahiles.Dico re^anffdum a c^jfc \el J^ondle, vel Medium, Exah,y Cydefcri- 
Irantur^uddrata 4 d,c e,qua Media erunt ex fchoUo CUuij propof. tt. lib, hmus. Sunt enim 
exhypothefid hjf c,MedU.Deinde exponaturRdtionalisfg,adquam4pplicetur reilangu^ 
iumfhymadrato a d^quale ex Media ahtdefcnptOyt^ad h i^^ua Rationali fg,aqualisejf, 
dliudreaangubunjit^plicatumdquale reSlangulo a c/itque illud i k :deniquead I k^qua 
etiamaqualueflRationali propojiu f gydliudreEiahgulum appliceturiequalequadrato c e,/it^ 
jtte. I. Wyerit ideo totum fmyVnum reaangulum:Vt dx>cuit Clauius propof 45.///^. i. Quoniam 
Veroquddrata a dyC etMedidfuntoflenfdyerunt&reddngulafhJ. myiliisaqualia. Media, 
Sunt dutem Media Hid dd Rdtiondles fgy&l k dpplicdtdyfdciuntque Utitudines g h, k m, 
Igitur erunt reSlag hyk myB^dtiondlesipsiqueRdtiondlifgylongitudine incommen/urdbihy 
Vt Vultpropof.ii.lth. huius, QuoniamVeroexkypotkefi d hyh cjunt commenfurabiles poten- 
tiaterutttf^edrumquddrdtdCommenfurdhiiidydtqueddeo^'refldiiguUfhJmyilltfaqualid. 
Efldutem per i./extiyVt f hydd I m,fic reiUg h^ad reBdm k m.Qudre reSlag hyt^k m, 
commenfurahiles funt,lametidm Kationales funt oflenfrg hykm: Rdtiohdles i^titrfunt& 
lon^tudine commenfurahiles, SedRationdU esepojhxfgyfdmtfotentsacommenfurahiles^ac 
propterea re^atigulum fuhipfts g k,k rnjRdtionale;9i cohfidtex xo.propoflih. huius. 

Quoniam Vero efiyVt d hgdd h cjttaa hjdd b eyifimt enim d hj/ c, ipfis dbyhe aquales) 
0"\ft d bfdd b Cyitd a dydd a c^per i.propoflib.6.C^ vt a b,ad b e,ita a c,ad c e^tque adei 
a dya r,r eyproportioHdlideruntytlliJqueaquMidreBdnguUfh,h /, / my erunt quoque propor^ 
tionaUd. Eanaem amem proportionem inter fe hdbent reBa g h,h k,k m. quam reilangula 
fhyh I J myper t.propof.Ub.eJ^tur reBag h,h kyk m^oportionaleifrnt, /I fque ideo reSfan- 
gulumfubg ht&k m^quadratoex h k aqualeper iy,propof.lib.6. SedreBangulumcomcn * 
tumJitbillisduabufreBisg kk^.oflenfimefiRdtionale:Quarequadratumex h k>dejcriptum 
erit Rationale, Ac propterea O'reBa h k.>RtttioHdlitt RationdHque fg»expi>fita Vel longitu- 
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Sne & fotentUjimiii^Vel pountia tantum commenfurahilUex 6. defin. lih. hmas. Siquidem 
YtHd h k,refhthiyfjiut KaamaHfptji m^mi i i kngiiwdim imnnu nfurahilisexijiit ^rtBan- 
gulum fah iUts dudhMcantcntum^crit Rationale per to.lih.hmu* ^ ifqueadeo ^ refian^lum 
a CyilliaqualeSivero reSla h k>ipjt h i^potentiafolumfit commenjurahilis ^erit re^^ifigidkm 
fubiUuduahus comenfumatqueadeo &a cMicaquale^Medmm^tt.propofM.btim Eft 
ergo reflangulum a c^fuhduab^ Mediis poter^tia folum commenj itabtlihus contentum ^Vel 
Kationale,\elMeditim. Quarequodfuh Merits ^c.QHodera\oflendendurn. 

s cHOLir M ctuyiL 



-^^ " M ,\ \ 4 • ^.'' 



.** t 



V%AClLiyS ipMm (X^$.profof.lib.iMpflicalnmui4dh i^e&dngulumiff a c^^ttju^^^ fitribHsreQis h %,a bjb c^tfMt- * «*• f"^- 
u froporttondUsfumdiMrfirpUtere h k^JLim reBanffdumffAexiremis h /Jb h^^tptd^mtreflmgilo ftdfldtdm d bjbc. * \^Av&^ 

Hdc edJcmdrteytahttrinfe^uentib$isqudndodd ^iqudfn reEidm dpflicdmfummt rclfdngulum aqudle dhcri reSdnffdo. 

Qnonidmyeri in hoc theoretftdte demonftrdtur re&dnffdum^ contentum Jubdudbus PeSisTiiediis fetmtid tdnt&mcom- 

mmfurdbUibusejfeydByMondlc^yelMeSimhdocebitEmlides propof.xi.q^^ Media potent 

tid tdntwn commenjkrdbilesjqiue ^jtticndk cowprehenddnttVropofyero if. duos. Medias pftentidfolim commcnfrrdides hh- 

^ret^afidtiumMedium^contmedttt, ' ' '' t 

I^auehdhenwsexhis^ ^ rtBdngidum contentitmjkb dudhm B^ottdlibut longituditte commenfurdhiUhuejfeB^ondU; ^ ^ ^^* ^^^^P'f 
StAdikJ^yeriB^jttkndlibttspotattidtdntumcommenfurdln^ eJpflrrdtiondlc^dppeUdrtijHeTde'' ^^-^^'^^^ 

dtum^&YtSkdm^ iffim^ pMfi^l4$£0mJ(mfiti m d etm nfin t m to^M^ « .ffS/fngulim comprehenfmnJkbdtMbus Tdediis * M- <iccimi« 
Unnt$tdinecommen/irdbiliht/iefle7de£mn/ BjSdngulumdSftemfubdfMbfisMeiiis potentidjolumcommenfiirdbilibfacony-' [ ^-i^P^^ 
prAenfum^effe yel B^dtunude^yelMediunK Quodfiqm rogetif$dUndm rc&dngf4»m fit illudyqttod fab dudbus Tdediis tonr- 
fftt§Mney& pctentUincinmn<nfardhiUbuscont$neturi B^ondemufiUudnecBsj^^lMle eJfe/^ec7dedim^fedtertiHmqi$odddm 
genmconjhtuere^efnfe^fkde ejfireSdngdojqttodcontineturftdflinedBydtiondU^ln dppelldtur. 

Sit emm reBdngtdum d CyComprebenfumjib dHdhusTdediis d bjp c, longitf$dbie&potentid mcommenfurdl^bftg. Dic0 

- _. . ._. ' \theor '^ ' ^ " ^ 



d c^neque tydtiondle effcynetjue Medimn,&cXonftmBif enimeifdemyyt in tbeorertfate^ftendemtti fimibtcry teBds ^hjl^m^ 




IteBd h kj (yiM yt primoftendeJimSytres g h^h kj( «s# proportiondlesJ)Iffturh kJrrdMndUs efi/T TAedid. Qudre il^ 
V^ondlenmefiyfienim^juiondle effete fdceret ipfamdd F^dtiondlem h i^pUc»iftm Luitudinem h I^^Bjuiandlem^dripJi * **• ^c<="*"* 
i iJUnntitdinecm^tnenfardbUem.Qj^ h I^IrrdtionJdisydcMcdid.E0dem mod^ neque i kjUt^ ^ j. - * 

dimn ^^fienim effetTdedium ^fdceret ipfamdppUcdtum ddB^tiondlem h iJUtitddittem b ky^^dtiondlem, & ipfi h ijongim - *3«^«flu. 
tndineincommen/krdbilem. Quod eft dbfurdu^ h l^rrdtiondUsytjTjdedidJtdquecum i l(^queB^dtiandle fit, 

ncque Medium i necejfdrioneque d cJlkdqudleyFsJtiondle erit^nequeMedium ^ fed tertium quodddm genus confiituetynemp^ 
aqudU erit ipfii kyquodfabS^dtiondliy^ McdidcontinetuTyCmn h iyBjtiondlis fity& h ^ofiefffkMedid. Exqmbusefpcitur, 
reBdmyqudpoteft^dtiumfabdudkusMediisUngtudine&potentidimommenfardbilibt^ byb CyComprt- 

ben/umypoffequoquereSdngulumfrbl^^tiandliy&Indtiomtt^ propofitum. 

Thcor. 24* PropoC 27. 

M E D i V M non fuperat Medium Ration^li. 

5 VPEKET Medium a h,Mediwn d CitetUn^U d h.Dko d y,Mediumelfe,nm 
Rariorutle.QuodJtalitercontingere f opt Jit refianguSm d h,RtuioiuUe:E:^ofita dandefit 
Rdtionalis lined ef,&ddiffdmappUcetur reddngitluin eg, Medio d bydqudlcyO'tnedio 
d cjreBMffdum e h^titUUiitd'^t reliqwn h i^Kdtiondlidh/t^udiJe exifiem,Rdtiorkdefa, 
Intur cumre{iangiiU eg^e b,qud MedidfimtddR^i<mdlemfintdfflicdfd,effcient Idtitih 
Mnesfhjh g,KMiondles^psique RiuiondU expojitd longuudine frorjks incommenfttrdlnles, vt 
confdtexzi.propofM.huitis.CumdHtemRdtiondle h i/fp^dtitmfit ddRatioruUem efi»el 
h k,qHdin.iefidqudliSyerit reffa h g,B/uion4lis eijiteKdtiondli lofigitudine commenfirdbilit 
fer xi,^ofof,hHitulib, 
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QV^ K E cian h gt& e ffat longmdinecommenptrMks e f;s^ero ipfi fhylongitudine 
mcommenptrMnliftVt iam fuit demonjiratum erit & h g,cidem f h , lon^tudinc incommenfu- 
ralf'dut^t conpdtex i^.propopJuiM likEJiautem Vr fh/td h g^ita (juadratum exfhy<td rr- 
Slangulum fuh fh,hg^er ^.Umma Clduif jnropofi^. humlw.:Quartquadratum exf htre- 
^amuki.fuh fhjh g/:ontento erit incommenjkr<dfile.jitqtMdratofh^ommenfurabile efiqua- 
dratumex h gi(funt enintdmhoexRationalibHS liheis defcripta)atque ddeo(2rquadrata ex 
fh,h gyfimuljuddrato exf hjcommenfurahikt^t docet 1 6.fro^ofdw.hum,Cr reifan^h fuh 
f h^ gyContehtocommenfurahile efl idquod bis fuh fhjh gycontinetur yCMmhociUm duflum 
exifiatycrgo ^er ea^qua a CUuiotraditafurit in fcholio propofi^.huiuslib. quadrataex fh, 
h gjtmttiincommenftira.hiliafunt reSlmgulo fub f hjb gJmcom^ehenfo»ex lyJedmi, Quo* 
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circa compofitum ex reSiarum quadratisf hjj g,& ex reflangulo bisfubfhj) gyincommenfu^ 
rahile eficompofito ex quadratis reSldrum f hjf gy Quadratu dutem exfhyhg.vnacumre' 
^angulolnsfiyfhyhgyaquattarquddratitmexfg.vt conftat ex ^.profofAih.x. gMtequa- 
drdtum exfg^mpofao ex reSiarum quddratis fhjh gjincommenfurahik eft :Efl autem com- 
pofaumiUudRdtiottaIe,per e4,qualemm4te ^.prqpofitionisiSL.hmns Ub.tradiditClattm.Cwn 
iam quddrdto RAtiondi ex tota f h,defiripto ofienfftrnjit commenfurahiU. Ipmrcum huic 
compoftOyquodKAtionde exijHty(mddr4mmexfgymcommenfurahile fityeritquadratHm ex 
fgJrr4tioMle,VtVulnoMJinMhMi«Sy4tqueade0CrreBafgJrr4tion^ 
Jamenimoflenfaep Rationally iPsique,ef»RanonJiexpojitalongitudinet^^ 
fttrahilu.Quarereiiangulum d ty^M Medium a hyMedium a cjuperat non ef Rationale. 
Igitur Medium nonfuperatyO*c.Qupderat demonfirandum. 

SCHOlJFia MX CLuyio. 

Rationale fupcrat Rationale Rational!. 




€»roBfr0pof.i6Mw^^kEji4Mfcm a byBjMnale.lgtur&db^exkmnkU€ J^fropof.i^JbuwslibnB^tkde eft. Qmdeft 

Probl. 4. PropoC 28. 

M B D I A s inuenirc potcntia tantum commenfurabiles , quz Rationale com - 
prchcndant. 

SP'MJ NTf^Rperea^uaCUuiftstradiditlemmate z.propof.iiM.hmuSy duare^ 
ffa RjOtionaleSyqua tantum inter fefint commenfurahiks potentia Jtntjue tJUayO'hy inter 
qudsjumatwr media proport'tonaUs cfiatquevt d,ad bjita Cyod d. Dico c, &d yeffeMedias, 
qud tantum potentia commenfirantury & qua Rationale comprehendunt. Nam cum ay e^ h, 
exhypothefi Rationales Jim y&folum potentia commenfurmles , erit reBangulum fub ipfis 
contentumjrrationakyquod Medium Vocatur^ ii. propof, huiusUh^atque adeo cum reBa c, 

N 
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poJSit reBMgultmiMerit cMedia:SedqHoniamefty^t4My,itd c,addyCumauatuori!ld 
fat comMpro^monalesexconjiruaione/tnt^ue d^e-l^yfothncomrnenfuraMespotemM, 
erHntCSfCyCrdyettanifotentU tanmm commmfurMlcs vr demonflrduitClaum mfiholio 



C 

a 




•syr 



IK^MfA^ 



propofjoMh:huifts.Qu4re&dJi>fiMedUcyCommen/ural>ilfS,MedUefiex i^propcfhuins 
lih.InuenM funtigitur diM MedUtqua tantmt potcntia cemmenjkrm poffimt. Dico& eds 
Rationale cont'mer€iQuonidmwime^;vta^ hj^a Cjod d,&permm4ndoVt a^ad c»tta IffOd 
</>Vr autem a^ad c^ta c,ad hyCritMoquevt c,ad h, ita hM djdeoque h, efi Media fropor- 
. tionalis inter c^dsf* d,poterttque renangulum fith ilbs contentum ,per i y.propof, Uk 6. Sed qua- 
dratmnex yjUnedyqM perhypothefinKationalii efi^tKationak exiJHtzIgitur reiiangulum ftdf 
C&dyContentumhuicquadratoaqHalefR/ttionaU efi. QttareMedias inuemmns nimirumc, 
& dtpotentiafdlum commenfttrayHes^qud Rationale comprehendmt. Quod faciendum eroi^ 

Probl. 5. PropoH 2p. 

M B D I A s inucnire potcnda tantum commenfurabilcs qus Medium conti' 
ncant. 

SVMj^NTyRper ea»quaClauiut tradidit in fiholiotpro^f xi.lih. huius,tres 
Rationales nimirum a^ J, c, qudfint inter fe commenfurahiles potentioiDtinde inter 4^1^ ^, 
media proportionalisdyinueniatur. Pofhremo fiaty^t h,ad cJmAM eJDico dyO* CyMfidiat 
effe potentia foUim commenfurayiles,Medi»mquecontinentes,NamcUm a,0'y,exfypotheji 
Jint Rationales, S'commenfural^iles tantum potentia, erit reBar^um fuh ipjis contentim, 
lrrafionale&*Mediumyquadratumque ex Media d,illidqu4le,MediHm,Vt\mk tt.propof 



1KVS 



^-WSo 



i - 

^ mwa4 ^ 

QVO NtJ M -verveji vt hM cjita dyoi ejimt autem y,(^CtKatimdet,trf*tnnim 
inter fe potenttacommenfurdileSftruntqtioqiie d,0*e^otcntiafolmcommcnfHntlnief,'Pt in 



Digitized by VjOOQ IC 



ELEMENTVM DECIM VM. 51 

fchoiio ffropof.ioM.hmus CUuius docuit.Cum.autem d,Mediafaymt cJt* e,illt commenfttra' 
yUis Potenti4iMedi4,perz4..pr<tpof.httit(slik4tqueade^ dy(y e,Me(!^,fmtcommenfurayUes 
tantum fotmt'uL Idmdicoeas Medium continere. Cumenimexconfbruiiionefit vr b^d c,it4 
d^d Cyfermutdndoque Vf b^ad djta c^ad e,Vt autem b^ad djta dyod 4, eritquo^ue vtd.ad 
df^td'Ctod eyOtqui rtftan^lmn fub d^O^e^qudle eJireBangulo contentofub Oy&Cyfer i-6. 
^o^f.\ib.6.SM quod fub 4,^27* c,continemr reSlangulum^ eftlrrationaleS' Medium ex ti. ^ 
fropoflib.hmusJgUurerreSfdngulumfub dyt^ e^aquale^Medium.MediMigitmiinftem'. 
mus nimirum d,0* e^poteniia commenfttrabiles Medium com^ehendentes. Quoderatfacien - 
dum, 

SCHOLIFM I EX CL^yiO. 
IKiit i]Mfeqmt$fr mdigemtts hoc Protlemjte. 

D V o s xiumcros pianos fimilcs inuenire. 

d^ cjiu b^ad J^mlnpbcanter oMtm ft nmn» 4,<^ t,fiui/mt e. Item c , & d,fe L J 

mdtiplkauesfMiantf£nm ergo ei&f^immfltmfimiUs,qikmdoqmdcm^ ^» 4 ^>8 

rdhtAent frcforttaMiioyyt ex confirmEhtne efi mm^efimn, 

Qmrnam^mcminUk^.^ ofienjum efi^fiimpar numtrsiSyyel par farem muUiplicetyfrocremnumerumfaremilmparem * *•• & *^ 
•perojiimparmultiplicet impayemypeyi^cuumefifi[uin4m modoinueniripofiintdm plant firmUs^^rumyuniue par fityycl^^^* 
impar ; yd ynus qmdem paTjoltcr yeri impar. Si enim Laera fumptajint fmmeri pares ^erunt corum plam pares enam^fia$$- 
temnummfint ifi^aresyerimt& plant etffismimpares.QmdJiymmlatera Jim impares numeri^kerins autem paresyerit il- 
loruthqiddem planus mpa»'dforumyero pariSimHter pares erum plamJifdlihethaieatynHmlaitifm 
yeti imparem, &c^ 

LEMMAI. EXCLAVIO. 

D y o s numeros quadracos inuenire^ica vt compofitus ex ipfis quadratus edam fit. 

INVEN lANTF Rfer ea^qiuin fchoiio froximodiSAjunt^duo flam JimUes, ah ^ti^ 
rumvterquevel far fityvel imfar^EtquomamJiuea fart far aitferaturjiue ah imfan imfar, reli^ ^ 14. & *tf. 
qumfarefii detrailo b d^ex a b^qm, aqudisfit iffi crit retiquus a dyfar. .^mdimfo btfariam in **°^*» 

. e \ Dico numcrum faSum ex a by 

^ ^ ^ p • ^ in bdy^ qm quidem quadratw efi^ ^ '• «ow- 

C. comfojitum cum quadrato nume^ 

ri e dyfacert qnadrautm. ^ 
^uoniamenimnumerus a djbif^n^^^ efidiuifi^s in e, &eiadditm, d b,eritex 6. theortn^att eor 
fumyqua adfrofof.14 .Ub.pMmoftJhauimnSynumerus qui ft ex a byin b dyvnd cum qtkidrata numefi 
d e^qualis quadrato ntmeri e by^^uareduo quadratiynemfe qui ft ex a b^ b dy& quadxatus nume^ 
ri d e,comfofti faciuntquadratHmyeumnjidelicetyqui ex b eygignitur.^md eftfrofofitum. 

COROLLARIVM. 

£ X his manifeftum eft»quancio a b,& c,(imiles font , inaeitcos cfTe ea<iem arte duos numeros quadratos 
numerorum b e,e d^quorumexce(rus,nimiruin numenisex a b,in b d^faAus^ etiam numerus quadratus 
fit. 

Quod fi nutneri fumantur a b,& c,non fiiniles,vterque tamen par^vel impar > inuenti erunt eodem mo- 
do duo quadrati numerorum b e>e d, quorum exceflTus^numerusfcilicet, qui fit ex a b, in b d,noneft 
Juadratus.Sienim quadratus eflet/ numeri a b^b d^hpceft a \>fic c^planiumiles efient. Qtipdeft abfur- ^ x.ikmu« 
um ponuntur enim non fimiles. 

. SCHOLIFM IL 

ITU QVtJiiiiheaniur inuenire duos qtutdratos nt^nerosy quorum excejfus etiam fit numerus quadratus i famemus yt 
fnus^uosfUnosfimilcs^rumytcrqueparffel impar fit^nempe 4 ti&c^&reliquaferficiemufpyf in proximo Ummate 



Digitized by vnOOQ iC 



5r E V C L I D I S 

^--r,^ -rrn-j w tftjUBum. Kamquddrdti numeri exb e^e dyde- 

4 ••«••<••«•• {(••••••••£^ Jcriptijimt ilb^^squdrinm^. Exccdit enimff^t^ 

C ^ ^ dratfu ex b c^quadratum ex e d^numero^qui frp' 

duatur ex d b^in b d^quietwnquadratufeft. 
SheriinMtmenAfmtekoipkJriith^nm exc^utnon ftqiuidraiaiSmiUndierimtduo mmeripLmi a by&c^ mnfi- 

- 7nilfj^uorumyterquefarJftydimf4ry^reUqitd 

i4 m . • t . m <!••••••« b ferjgendd{vt fnusJ^amJimibterpfleHdemtiSqikt' 

^ drdtumex b e, dqudlem ejjequddrato ex d e, yni 

eitmeo^qm ex d bjm> b d ^fit ; Qfkore exceffits 
f^draunmexb e^e d^eftmmierm fJBtis ex^bjfhb d^ (^nmftquadr4Uiis^(JiemmeJfetqu4drMts^eJJeni a. b^bd^ 
fLwi fipviks^fiod non fonim) cmftdt frofafimm. 

Hocfdfiermfdcil;msabfolt$em$isJiip$emcnni}uef^ Juquadrd- . 

tHifolteiryeromnyt fi quadrams i6J$fddatuYmqu4drdtumi6.&nonqu4dr4tumio.excedetqiMaratus iG.qmadrdt0n i6. 
rmmero lOJtmqttadratoSic quoquefi idemqiudraius^6,S$tidMtrin^^p^ iufuperMtqHadr4'^ 

tus i6.qHadr4tiitn lynumero non^ktdr4tQ 11.& fie dc e^ew. 

LEMMA IL 

P vos numeros quadrates inucnirc^itavtcompofitus ex ipfis non fit quadratu^. 

SI NT duo numeri flaniJlmUs a bj&CyfareSyVelimfareSjVt inlemmate ftdcedenthfatque ea^ 
. ' J demconBriUHoyiuvt TurJusqfM'' 

d . . h . . 1^ C . f . ^••» ^ ^^ * dratmjqmftexmtUtifUcationefi^ 

r »••••.« • milium ntimei^orum a bydb^ inter 

feyvnkcumquadrdtoex d tyAqudis 
fit quadrate ex b tyAuferaturAeinde ex d e^vnitas ef^Erit ergo quadratus ex df^minor quadrato 
ex deyquod&latus dfjatered e^minusJitJiicoquadratos numeros ^quorum alter ex a by in b dyal- 
tervero ex dfMftftyComfoJitos non ^ficert numerum quadratum.NamficomfoJitus ex ifjis efi qua- 
dratusyerit is vel maior quadrato ex bfyvelaqualisyvelminwiquod fieri non fojfeyinhunc modumde^ 
monSlrabimus.Sit enimfrimum maioryquam quadratus ex b f,acfropterea latusipfiusmaius latere 
if f.Erit ergo latusiffius vel aqualenumero b e yVelmaius. {Minus enim non erityquoniam internume^ 
ros b eybfyfolavnitate inter fidiHanttsnuUus medius efi numerusynevnitas iffii,fecetHr:EjJet autem 
diHum latus inter iffos medium fi mains foneretur y quam bfy minus vero quam b e.) Si dicatur 
aquaUyita njt quadrato ex b eyaquaUs fit quadratus numeruscomfofitus ex qf$adratOyquifit ex d b^n 
h dy& ex quadrsto numeri df,cumeidem quadrato ex b eyfitoHenfi^sin frdcedenti lemmate aqualis 
numerus , qui fit ex abyinb d,vna cum quadrato ex d iyCrit^quifit ex 4, b,in b dyvna cum quadrato 
, ex df, ^qualis ei y qui fit ex a b yin b d y vnk cum quadrato ex de y Ablato ergo communiy 
eo fci licet , qui fit ex a b yinb dy erit reliqu^us quadratus ex d /, aqualU reliquo quadrato ex 
d eyldeoqut dr latus dfylateri d CyaquaUyfars hti.^odefiabfi^rdum. N on ergo latus quadrati com- 
fofiti ex quadratls, quorum alter ex a byin b dydkerveroex dfyin/efitydquale efi numero b e^Sed 
nequemaius.Sit emm fi fieri fotefiylatus illius aquale numero b iyqui maior fityquam b e y'tta vt qua- 
drato ex b iydqualis fit quadratus illecompofitus.J^uoniamigitur quadratus ex b iylatere maiore^ma- 
tor efi quadrato ex b eyUtereminoreieritquoquecomfofitusexquaaratisyquorufh alter ex a byin b dyaL 
terveroex dfyinfefit. (cum hie compofitusdqualis fonatur quadrato ex b i) maior quadrato ex b e, 
Efi autem quadrato ex b eypBenJksinlemmate fracedentisdqtMlisnumerusyquifit ex a b,in b dyvni 
cum quadrato ex d eyAklatoergo communiyquifit ex a byin b dyerit reliquus quadrattts ex dfy reli-- 
quo quadrato ex d Oymaior ; ac froinde latm dfjMere d eytnaiusyfars toto. ^upd efiabfitrdum. Non 
ergo latttsquadraticomfofitiexquadratisyquorum alter fit ex a byin b dyalterveroex df, infejmaius 
efi latere b eSednequeaquakynequeminusoHenfumefi.Non igitur quadratus ilk compofitus maior 
efi quadrato e% b f. 

Sit iamyfi fieri fotefiyHumerusquifit ex a byin b dyvna cum quadrato ex dfy aqualis quadrato ex 

b fy&fonatur numerus ah y duflus vnitatu ef, £iuta igitur totus a d , totius e d y duflus efly 

. (diuifusenimefi a dyin eybifariam)& ablatio a hyablatavuitatis e fy€rit& reliquus h dyreliquifdy 

duflusyexiisyqudadfrofof.jM.T.oHendimusyitqueidcirco h d^nfybifariamdiuiditur.^are ex 6. 

theoremate eorum,qud ad profof.i4.lib.fi.d€monBrauimus ,erit numerus y qui fit ex h byin b dyvna 

cum 
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- . Cum (juadr:ito ex d fiJtqualisqUii- 

** • • ^ • • ^ • ^ * / • ^ • • • ^ • • • ^ ynr/^ ex h f.Sedeidem quadrato ex ; 

r • • b fyxqudis foniturnumerusyquift 

ex a byin b d^vnacumqiiadratoex 
df\ IgitUr qui fit ex h byin b dyVmcumqiiadratoex df,jeq»aluefiehqui/t ex a b^n b dyvnicum 
quadrate tx df\ Et detraSlo communi qnadrato ex d fyrelinquetuTyqm fit ex h byin b df ei qui Jit ex 
a byin b dytqualis.^^Are cum h b,a bymulttfiicanteseundem b dyproducant equates numeros\ « 'hd-- * it.ftptixn!. 
be Ant Autem n/ultipliUntes CAndem frofortionemyqUAm produ6fi ; erit h byipfi a by jtquAlts ^pArs toti. 
^uodefiAbfurdum.NonefiergOyquiex a byin b dyVnAcamquadrAto ex d f.qUAdtAto ex bfydquAlu. 
Sit tAndemyfi potejt fieriyHumermqui ex a byin b dyVni turn quAdrAto ex dfyminor quAdrdto ex 
b fyACproptereA&lAtU4eif46Utere b fymi^usyquodjit b gyitA vtqui ix a byin b dyVnickm quAdrAto . 
€X d fyAqudls JitquAdraio ex b g.SumAturAutemipJim e gyduplus a iy^udntAmigiturtotM a dyto^ 
tins f d4uplH6 efil& AbUtus A iyAbUti e gyerit rurfissdffeliquus i dyteliqui g dyduplm^AC proptereA 
i dyin gydiuidetur bifAriAm.,^Are exeodem theoremate 6. eorumyqux Ad propof.14 Mb.p. demonfivAtA 
funtyerit numerusyqtuft ex i byin b d^vnk cumquAcbrAto ex d gyAqudisquAdtAto ex b g :PonttuY 
AUtemeidemquAdrAtoex b gyAqudisyquift ex a byin b d,^nA cum quAdfAto ex d fylgiturqmifi 
ex i byin b dyVnAfumquAdtAto ex d g^^quAlis efi ei,qui ex a b,sn b d, vnA cum quddtAto ex d f. 
AbUtisigiturquAdfAtisex d gy&d*^fyquofumquiex dgyminorefiyremAnebitquiex i byin b dy,f^Aior 
tOyijuiex A byin bdypars toto.^uodejt Ab/krdum. Non efi ergo qui ex a byin b dy vnk cumquAdrAto 
ex dfyminor quAdrAto ex bf. SednequemAtoreJtpHenfwyneque dquAlis. Nonigitur quAdrAtusefiy 
qui ex a b^in b dy vnicum qfuuirato ex dfy ^uod efi propojitum. 

SCHOLIVU III. 

E X hoc facile inuenitmus duos numeros^tAyt ex ilUs cofnfofitus ml ncutrumiffotum fro^QYtionem habedtyquAm quadrd- 
tusad qf$adrdtum. 

Sienim per lemma fYAcedens inueniantur du9 quAdrdti^uyt comfofims ex iffisnonfitqtkutrMHSyhabelni bic camfofi-- 
tus non quddratus adncutrum ifforum quadratorum frop(frttonem,quam qHodratus ad quadratum. 

idemobtinebimus^fiquemlihet numerum quadratum in duos non quadratos partiti fuerimns. Ira enim quAdratus Mt$s dd 
nefftrumeprimt^qHosdimJksefiyproportionemhabetityquam quadrates ad quadratum. 



ProbL 6. Propof. 30: 



I N V J! i^ I R B 4ua!5 Rationales potentia tantum commenfurabiles , ica vt ma- 
ior,c[uam minor, plus poflicquadrato rcdac lines longitudinefibi^commcnfu- 
tabilis. 

EXPON ATVK RationalisUnea d ifjnuentdnturqttc fer ea,qtke a Clauiotrd*- 
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iit4 futrein fckplio t.dntecedentU wo^ofJuonumeriquadrannimirm c d^ e, quorum ex- 
ceffits d eyqmdratusnoH pt,Deindeper coroLCtauij fropofe^Hy, hum ,fiatvt c d , numerus 
ddtfumerum d ejtaquadratumex a y^adidiudquddratumnimirum ad idquod exaf. Ac- 
commodeturque a f,m fimuiratlo a hf^ca diametrum a hydefcripto > ac denique reHa f h, 
€$nne^aturJgiturchnangubtsfJnfimidrculope reiiftseritquadrdmm a y,itqualequadra- 
tis ex a^fyfyjepriptis per }^yM,\.4c prostata reila, a y^flus potefi,qudm a fyquaarato re- 
Sia fy.QtMrtiamxtroquadratumex a yyadquadratum ex a ftcjivt numerus cd, ad nume- 
rumd ejerunt quudmta ex a byO'd fydbfcripmycommenfurmlia^t conSidt. ex e.propofM* 
huiufyquadratumque exdf,Rdtion4le erit,cumquddrdtum ex d yjinea Rdmnali defcri- 
ptumyKationalefitydc proindireSid d fyR^ionahtyRfuiondles funt i^tur d y^tf, ^Jdltem 
potentid commenfurdyiles.Quonidmenimquddrdtum ex d y,ddquddrdtum ex dfinonhdhet 
rdtionemsqudm quadrdtus numerus ddnumerumquddrdtum {cum neque quddrdtus numerus 
c dydd d e^onquddraeumedmrdtiondm pofit hahereydUas&d e,quddrdtusexiperetyquod 
non ponuur)erunt ex 9.propof.lih.huimre£id dhydf, mcommenfurdhiles longitudine:Sunt 
dutem commenfurMlespotentidJ^tur d yjdf,Rdtiondles*/unt, (^folum inter fipotemid 
CBmmenfurdnmr. 

Nunc dutem cum fit vr c d^dd d-e»itdquddrdtum ex d y^quddrdtumex dfy erieper 
cenuerfionemrdtionisvt cdM c e,itdquddrdtumex a h, ddquddrdtum exfy^lSuperdtur 
^nimquddrdtum dfydquddrato d y/^Uddrdto fy modern exceffuynimirum quo numerus d Cyd 
numero d c/uperdturjd efiynumero c ey)re^aigitur d y^fyy/unt longitudine commenjuraki- 
ies.IgtturittuentaJuntduteRdtiottdles^^cQupd ^rdt faciendum, 

Pfdbl. 7. Propof. 31. 

iNVfiNiRE duas Rationales potcntia untum commcnfurabilcSiica^t ma-* 
ior,quam minor,plus pofTit quadcato redaelines (ibi longitudinc iticommcnru- 
jrabilis. 

EXPO N ATVK Kdiiondlis lined d yyinuenidnturque ex lemmdte x.Clamjpro' 
po/.z9.huiusliy.duonumeriquadrdti c e,e dJitd\>tcompofitusexi\liscdynonptquAdratus^el 



CL 




^,144, e,i6. d Cfi6o, 4. 
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ELEMENTVM DECIMVM. 5? 

ntmerHsalifMtfUdiratus fecemrin duos numerosnon qttadratos c.e,f d,Vtrumviiemm horum 
fiatftotus c dtttdneumtm ipforum proponionem hahebitfquam numeriquadrati hdhent inter 
fi/tliasefjit tot us c dyCtUmquddratus fecundMm priorem modum datum hoc UmmateCUuif. 
Jit fecundum pojier'torem yquilihet ipforum tjjet etiam quadratus ,Vt vult ij^.propof,lih. 8. 
Deinde^t incoroJl.propof6Mh.huiuiCUuiusdocuitJiatyt c e^ad e d; itdquadrdtumexahf 
adquadratumex d fyAccommodeturque afyinfemicirculo afy»6rcadiametrum a hyde- 
fcriptoJDmiquiconne^atur re^dfh,poterit i^tur Vf in antecedenti demonfirmone fuit ofien- 
fum quddrdtum 4 h,pluStquamquddrdtum a fyquadrdtorefi^ f h^mmtque 4 l>,af. Ratio- 
nalesy^/olumcommenfitrd^iles potentia,/unt enim media demon ftrationumeadem. Kurfus 
cum perconuerfionem rationis fit^^t c d,ad'e djta quadratum ex a h,ad id quod ex fh,Mon 
hahent autem numeri cdyj&e d,r4tfonemquadratorum,non hahehuntquoquequadrataex 
a y,fyideJ<ripta,ratiouem,qudmnut^rusquadratt(shidfetadnumerumquadratum.Igitur per 
^.propof.lih.huius a y^hyincommenfurahues Jimt lon^tudine. 
InuenimusigiturduasRationaleSytircQuoderatfacienduip. 

LEMMA EX CLAViO. 

Si fintduae rcStx lincx inscqualcSjCricvt maioradminorem,ita rc43:angulumfubipfis 
contentum ad quadratum minoris. 




^fyr 



uys 



SINTdut reifx indqudes a bjf cM re£ltm C9fffiitia^,q$Mr»m a h,mai»rfit. Dico effivtah ad 
i c^tare£fangHlitmfub4 hj> CyodquadrAtumex b c, Ttefiribatur enim ex b £,quadratitm b d dm 
fUaturqueredtangulum a dymtquereCtangulMm a e/ub a bjtc^ntentum^quod beM b cff/xauL , e.«i 




^ -%;^s 



f)(^r 
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Eodem modoerit^vt min6tadmMorem,itare^angttl$un ^ipj^scMtemum^^itadratMmm4i»rii-, 
ift infecundafgwA efimanifejhmyin qua, a. b^ttinor efi quam be. \ ■ 

ProbL8. Propofjz. 

I N V E N FR E duas Mcdias potcncia taatum commcnfurabilcs ,quae Rationale 
contincantjita vc maior plus poffit, quam minor, quadrato icCtx linear fibi lon- 
gitudine commenfurabilis. 

SVM ANTJ^S^uxKamntiks a htquatantumfintpotentU commenfurahiksy ita. 
W maioriUarum plus pofiit^^uam minor quadrato re fUfih lon^udine commenfurahiliSffit- 
jue c,media proportionalis inter a,& b,deindefiat Vf aM b, ita c, media ad d , Igttur cum 
d^&yjtnt Rationales Jolumque potentia commenfurahiles lerit reSlangulum fuhi^tconten- 
tum^Mfdium; vtyfult ti.propoflilf.huiusyre^dque,qudillud poterit Mtdia. 



€S 



d 



'eoB' 3L,o 



QV ONI AM Vero efl Vf a,ad bjta C^ dyfimt auttm 4,f^ h ^ vommenfurahilts po- 
tentiayerunt ^ c, d^etiam tantum potentia cotnmenJurabileSyVtdoeuit Clauius fchblio propof 
lo. likhuius:Quare cum d,Media Cyfit commenfrralnlifyerit&dyJ\^edia,Vtpatet ex 24. 
propof.hufus liklnuentx funt igitur dua Media c,&djblum potentia cqmnienfurabiles.Di" 
CO & eas Rationale comprehendere.Ndmcim fit^t dittd hjita c,ad dtpermutandoque^Vt a^ 
ad Cyita b^ad dySit~autem Vf a^ad Cyita c^ad b^ritquoftey^t cM byita b, ad d, Atque adeo 
reSlangulumfub Cyf^dyContentum,a(jikik erit quadrato ex b,defcriptOyex iy.prepof.lib.6, 
Sedquadratumex b RationaliyRationale efi.Igiturt^re{iangulumfub c, &dyilli xquale. 
Rationale eftj^tuf Media Cyd,Rationalecontinent.Quoniam\>eitdeJ}vt a,ad^, ita c,add, 
poteflautem ayplusyquam hyquadrMo re^a fibi lon^tudine comntenfurabiJtsJgiturf^CypUis, 
quam dypoterit quadrato etiamreflaJibilongitudinecommenfurabilUyVt conftatex i$.propof 
lib.huius.Inuenimus ergo dttas MediaSy0'c.Quod erat faciendum. 

Siverh reperta Jim dua Rationales a,0'b,potentiafolumcommenJitrabilesyquarum nudot 
plus pofiity quam minory quadrato re flajibi lon^tudine incommenfurabH^y^reliquaperfi- 
ciantur vr priusyoftendemus eodem modo inuentas effe duas Medias potentia commenjitrabiles^ 
qua Rationale continent yquarum mMor plus poterityquam.mmaty<^ttadratoreBaJibi hngittt- 
dine ihcommmfurahilis, 

SCHOLIVM EX CL^riO. 



^M- 



yAL 11 hoc protlemaJemonftraftt ftrlcnimdantcctdctis:tiosaiitrmbrathis,M faalittsiJemfirte iffe cstcnJemus,vt fiui- 
It iudicahunt,qtti cum torum deim»mftr4tiaie lutu wfir4m ttmulmtuJmmlt^iM c^iMtdias (jfe ^tcntutfoGim ctmmitm- 
f4irtJnles,mttRati<m4ltconiineiait^m Miter hie qflmdmitf,Minfropclitivne xZJbmMf bbriy 

LEMMA 
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Si fint trcslincaefjefltajjCrit vt prima ad tcraam,ita redangulum Tub prima, &fccunda 
contcntum,ad id,quod fub fccunda, & tcrtia conunctur. 

SI NT tresreUx a byb c,c d^in return conftituU.Dicoeffivt a byod c d,iu redianguUtm fub a b^ 
b cMreSiangdmmfub b c^c dyDefiribatHr enmex b Ct^uadratum bed e,ferficiaturque re£tangu~ 




35^5^7 



1^12, 



c 1^5 



iMm^fiEtitque a e^contentum fub a bjb c;&cf,fub b c^ d\quodb e\cd,ifjib c,dquAlesfmi.*Ferm'^ i.fexa. 
Jfiamm autemefieffe a b^d c d/vt At, Ad cfi^od ejt frofojitum. 



Probl. 9. PropoCsj. 



Invemire dua$Medias potcncia folum commenfurabilcs^quz Medium 
contincatityica vt maior plus poflic.quam minor>quadrato rcdts lines fibi longi- 
tudinc commcnfurabilis. . . 

REPERI^NT yK tres Rdtiondles ajhtcjblum potentia commenfurMleSyita Vf a» 
plus pofifyqudm CyquadratoUnea fibi longitadinecommenfiirahilujpftrumque at^byfuma- 
mr media frofortionalis dj^eind^ fidtvt d^ad hjitd c,adt, Igttur cum ex lemmate CLmij 



I 
t 

e 

c 



■r-* 



^X-firV 43 Z 



RCV \% 



BcWr33-^ 



fk5i 2.0 



fropofantecedentU fit,Vt 4/td Cyitdre^angulttm fitb ajb^d reSiah^lum fih byCtfit autem 
refiangulum ex aj>^uale qiudrato ex d,per iy.prop»fdih.6. O* reSlan^lo fob b,Ct aquale 
efl reaangulum fiib dye^ex i6.propof6.qHodqu4tuorilUynimirum d,b,CyeJintprofomonales, 
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eritvt dydd Cyitaquadrdtum ex d^adreSidngulUmfub d^eyt autemquadratum ex d^ad re^ 
^angulum fuh d^eyiuexlemmate ^.CUuij propofi^Mkhuius reSla d^eJiddreSlam e.Quare 
erhx^t dydd c^itd d^dd efint dutem d,c,fotemidfolumcommenJurahiIesJgitur(^d^^ 
comenfurdhiles ermpotentid;\^t demon fWduit Clduius fchotio propofAO.likhHm.Cum dUtem 
dypotens Jj^dtium contentwn ful?dudbus Rationdlihdf potentUfolu^ commenfurdhilihiis yjit 
ItTdtiondlUyex t Lpropo/Jikhuius cJr Medid , ertt cjr e,iUi comnienfurdbilis , Medid ^ex t4^. 
propof.huins lib Jgkurinuenu funt dua Media d,& e yfolum fotentid inter fe tommenfurdr 
hiles.Dico cSr eas Medium contjnere.N^m cum reildngulum fuh b^fo Mediwny(€onnnetur 
emm fub dudbus Kdtiondlibus potentid folumcommenfurabilibus)illique Jit aqudle reBdngu- 
lumcontentum fub d^e^erit ReSidngulumfub d^e^Medium. Deniqueauid idm fuit oflen/iim 
effey^t dydd Cyitd d^dd eypojiit dutem d.pluSyqudm Cyquddrdtoreiid fibi longitudinecommen-- 
fufdbiliSypoterit&d,flus,qudm eyquddrdto etidm re^djibi longitudine commenjurdbilis. In^ 
uent^funt igiturdua MedidyqudyCi^cQuoderdt fdciendum. 

Si Vero fuiffent repertd dJb^Cypotentid folum commenfutdbiles , itd V/ mdior d , plus polity 
qudm Cyquddrdto re^d fibi incommenfutdbilis lon^tudine , reliqud dUtem perficerentur Vt 
priusyfdcile erit demonflrdte inuentas effe dudf MedidSy Medium comprehendentes , qudrum 
maior dyplus poteflyqudm minor eyquddrdtoreild Jibi incommenJurdhilislon^tudine.Quodefi 
propofitum. 

LEMMA I. EX CLAVIO- , 

Sit txiangulumredangulum a b c,angiilumre6tumhabens b a c^^quo pcrpcndicula* 
ris demictatur a d.Dico redangulumcontentumfub c b,b d^asquale efTequadraco ex a b: 
contentum autem fub b c,c d,xquale c^uadrato ex a c,& concencum fub b d, d c, xqualc 
quadratoex a dj Contentum denique fub b c^a d^a:quaIecontehtd fub a b^a c. 

j^r ON I AM ex corolUrio pr^pofJMbJ.reSta a k media froportiomlis ejt inter c h,b di* erit 
reitangulum fub c b,b dquadratoex a by^quale. 

Eademratione erit re^anguhm fub b c,€ djdqtialequadrdtoex d c,qu$niam per idem corollarium 
a c^media proportionals efl inter b CyC d. 



lined b 



c, 9iy75. 




Rv£sFS quiaexeodemaorolLadyinter b dyd Cymediaejl proportmalisyerit eodm modcreffan- 
gulum fub bdfdCydquaU quadratoex ad. 
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Pijhmo * (fuia trianguU 4 b c^b dyJimilU Jknty erit inb c^ad a Cyita a b,ad a d\^ J^^^ re- \ '• ^^f^\ 
HAngmlumfiih b c^a d^uMe efi re&ang»hf»h a b,A c^^md etiAm it a vfitndetur. ComplcAtur re- 
^Angulum c e/:$ntent»mfub b c,a d:Itemre£tAnguliim Af,Jub a b,A CyC^ntentum^ ^^mniamigitur* 4i,primi. 
reifAngul»m c tyd^flumeJttnAnguli a b c,nec non&reSlAngidtim a fyemfdemtmngdiefi jdiifhm, 
erum inter fe a^haHa reSfAngidA c e^ f, ^od eft frofoJitHtn. 



LEMMA II. 



rSi rc^a linca fccccur in duas partes in«qualcs,«ritvt maiorparsadminorcm,ica rcftan- 
gulumfubtota,&maiorcpaixc,ad redan gulumfub tota,&minorc parte concentum. 



SECETVR recfA a bjMmbifAruimin CysUqttemAtor fArs a CyBicoejfevt a cMcbyitA rectAn-- 




rezcL 
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50— -"5;;^ 3st> , 


i^yj^o 




\ 



ivcsiio— 'K.Vy* c i5c^> 



i 



■ ch^^yj, 
Qu4dr4tumad,^o. 

EADEM r*tione erityVt minor ftrs h CfOdmamm e aM^ i f^ontentumfib a h,b c, tota,^ 
f»9tH>rtf4mjMdce,c0ittmumf»bab,ca^9ta,df'fHaicrefarte. 

LEMMA III. 

Si fintdua:rea«linea:ijwrqualcs,minor autem fecetur bifariam j crit rc£bingulumfub 
ipfis coiitcntumduplumrcaanguli,quodfubmaiori linca,&<iimidiaparte miaoris conti' 
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SlNTdudnB^iru^uaks d byt CjAUguUm reaum conftituentes a h Cyficeturqtte minor b cMfa- 
riam in dyDicereStangnlumfiib a bj> Cydnflnmejfereaangulifub a b,b J, CmfUMm enim re&m^ 



o 

> 



L 



tK:v ^o 



"fy^ d 




J^3 



'^S 



f^S' 



f^S 



gidum a Cyfuh a b,b c,dticaturqite de^iffiA b,faralUUyerttqite b e^ontentum fuh a bydrb dydimieUa 
; i.fexti. rninoris* J^niam igitur a cjtfjius b e^ufUtm efiyquod&bAjls be, dufUJh bafis b d, conftatfro- 
fojitum. 

Eodem modotfi b Cjfe£fabifariam^tmMfir,erit/jiMod/»B a byb CyCOHttnetm;^flumeius,qmdcon- 
tinetnr f»b 4 b^inort&b dydimidia mtuorisy vt ex jecundA fgurA affaret. 

Probi. lo. Propof. 34. 

Invenire duas rcdas lincas potcntia incommcnrurabjlcs>quz faciant com- 
poiicum quidcm ex ipfarum quadratis Rationale} Re<Stangulum vero Tub ipfis , 
contcntum Medium. 

I'NVENIA'NTVK duaR^iondtes a h,c dyquarummaior ah,plfts pofiity^uam 
minor c dy^uadrato refiafihi longitudine incommenfitrabilisfojue minor c dyhifariam feda 
inpunSlo e.Deinde perkmma z.CUuij fropof,ij.hui/tslib.j4ppliceMr ad a byre^an^lum 
aqucde quadrMo dimidij minoris linea, deficienfqtte pgura quadrata yfitjue quodfub a f,f b, 
continetw. Poflrcmo defcripto femicircuh circd diametrum d hy crigamr f gydd diametrmn 
a byperpendicuUriSyfint^ue d gyg byconnefittin punifo g^QumamreSid d hyplus poteflyfidm 
€ dyqttddrdto refine fihi lon^tudine incommenfurdkliSyshque addby applicdtum reBdnguUtm 
aqudlequddrdtc^dimidiiminorisMydcficiemjigurdqtiadraidytrmtpd^^^ 
gitudine incommenfitrJnUfyper i9^opofltb.hmus,EfldHtem,'\ft dftodfbyitd per l^ma i. 
Cldutj propof dntecedentiSyreBdngulumfuh d h,df,ddrefidngulum fry dhyfbySedreBdngu^ 
lumftii? d byd f,quddrdto exdgycJJ: aqudhyf^reBdngulumfub d h yfbyquadrdto ex g b, 
etidmefidqudle exlemmdte i.Cldttij propoptntecedentis. Qudre erit\t d f^dd f b y itd qud- 
. drdttm^ex d gydd qUddratuk exg byAc proinde cum d fyf h,Jirit Idnptuditie incbmnienfwrd-' 
hlesojienfa^rmti^quddrdtdex dgyg h,incommehJitrmltdyVe Vult ib.propofhumslib^Kcr 
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V 

Sid quoque d g,glf,poteti4 inter fi incommenfurahilesytx ^.definimne lihJmius. Quoni^ 
quddratum ex.d byKdtionalhRationale eft,Jttjuequddrdmm illud t^quak quadrdtis t 
g y,per ^j.lth.i.Erit&compofitumexreSldrumquddrdtU dg,gh,Kdtiondle. Deinc 
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^ W %V 3 C 



C Hi^ 



^ a-4. 
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Totd fuperfides contentdfuh linea 
compojita €x a g^g b /facie t. 

• 3^ + 9^ S^ 3^4- 



c € 1^ y 6. 
fh—^ y 3- 



refiMguhmfuhafyfyyi^uodquadrato ex c e^aquale ejh)aqtiale fit quadtato exf 
enim fg.media proportionalts inter af^fb) erunt quadrataex f gy & c ejnterfe ^< 
Quare c d^dupla exifiem ipfius c e^dnpla quoque erit ipfi^^ fg, dc propter ed exlem? 
ClduifpropofdntecedentisreSianguIumfub a byC dyduplumerit reBdnguli fub d byfg 
fgyfttdimidid minor is lined c djrefiangulumautemfubd b^c dyKdtiondlibus potentid 
commenfurabilibus^MediumeJlyper ii.propof.hmuslibJgitur & reBdngultim fub d b 
licommenfurahileyCum fiteiusdimidiuWyMedium eritiAtqui reSidngulo Jiib d byfgy 
efl reBarlgulum fub a g,g b^ex i. lemmdte Clauij propofdntecedentis : Qudre content 
d gyg byMediwn ^ Irrdtiondle efiJam Vero compofitum ex reSidrum quddrdtis d g,g /! 
tiondle eJioflenfHmJnuentd funt igitHrduare^dyCTcQuod erdt fdciendum. 

S CHOLl VM CL^yiL 

DEliiOKST ^jji TV^ hoc loco infchoUo quodanhantiqno^fim fajje/vt duo fidti^ IrrMionaUd componaf 
B^ationale^ hacferi rations 

Exponatur^juiondlts linea a hy&dm numeri c d^qmrum c^mMT fitynonhahentes fropomonemquamijUddrdtt ; 
drarum fi.injucyt c^dd dyiuquadratumex a byddquadratumexd ey& fandem defcripto quadrato ex a by educat i 
4 bypcrpcndicularis.Quoniamigitur efiyt c^ad d^Uquadrdtnmex a byodquddratum ex a e.Konbaiet autem f, i 
fortionemqudmquadratus ddquadratWHi^eruntlaterd abyd Cydicforum qtiodratorum proportionem non habenti 
quadrdtfis ad quadratumjon^tudine inconimcnJurabilia.^c propterea cum a bytotalongitndine fit incommenfir^ ! 
a Cycrit eadem a by& reliqua e bylon^tudine incomnenfurahilis ex coroll.rj.hmu^Ub^ Vt autem a byod a e^tac i 
turn ex a byad afjp^tr cum a byd e^ncommenjurabiles fint lon^tudme^ crunt quadratmn ex a by<TYeBanguli ; 
commenjiirabilia. Quare quadrato ex a byCxiftente I{ationaliyquod & a byB^tionalis ponatuTyerit afydiBoquadr. 
mcnfurahlcylrrationalcXodefnqueargumento oftendemus bfylrrationale cJfe.Quiayno afybfycomponuntqifadrat i 
nale ex ab iper^cuum eflycx duobns IrrationJibHS confici fojfe B^ionale. Quod effl propofitum- 
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•i€. dcchm,/ k^jnon^fi:mmt tpjk inter fecommofft^ dfb,exipfiscompofit$mytriaueeorumcommenj^^ 

J ^ dcfinit. til^ erit.Quare afb^otumconmmfuirMeytrif^B^jtnmjib dfj^ b^V^rhUeqHoqM cft.QuoJeft propofia 



fftum. 



Probl. II. PropoC35. 



Invbnire duas rcd);as lincas potcntia incommenfurabiles, qu£ facianc 
compofitum quidem ex ipGirum quadi:atis>Medium } Rcdangulum vcro Tub ip- 
(is concentum,Rationale. 

KEPERU NTVR dtueMedue ah^c d,JolUm ^otentU inter fe commenfuray'tles 
Rtuiott4i^contmentes,qudrttm a h,mMor plus ^oJSityquam minor c dyquadrato reilaphi Ion- 
gitudineincommenfrrahilisJiJintquereliquayyftinantecedenti^opoJimneJgimrdemonJirM-' 
musyt in pracedenti reSias. a gt&g htcjfe fotentia incommenfurahiles. Quonidm vero qua- 
dratum ex Media a hjOquale eftquadratisrefianm ag^ htex/\.y.propoJ.lih.\.erit ideocom- 
fofitmn ex iffarumquddratis a g,g h,Medinm, Rurfus oflendemus vx in antecedent propojt' 
tionere^angulum fuh a hyC dydupbimelJereSiangulifrh a lf,fg,ac proinde reftanguUiUaef- 
fi inter JecommenfftrayUiaJgitur cum re^angulumfuh a h/: dyexhyfothefiRemonaleexiftaty 
eritCrreSiangulftmfuy a kfgthuic commenJitralnleyRationidcIamVero compojttumex re* 
(larumquadrdtu a g,gh,Medium often/km efi.Qmre reifa ag,g bjimul comfojita faciunt 
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Totafuperjidesfulf 4g,glf,contenta erit. 



f^>'s^yy^Ar'^yy6\ 



compoJitumexreSidmmqU4dr4ns,Medium;Re^dngHkmVerofid>iffiscmte»t^ 
le-^lnuentafunt ergodtuMedU^O'c.QuoderatfaciendHm. 

Probl. 12. Propof^35- 

I N V £ N I R E duas redas lineas potcntia incommenfurabiles, qu£ faciant & 
compoiitumcxipfarum quadratis, Medium ,& rc(Stangulum Tub ipfis contcn- 
tum> M ediumjincommcnfurabilcque compofito cxipfarum quadracis. 

KEP EKi J NT VK duaMedUd h,c d^qua inter fepnt tdntiim commmfmMUs 
potentiayMedmnMuecontinedntyitavt mdior'a byfiM poJSit.qudm minor c d^^uddrdto re^a 
fihi incommenfurJfiltslon^tudiney&reliqud confirudntury^t inpropof^^ Offendemtts hi- 
tur reSidi d g,g h,efje potentid incommenfurahiUs.Quonidm vero ^uddrdttm ex d h,Medid, 
Medium efljitjue atjudle quddrdtis reBdrum d gg h,per j^yM.i .erit eJr compoptum ex ipjd" 
rtim^uddrdtis dgg hyMedium.IdmVerodemonfhrdlfimttsVt in $4.. propppih.hui$(f,readn^ 
gulum/ub d h,&c dyduplum'ejje reSldnguli fuh d hyf gfdc proinde illi effe commenfurdyite: 
igitur &• MediumyCum reSldngulum fuh 4 byC d^ex hypothefi Medium fit , reSidngulum dtt- 
temfuh d hfgyaquale eflre^idngulo fuhd gg bycontento, igitur reSidngulumfuhdgyg b. 
Medium efi. Qupnidm vero re^d d by longitudine pdnitur incomrhenfurahilu ipfi c d, eidem 
autem c d,refid c eylon^tudine fit commenfitrabiliiyquod HUhuiHS ditpld fityerunt reBd d b, 
c eyincommenfitrdbikslongitttdineyex lypropofilib.huius^ed^t dbydd c Cyitd perlemmd j. 
Qlauij propof.i^.lib.huimquddrdtmnex A byCJiddre^dngulum fub d b,c ejhoc efiyddre^idn- 
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ghy^ y{i^ 8' 180— 9i y 60.; 
Tota/uperficiesconteneajuh a g,g oj:fl* 
^ y 7x0-^3^ ^ 480. 






fftlumfuh d hjfg;velfuh ag^g hyQu^requadramm ex d h^\ncommen[uTAhiU efi refidngulo 
jub d g,g bjnuenimus igitur dttas reSidS,0'c.Qjtpd erat fltriendum. 

' S CHOtivn CL^FIt. 

EX hoc vera VrohlematefMileiUudahfiluemttt qmd adprcpcf,t\.hmiulib.nosdemonjlrdturosrece^ui nimrmn, 

Imvemire duas Medias longicudinei& potentia incomrncnfurabiles. / 

Qf^OKl^TH oftenfumcfithncompofimm exq$$M{ratfsreR.trvm ag,^ b^quhnreCtangtilumfub ij>/ts,effe7HeJfum ,& 
.becmcompefito mcommatjkraiile i erunt quoquelinedt porentcs Mud (ompoJnu»n^eJmm,<^ hoc re&angulum7He<iium,7^Je- 
4U^ricommenfurabUes tarn longitudine quam potentia,Si enim potentia efjent comnienJtirahiles,eJ}}nt & eamm quaJrata, hoc 
0compofitum exiptdJr^tts rcEiarum a g,g by& re&xngulttm jub a g,g b,commenfurabiU4. Quod non pemtur. QHocircafi 
fumdtur d bypatoucomfofitumexquaetrdtisreSlarum a g,g b,&alfa reBtt potensreBangulumfuh a g,g b,itlcft,mediapre- 
fertiotudtf inter 4 g^ b^tmenu crimt ditaTdedue & lengitMdmey& fotmtid incommenfurtJnks.QuodeJi ftopofitmn. 



PRINCIPIVM SENARIORVM 

P E R C O M P O S I T I O N E M. 

Theor- 25. PropoC}/. 

St das Rationales potcntiatantumcommcnfurabilcs componanturjtotalr- 
rationalis erk. Vocecur autcm ex binis nominibus. 

C O MP ON J NT VK dua Rdtiondlcs d hjb Cfpotentid inter fe tantim commen- 
firdbileSflnuenidntur^Heperidemma trddimmdClamo ^o^ef.zuDkomam d c,el]e Irrd- 
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nondem^QMnidmcnim d hjon^tudineinc&mmenfkral^ilisefiipji h Cy/ttj'AfyVt d h^di h c^itd 
YeBdngHlum fuh d hj^ c^ddquddrdtumex h c^fix lemmdte QUutj propof.^iAib.hHm^^erit «- 



iiangulum fub d hjf Ct^uadmoex h cJttcommenfuralfile,per ib.propofitionemHy.huius.Sed 
reBangulofulf a yjf ccommenfwrahile eft eiuf Atrium ;nmirum quod htsfuh a bybctcomi- 
netur,0* quadrato ex b c,commenfurabile eftquadratum refine a b,(funt enim amboquadrd- 
ta Ranonalia)atqtte adeo & compojtmm ex reiiarum quadratis db,b r, eidem quadrato ex 
b CtCommenfurabile eft^vt conflat ex iS.propof. lib. huitts. Quare ex iis,qua a Clauio tradita 
Jitnt fcholio propofij^M.hmuStquod biifub a bjb CyConunetm incommenfurabile eftcompofi' 
to ex reSiarum quadratis a bJb CtQuodrca cotnpojttum ex eo,quod bis fub a bjf Cyf^ compoji-. 
tumexre^arumquadratii a b,b c,hoc efttotumquadratumex a c,contentum(riam quadrd^ 
tumhocaqudle eft quadratis reSiar urn a bJb Ct^nacumteSlangulobis fub a bJb Cycomprehen^ 
fo^t confiat ex 4.propoflib.t,) incommenfurabile eft compofito ex reHarum quadratis a h^ 
b Ct\ftpatet ex iy.propofMb.huiuf.Sedcor^poptum ex reSiarum quadratis a bJb c^Ratiomde 
eft, cum fit commenfurabile ofienfitm quadrato UneaRationali b c, Ifftur quadratum ex ac, 
quadrato Rationali b c,incommenfurabile,trrationale eft^atque adekrelia a cJrrationaliSyex 
loJefinitione lib.huius. Vocetur autem ex binisnominibuSyfeu\ft dliji loquuntur,Binomiumg 
quia ex duobus nomintbusjnempe ex duabus,Rationalibus potentia tantum commenfiirabilibuf ^ 

fcilicet a bJf c^componiturSi dtM i^ury^rc. Quod erat fiSkndendum, 

SCHOLIVM ci^rii. 

IT\A QV'S' exdtkJms'B^ionjlibtu fttentUfo&mcommtnJurMUhm^ocrt^nttif du* Utu/l'IrrtinoHdUt. Tlitm. retifdi 
^ inter CM (ft medio loco froptrtiontilis,* lrration4lisefi,qiut'MeJ$ayoaum: .Atyericomfo^atx iffisy IrrmmMit efiy * »*-^«in"« 
^xexbimrutninihudicitMr. *'7* **'™*. 

f 

Theor. i5. PropoH 3«. 

Si duasMedis potentia tantum commenfurabilescomponanturjquae Ratio- 
nale contineant : tota Irrationalis erit . Vocetur autem ex binis Mediis prima. 

C O MP O NANTVR dux MedU inuenta propofii9. lib. huius,fintjue i\U ab, 
b c^qu^t tantum potentia commenfuranturyO*qu£ Rationale conmeant^Dico totam a Cyeffe 
lrrationalem,Nam cum reita a bjit ad reSlam b c,')ft re^angulum fuba byb c,adquadra-' 
turn minoris b c,vtvult lemmaCUu^ propof^i.lib,huius,Sunt autem a bJf c»mcommenfura^ 



biles lon^tudine expofitioneyerunt reSlangulum fitb a b ,bc,& quadratum minoris b c, m« 
commenfurabilia,Vt con^ e:i:io.propofJib.huiiif:Rf^angulo ammfuh a b,b c,contento, 

K 
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commenjitrahile efii^uoiVufiA d bjf CyC^ quadrato minoris h c^commenfutMle eficompofi- 
tUm ex neStarum quadratis a hjb r, (N^n cum abj?c yfint commenfurahiles potmtia , erunt 
■ipfarumejuadrdUcommenfurJfiliaytttqtte adeo^t ex i6.propo/ttione coUigituryCompoJiwmex 
re^arumquadratis a byb Cy^ttadrato mnoris b CyCommenfurabile ) Igttur reStangulum btsfub 
^ bjb CyComprehen/Mm,&compoJitum iUudexre^arumquadratisy incommen/urabilia ff4ntf\>t 
conftdt ex iiSyqtta d Clduio funt trdditd fcholio propof.i^.lih,hmus.Comfofitum igttur ex re- 
Bdrum quddrdtis d b,b CyVna cum re^dngulo bis fub dbybc,ideft totum quadratum ex a r, 
quod httic compojito aqudle eft per ^.propofit.lib.t.rectangulo bis jvh d bjb c, contentOyincom- 
menfrrdbile <?/?,vr ifult ij.propofM.huius.Sed tidem readngulo bufub d bj? f , contentOyCom - 
menjurahile eftyquodfimel tantumfub dbyb CyContineturyVt JkpiJSime d nobis eftrepetitum. 
Qttdre quddrdtum ex d Cyrectdngulo fub dbjbc,efl incommenfurahile. Sed rectangulum fub 
d byb CyR.dtiondlepontturJgiturquddrdtumex d Cyhuic ^dtiondli incommenjurdbtleylrrdtio' 
ndle efiyper i o.defin.likhuiuSy dc proinde cJr rectd d Cylrrdtiondlu. Vocetur dutem ex bints 
Medits primdyVelvt dltj loqitunmr Bimedidk priuf^ Si igitur dudMediay &c. Quod erdt 
ofiendendum. 

tEMMAEXCLAVIO. 
Qjr o D fub linea Rational! & Irrationali continetur redanguIum,IrrationaIe eft. 

CONTIN EATVR reSangubtm ah c dyftih RationaU a d,dr Irrationali d c, Die* i^fum Irrk" 
tionale effe. Si enim , , 

. dicatur effe Rationale y yf ' o 

• iLdcdmi. xfaciet ipfum ad Ra^ 
tionaletn a </> af plica- 
turn latitudinem d c, 
RationaUm, ^md efi 
abfkrdum , ponitut 
enim d Cylrrationalis. 
Non ergo a c, Ratio^ 
nale efi. Igitur Irra- 
tionale.^odefi fro- 

Thcon27. Propof.39. 

Si duae Mediae potcntia tantum commcnfurabilcscomponantur, quae Me- 
dium contincant j tota Irrationalis crit. Vocetur autcm ex binis Mcdiis fccunda. 

COMPONA NT yB, dux Media dbybcy potemid tdntum commenfurdbiles, 
qud Medium continedntjtntjue inuenta per edyqud ddpropofx^Atb.huiusdocuimus. Dico 
totdm d Cyefjelrrdtiondkm. ExpondturRdtiottdlts d e,ddqudm dpplicetur rectdngukm dfi 
eequdlequddrdtoex d Cy^efcriptOy^. compojito ex rectdmmquddrdtis d b,b Cydliud rectdngu- 
lum defcribdtur ddedndcm Rdtiondlem d ejttjue d p.Quonidm quddrdtnm ex d Cyhoc eft re-. 
(Itmgulum dfyiUi dqiudeduobusquadrdtUyex d bjb c,defcriptUymdcumduobtts rectdngnlis 
ex d byb CyContentUyeftdquakyper ^.propofMb.t.erit rectdngulum hfyOqudle rectdngulobU 
fub d byb Cycontento, Ciim veroex hypotheji rectdngulum fib a b,b cftt Medium , erit 0* 
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hfiiUicommenfurahiU^Medittm lEJienim rectangulum h fydu^luni rectanguli fub 
comprehenf yVt con flat ex corolUrio CJatii/ propopi^. lik huitts. B^rfrs quid qu, 



I 







■ » I'll ^i 



ixj-'is-^ 



i^y i^^ 



Xpi/tz, 



Af edits 4 hyh c,potentiacommenfurahilihfis fitnt inter fecommenfurdhilidyerit^co 
ex rectarum quadratisytriquequadrato commenfurahile^atque adeo ^ rectangulum 
compoJitoaequdle^Sedtdrnquddratumex a h^quamquadratum ex h CyMediumefi. 
compofitum iUud^Medium erit,acproinde ^ rectdngiilum d gy vr coUigitur ex corol 
wj propofz j^.lik hum. Quoniam igitur Media d g,h fy adRationalem d e y/iint 
[namg hyRationali d eyejidqualis)erunt Idtitudines e gygfyB^tiondleSy&Rdtion 
u d eJ.ongitudmeincofnmenfuYdhileSy\^t confidt ex ii.propof.lih.hmHS»Deinde cur 
fint longitHdineincommenfurahilesfoqHe\^tdhyddh cjtdquddrdtumex a h^ddret 
fuh a hyh c.exlemmdte i.Clduij propojitionis i^Jikhuiusetitquddrdtumex d hy\ 
fuh d hyh CyContentOyinCommenJurdbileyVt JcholiumClduij 
drdto ex d h ^compofitum ex readtumquddrdtu d hyh Cytdmefiofienfumcommenfm 
rectdngfilo fuh d hyh c.commenfurdhile eft etidmyquod hufuh d hyh CyContinetur y 
me dnohiseftdemonfhdtum.Qudre exiiSyquatrddunturdCldHtoJcholiopropofi^. 
erit compofitum ex rectdrum quddrdtis d hyh Cyideft rectdngulum d gyrectdngulohi 
h cjooc eftjrectdngulo h fyincommenfutdhile.t^turcum ex i.propofit. lih.6.fitvt re\ 
d g,dd rectdngulum h ffc recta egyddrectamgfyerunt recta e gyg fyinter fe longi 
commenfur'dbil€Syfe3[1^^^ egyffj^mpndlesijrir^ tg^gfi 

potemid commenfurdhiles : Igiiur totd efyCompojttd exdudhtts Kdttondlihus pote\ 
commenfurdhilihusJrrdtionaliseflyVt yult sj.propofMk hum. Qudre rectangulm 
tentumfuh Rdtionali d e^cr Irrdtiondli e fylrrdtionale efty ex lemmdte Clduij pf 
^ntecedemisyac proinded^qudJrdtum ex d Cyhuic rectdngulo aqude ^Irrationale 
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quoqt$e a cjnanonalis^er loMJmMhMius.y'occmr autemcxUnis Mediis ficunddtVelve 
^iis placet Bimedi^fkmdmnJSi Mm iguur,(2rc.Quod erat o0en^ 

SCHOLlFTd ClUvII. 

V C%A yiT Etulides in prMedtnti fropojitime bne/tm IrrMtetutUm a e , iptx compommr ex duahus Me Jiff potentia 
iMt$^cen>ma^M}ilmt,qH*'^jti»tkdecmtineMt^biuisMttbis frimam.HfC yerelineamltr4timakm 4 c,^u^ compe- 
mtur ex dmibM Ttlediit potentu t/inttim comma^Mibtts^x Meaiffm contineMt,ex hmis Medrit fecMniUm,quoni4m Btji- 
tiamdt & ikitwt«tt& cogutitnepriH*^ Medie,qued Irratiotude eft^ex propof.xx. hmtu lib. 

LEMMA CLAVII. 

Si reda linea non bifariam fecetur, eric compofitum ex quadratis partium maius > quam 
redangulum fubparubus bis comprehenfum^ qvadraco eius linear, qua maiorparsmino* 
remfuperac. 

SECETV RreSta a d, in i, nonbifariamsttqHemaior pars a t, in quajkmaturh r, minori 
h d, AqHAliSj vtfita c , exceffus , qMA byfufCYAtb dy hoc eft b c, ipjib d, xquaUm. 

^ _ , — — , — — _ — ,4, 

dAy^ r 40- ^ ^^^ V 40— ]5^ y 5. a c,^ y 40—9^ v 10. clyi^ y 5. h d,^y 5 

Hicoquadrata. re^aruma b, b d,ftmul, maiorAeffereBangulobisfuhA bybdy quadrate re£td a c. 
1 7-fc€Wtt^- ^uoniafnenim quadrataexa b,b c, ^ aqualiajuntrectangulobis fub abyb c, vna cum quadrate ex 
a c, efiqueb c, tffib d, Aqualis:eTuntquoquequadrataexa b^ dydquaUareStanguhbisfuba b,bd, 
<vnacum quAdrato ex a c. ,^uare quadrataex 4 b, b d^miUinra funt quam re£tang$Uum bis fub a b,bd, 
quadrate reita a c.^uodejifrofofitum. 

GOROLLARIVMCLAVII. 

Eic hoc fequitiu:,quadrata partium insequaliumfimplicitcrefle maioraredangulo, quod bis fub parti- 
bus ihaequalibus concinetur. 

Tbeor. 28- Propof 40. 

S I dusreds lines poccntia incbmmcnfarabilcs componatitur; qu? faciant 
compofitum quidem ex ipfarum quadratis , Rationale ; quod autem Tub ipfis 
continetur>Mcdium:totaredla linea Irrationaliserit.Vocetur autem Maior. 

CO MPONAN^VK dua recu a h,h c,muentaper eayqwudocuimusfropof 
l^.fotentUincommenfuraUksJ^aciantque compofitum ex ipfarum quddnutiKMionaU^M re- 
(langulumfith ipfis contentum,J^edium.Dicototam a c,effeIrrationalem,Namcwn rectan^ 
gulumfiih a hj^ Cyexhypothefi Medium fit yerit^* his Cuh a hyh CyContentum^Mediumquo' 
que,\>t iam fiepifiime a nohisdemon^atum efiiAtvero compofitum ex rectarum quadratis ex 

I 

hypothefi poniturRdtionaleJfftur rectangulumhis fith a hj> cjhmc compofito incommenfit- 
tdhUeermKectangdum ftoqueUsfithahJb c,ymacum compofito ex rectarum quadratis ahy 

he. 
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b cjhn eftqmtirdmm ex a cjtncdrnm^fkr^Ule'iiiitttliihfofitci ^x tictAftim^^h'kiiis--d%,1/ c 
fer i-j.froftfM.hmttsJ^urckm cmpojii^ln ^&itdBjaidfnde ft,ent ^ttadratf^ d CihaicRit- 
tiofudi incommtnfrrMeJrrmonakt'vt Vuk ix^Jefin.lih.huitts^Ac proindetTtecta a c^Ir- 
ranondlU.Vocetur otttem MatoriMmdmpo^itduoquadrataex a hjb Cyde/cripta, '^nacum 
rectdngilo BisfitB a hj> CyCpmprehenfo, Sitqite comp«fitmn iU itMrnnehmffdo ffffuB a h^ 
h CyVt con/latexlemmdte CUH^dntecedentUfropofimnufii^uehmpofitumiUudKationale, 
&re^angultmMediMmyre^eyocMmrac,Mdor:NamaRamMli,qMdmdiftsffinomen 
fumititrSi iguurdudreSia,^c.Quoderat demonSirandum. 



• 4 



Thcor. 29. PropoC 41. 

Si du2rcc^£ lines potentia incommenfurabilcs componantur;qu^faciant 
coixipodtum quidcm exipQirumquadratis^Medium; quod autcm fubipifiscon'- 
tincturjRacionalcctoca rediilincalrrationaliscric Vocetur autcm Ratiohalc,ac 
JMedium potcns. 

CO MP O NJ NTf^R diue Media ittuenta fer ea/iua dd propofy. trauidintftfy 
Jtntjue a hj? Cjqm'mterfepot^mnoncommenfur4nMr,fkciant^ ^mpofitumeoi^ftrum 
qihulrdtUyMediwn,reSidngitlum 'Pero ftJfipfiscontemumyKationak. Dico totam a \,exillk 

duahus, Mediis compofium.effelrrdtionaUm. Ndm cum compopmm ex reBdrumjpadratk 
d hj> CyMediumJit exhypothep yQtMd^ferobisftihipfiscontinetur re^dngulumyJKitiorude, 
erit compofifumexreBdrumquddratis a hj^ cre^dngtdohHfiib d^hyh CyContentOyinimmen- 
ptrahiUyex ly.propofM.htim.C mtpofii mn igitm re x r eB w hi m quttimm ifb^ "c^VfAcShrC' 
{langulo bkjiuf a bjb cjhoc ejii^iudrdtumex d CydeJcriptumJmcommenfurMle efiredangu^ 
lobisfrb d ijb^civt confhuex&ddem iy.propoflib.hutHS.CumigttHr reilan^lumJm ftJ? d b, 
b CfContentmnyKdtumdU eodSidtyiffi enim reSiMnffdum iB$td dffhm reBan^tli Jub 4 ^ j b c, 
cmtenn)entquddrdtmi d cJbmcB^ttiendUimxtnmefifurMle^^ ex io.ieJmM.hu- 

htSyfeiid qttoque a cjrrdiiondlis, Vccetitr dtttem Rdtwndky dc Metbim ptitensypotepvnm 
compofittmexreBartmquddrdtit d b,b Cy^wdquidem Medium ejhyf^rkidtigiihm be Jub 
d bjf CyContentumyquodRdtionak exifhtJgiturcii^Raeiondklrrdtt^ndk nobdrksfitydho- 
hUioripdne primum nomen dejitmiturjgiturfiduid feiia^(&c, Qmd eratdemdnBrMum, 

Thcor. 30. PropoE42w 

S X dus tc€tx linear pocentia incoinmtnfurabiles componatitur^ux faclanc ic 
compofitum ex ipiarum quadratis , Mediii^ & quod fub ipfis continecur , M^- 
dium jincommenfurabileque compoficoex quadratis ipfarnmztota rt<^a linea 
Irrationalis erit. Vocecurautem bina Media potent. 

, COMPONJNTyRdMdr€£i4juperimmum^pne4,fUido(mmutprifpop 

' S 



A 
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It^fint^ue dhjf c^mter feinccmmenfirdlfUes f9tentU,fMientescomfojtm qua- 

drdtu Mediim^i^nBmffibm Jmipfo^edium,^ incommenfrrahUehnic cempoJito.Di' 



I 



"HJ/^mi^v-fi^^ iV),4-i)^(i)^» iS'o^i!<3( ,r») 



I 



€ 



^r2» 



2o 




tototam d € jcffetnathrudem, BxpondturRdtiorudis d e ,ad ftam ^pplicemr refiangulum 
df,a<judequddrato ex a c^Uerwnque reiianffthim ddeandimK^ifiottalem d e,appUcetur, 
^uaU comfofitoex reBantmquadrdtis 4 h^U Cyshqite dg, Qmnwn mtur quadratum ex 
d Cyhoc ejh,reiidngulum d f/equde ejicomfofito ex reHanm quadratis a%ih c^ vna cum re^ 
Sidngulo hisjkh d hjh CyContentOfVt confutt ex j\.propof.l^.i.erit reflanntlum hfireilan^ 
lolntfukd hjf CiComprehenfi aqttdle. Quonidmvero compofimmex re(Uritm quadratis a h, 
h cjhoc efljreSidngultmt d gy&refidngulum bisfuy d hjf c,Medidfimt,slntqfteapplicdtd ad 
Bjmndlem d e,fdcient Utitudmes e g^fiKdHondlesjipsique d eJ^at'umdhexpofitdlon^tU' 
dine incommenfufdhileSi^ft con^dt exz^.propofUy.hum.Rurfits chn compofttum ex reBd" 
rmtquddrdtis d bjb cJtdejijreSidngulum dgypt incommenfutahUerefidngulo ftth a htb cJEi^ 
derhdutemteSldnfftlo C9mmenfkrdtnle Oltfidtfquod Ins fry d y,b c,vtfiepijSime d nobis efire- 
fetkumycum hoc jit i&insduflum\sitqtte h f»erttnt dg^h fainter fe incommenfitrMlid. Citm 
dutem JitVtd gydd hf^tdreiid e gMreBdm g fyerunt eg^fJincommnfwMeslongitadi- 
neJamdUtemRdtiondles fkne ofienfa e g^gf.RdnotutlesJitm igitur e ggfy&folum poten- 
ti4€f*mmen(urdhiUs^promdetotd ef^xduid^KsR^tiondHbus fotentidtantitmcommenfurd' 
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hilil^HSCompofitaylrrdtionaliserit^^t Vult ^j.propofitiolikhuius.IgitHr reflangulum df yfuh 
Kdtionali d CyCsrlrrationaliefcomentumJrratmaleeftyCx lemmate Clauij propojfiaonis 
i%.ltb.hmHs:AtqueadeoO'^MdratHm€xa c^iUi aquaUJrrationale efl^reSla quoque a Cylr^ 
rationalis. l^ocetur dUtemknaMedUpotenSypoteJienimcompoJitumex reSlarum quadratis 
a hyhc^quod Medium €fly& reSidngHlumctiam fubipjis contentum, quod etiam Medium e^ 
oiienfumSiergodud reSia^&c.Quoderdt oSiendendum. 

LEMMAEXCLAVIO. 

S I reda linea in partes inaequales fccetur , & rurfus in alias partes insequales , crunt qua- 
drata partium magis inasqualium fimul ^ maiora quadratis partium minus insequalium £<* 
mul. 

SECE TV R re^a a byindquditer in Ci& rurfii^iiuqualiter in d, ssntque jriores partes a CyC i, 
magis injiquales yqukm fofieriifres a dyd hyDicoquadrataex a €yC h Jimulmaiof a ejfe quadratis ex a dy 

cJi C I 

a. . — I I I j t» 

aby^y4S. cbyT^y^. dcy^tyx. de^^i^M. dCyi^ytj. 
d dyj^ y xy—^ yu e d,^ y 3— 9^ y t. t Cy^ y 3. d hy^y 3^9^ y li 

d hjimuLBiuifaenim a hybifariamin eyCadet funSum dfvel inter e Cyvel inter a e. Cadatfrimhn 

inter e c.^oniamigitur rellangulum fub a CyC byVnkcum quadrat o ex e r,^ dquale ejl quadrate ex *jricctt&di. 

e b : Item reStangulum fuh a dyd byVna cum quadrate ex e dydMfuaU ejieidem quadrat^ ex e byerit 

reStangulum fub a CyC byVna cum quadrate ex e Cysujuale relfangulo Jub a dyd byVna cum quadrate ex 

e d.Ablatis i^tur quadratis ins^qnalibusreSfarum inaqualium e Cye dyCum quadratum exr e c^aiusfit 

quadrate ex e dyerit reliquum reStanguhm fub a CyC byminus relique re&angulefub adyd b\ac pre-- 

fterea&recfangulum bis fub a CyC byminus erit reStangulo bis fub a dydby^^mniam vera qtuuhratum 

ex a b^ equate efitam reCtangule bis fub a CyC byVna cum quadratis ex a CyC byquamrehaUguU-bis ^ 4* fccundi 

Jub a d,d byVna cum quadratis ex a dyd b,erit reStangulum bis fub a CyC byVna cum quadratis ex a Cy 

t bydquale reSfangulebis fub a dyd byvnacum quadratis ex adydb. ^uare cumre^angulUmbisfub 

a CyC byestenfumjit minus reCtangule bis fub a dyd bycrunt reliquaquadrata ex aCyC bymaiera reli- 

quis quadratis ex a dyd by^uedejtfrefefitum. 

Sedcadat iam d,inter ayC^^ueniam igitur partes aCyC b y magis iuM^uales penuntur ^quarn fortes 
a dyd byCrit a d,(qudminer eft pefterierum)maierquam c b (qud prierum miner eft) acpreinde cum 
4 CyC byaquaUsfintyeritreliqua e CyUumnrquam reliqua; d eyitaquequia reStangulum fub 4 CyC byVna 
cum quadrate ex e ci^ aquale eft quadrate ex e b:Itemreii4nguUmfub a dyd b y^jna cum quadrate IsAcoaH: 



ie 



a 



ady^ty j-f-^ty i. 



1 

exd ey£quak eft quadrate ex a eyhec efty eidem quadrate exe b\ erit reBangukm fub aCycby vna 
cum quadrate ex e Cydquafe reStanguleft^ a. dyd by^nk cum quadrate ex d e.^ Igitur vt prius demen- 
ftrabimus quadrat a ex a CyC bymaiera effe quadratis ex a dyd by^md eftprepefttum. 
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Theor-si. PropoC4j. 

QviE cxbifiisnomi&ibQsadvnumdilntaxacpundumdiuiclkur i& nomina. 

S IT exlmU nommihs d b^ii^a dd funSUm r> fua nominayita vr 4 r,f byfint Rd- 
mndes fotmtUtdnmmcommmfmakles,\t vult pro^of.^^Mkhuius. Dico a bynonfoffidi' 
uidiadalfHd ftmHum in alia nomna^ta \tfint ttiam Rationales lima fwtenfia tantHmcom- 
menfirabiUsQupdfifienfotefijftittidattiriterttma b^ fuanominainfun6io djioneriti^- 

C J f 

(L I I . ' ' I ' ' ' ^ b 

fxr 4 b^iuifaUfammin punSlo Cf^diaseffent tongitudine tommenfrrabiles a CtC byQttodcfi 

tontrahypotheJtntponuntwenhneJletantumtommenfHrabilespotetttu ^i rationenejue ab, 

in punBo jdtkifariam jicahitur^fMm a d^d bfint tamhttetiamKattonaUsy& potentia folMm 

rommenfur^ilesSecentr a bttamin punilo Cyintamin pun^o dJinaquaUttr^gitur partes ac, 

c b^lminiis^elmagUinaquaks funt partihtts ad^d b^acpropterea per lemma antecedens 

traditumaClamoy(quadraxa ex a ejc b^quadratisex a d,d b^Vel minora^elmMora fHnt(non 

tnim partes a dji b^vbicunque punctttm djcecideritypambtts a CyC b/equales erttnt,nimirum 

maiormaiori,^ minor minori/tHas hoc ratione a bjecaretur ineadem nomina^inqua feBa 

efl prima dimfione/^dnon ponitur.)Si')feroahaquahbHsinaqualia auferantwr,exxe[fHS rep" 

du9r«m,abUtorHm exceffm efiaqualts, Vf constat ex i6,pronunciato a Clauio traduo ad ini- 

tiumltb.i.Smt autemquadrataex a CyC b;»nacumreBangulo ex a cjc b^ contentoaqualia 

^uadratisex a dyd b^y^natmn reSlanfftlobtffnb a d,d by'Vt Vult ^.propofM.i. Indefit ,Vf 

quiexceffusfiteritaklaticqmpofitiexreBanmquadram a c^c b^&'abUticompofitiex reSia^ 

t^m quadratit a d^ bjdemjit reHquireRangtdt btsfuba Cycby^^reliqui rectanguli bitfrb 

4 dydbyExceffusautem compofiti ex rectarum quadratit a c^c by(y compofitiex rectarum qua- 

jdratk a dj b^aiitmt efi rationale ( nam aim ac^cbyex hypothefifint Rationales , f^folwn 

potentia commenjitrabtles^/erunt & <arum quadrata rationalia , ac proinde t^ compofitum ex 

rectarum quadratisRMonak,exiis,qikc a CUuioJuht traditafcholio propofi4^ld>.huifts.P4^ 

HramneO'compolitttmexrect4rumquadrati$ a d^b^Rationale erityQuare cum Rationale 

fuperttR4tionale,Rationali,Vt Vtdt fiholium Clamj propofiyJib,ht$ittty manifefhtm eft , ex- 

ceffumcompoptiexrectarumquddratis a c^c b,(^ compofiti exrectarumquadratis 4dyd byfba- 

tium ef[e%ationale'^I^turexcejfus rectangulibis fub a cjc byt^f rectanguli fuh a dj bMsiffd" 

tiumetii^ Rationale eJi.Sedreaangulum fib a CyC byRatiomdibus potentia folum comment 

furabilib^^ediumefltVtdocet zt,fropof.lib.huimJgimrf^qtiMiffib a c,cb,Mfdium 

quoque erityper eayquaa ClauiotradunturincoroJLpropoft/^lib.huitif,Similiargumento rec~ 

tangulum bis fib a dyd byMedium efi,Quarecum ex t y.propofhuim Itb. Medium a Medio 

non fiperetUTyRationMiynon erit exceffus rectanguli bis fub a Cy/cb/iecrectanguh bis fib a dy 

db,Rationalefiatium,Sed Rationale effedemonfhauimus.QugdefiabfitrdumJgitur exbi- 

nit nominibus a b,non poteft diuidiadaliud punctum/ptam ad c,/in fua HQmina;Sedad vnum 

dumtaxat punctuminfia nominadimittur, Quoderat ofjendendtm, 

Thcor. 
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Thcor. 32. Propof. 44. 

Qv £ ex binis Mediis prima ad vnum duntaxat pundum diuiditur in no^ 



StT rectd a h,ex Binis Mediis prima dinifain puhdo 'cJUftta nomina^ta Vr a c,c h,pnt 
MedidfotentidcommenfiraBiUsy^tM Rationale contineant,\tvult propof ^S.liB.huius. Dico 
a h^aliud punctum minime diutdi poffe in alia nominayita v/ pnt etiam dua Media poten^ 
tia inter fe commenfurahilesyfadentef^ue rectangulumfuh ipps contentum. Rationale. Quodfi 
fieri potefijit iterrnn a Bydiuijainpuncto dyVhicumqueigiturceciderit punctum didemonfint^ 



a 



himusvt inantecedentiexceffum rectan^Uhis fuh a c^c hy(^ rectangulihis fuh a d,d l,eun' 
demeffeyquicompojitiexquadnitisreaarum a CyC hy&compofiti exrectarumquadratisa d, 
d hyAtqui excejftis rectanguli Bis fuh a c^ h,0' exceffusreaanguli his fub a dyd hi^atium efi 
RationaUynam cum reBangulum fub a CyC by ex bypotheft Rationale fit , erit cJT* qk^d btsfub 
4 CiC bycontimtur Rationale, ^t fepediodmuSyPari armtmento erit reBangulumftS a d^d b. 
Rationale atqueadeo& quod btsfub a dy4 b,Igitur cum Rationale fitperet RattonaleyRatio- 
naliylftdemon^auit CUmus infiholio propof ty. lib, huius,manifeIi^dignoJcitur eiccejfum 
reSianguli bis Jidf a CyC by& reSttmguli bu fub a dyd bjpatium effe Rationale, I^tur exceffus 
comptfitiexreSiarumquadratis a CyC by&excejptscompofiti exrectarumquadratu ad,dby 
fpdtidfunt Rationalia.Cumautemrecla a c^c b^fint Media y&poteritia commenfurabilesy 
erunt earumquadrataMediayO* commenfitrabilia ,atque compofitumex reaarumquadratis 
4 CjC byVtriquequadraiocommenfurabile per U.propoflib.huius, Cum atttem amboquadratd 
illafint Media,erit &compofitumexipfsMediumyexcorollario CUtuj propof i^.lib.huifts. 
Pari ratione & compofitum ex rectarum quadratis a dyd b,Medium demonShahimtis; $ed 
MediumnonfuperatMedittmyRat'umaliy^tconilat exzj.propoflihri huis/s.Intur excefjut 
compopti ex rectarum quadratis a r,r by^compofiti ex rectarum quddratis a dyd byfpanum 
Rationale non eft ySed rationale oSiendimus effe. Quod perabfurdum nonifftur a bycxbims 
Af edits primd adaliudpunfiumqitamad Cy in fitanomina diuiditur yf^c. Quod entt o^en^ 
dendum. 

Theor 33. Propof 45. 

QviE ex binis Mediis fecunda ad vnum duntaxat pundum diuiditur in no- 
mina. 

Sit d byfx binis Mediis ficundddiuiptin pun^o Cyin fuanominaitd'Vt a CycbyMedid fint 
tantum potentiacommenjuralnles Medium continentes^t\>ult propof ^^Mb.huiiis. Dico a b, 
ad aUudpunSlumnott poffediuidi inalia nomina, quafint etidmlinea Medi^, &potentia 
cormnenfurahiles Medium comprehendentes. Si enim fieri poteftdiuipt fit iterum db yin did 

T 
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nominad d,d hj^mr \hicunque punflum dyCecUer'u^monfhrdhmusVtin propof.^^.qikt- 

dratit ex d ccb^mdiordeffequddrdtis d djd h;^mtnard. Ex^ondtur rdtiondUs e f^quam 



-.t 



^pplicetitr reBdnffdum eg^uddrdto d h^qUdUMtdndemque rdtiondlem e f^oMreSidnr- 
fftiMmdp^UceturdqHdlecompofitoexreSidrumqttddrdtis d Ctchjitjite iUud e hjefit i^tur ir- 
liqHMm ig^qudU reHdnguloUs fub d Cycy,contento,Efiemmquddrdmmex d y^qudleqM^ 
dramrtBdrum d c^c h;\fndcumfc£idngtdoht$ fuh d CyC h^ententoSimtUmodo dd cfytp^li-' 
tetttr re^djngulum e k^dqudle cotnpofoo ex reiidrum quddrdtis ddj.h, erit etidm reliquum 
I gjreB^^&'btsJMb d a,d Kcontento^qiMle^Qmmdm'veroquddrdtd ex d CyC htinaqudlU 




fh,T^ y ij-j- hgt ^ y \t. ReSldng, eh,^ y t^u Re^dng. ig,^ y 191, 

JuntquddrdtU ex d dyd h^ermt reSfdnguU e h,e )iijSlisaqttdUd,inaqudlidtTeSUqttoquefbt 
fkiirueqifdles. Kwrpsschnquddratd ex d cjc h^fint mdiordex lemmdte CUuifpropefj^Jiy. 
hm$ts,re^d)tgulohis fry d c,ch^t rectdngultm ehjnuuHSiqudmrectdn^lum i g/tc frofter- 
td e hjmam , qudm dimidium if pus e g ^ideique tsr rectd f h^mdior , quam dimidimnipjttts 
fgipdridrfftmentodemon^<dfimftsrectdmfkimdioremelJ[edmidi9fg,Sunt ifftwr inaqud- 
let pdms f hjjgypdrt^ f k,k gJtnguU fingults. Quonidtn vero ac,ch, Medutfrht , ^ 
potentid folum commenfurabiUi^mt tsr edrum quddrdtd,MedidyO' inter ficommenfrrM^i' 
iid,Q»dre ccmpojteumexrectdrumquddr^is d CtcbyVtriquequddrdtoex dc^c b^defctipto 
commenfrrdbiU erit,per i6.propof.lib.huiMS funt dutemquddrdtd ex d c,c bydefcriptdyMe- 
didylgitttr^compcptum UludyMedium erit ex coroHtrio Ctdtuj propof.i^lihJmm,Parird" 
tione eritCrrectdngulum e kyMedium^Cum rectangiiU eh,e k^dd Rdtiondlem ^licdtd 
fdcidnt IdtitudinesfhfkyRdtiondlefyf^Rdtunudi e fyexpofitie hngitudine incmmmnjkrd^ 
MlesyVtVult 2^.propoflib.hidus,Eodem modoatmreSidngiuumftih 4 c,c b, Medium fit yerif 
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if^ qua^hii ftth A c\C h^conmttwr^Mtimmynpi^ifum igfumfit iBi commenfiirdhile^x tor 
dsm coroUario profofx^Q^^ccumabpUcetw adRjuionalem h i,erit reBa kg, R^tionalif 
iffijue h iylon^tudine incommenfttravUiSfVtdocet xi.frof6f.lA. hum, Non dlid ratione di" 
moh§iraifUt(r reSUngutum I gyMtJ^Mmeffs^redafn k g,Rationalemiffi k IJongitudint 
inc9mmenfMralnlem,R$irfiiscHm a c,c y,MedUj$nt lonprndinemcommen/kralfilefy/r^vt 
a Cyod c Ifjtaper lemma i.CUuij frofof.i^M.humquadratmnex a c,ad reSlangniwnfiik 
d CyC y,eritquadratumex a CtTtClangulo fuh d)c,clf,contento,incorumenfurdhile,VtVult 10. 
fropoflih.hniHS.QuddrMoautemex 4 CyCommenfurdhile eflcomfojitumex reSiantrnquadrd^ 
its a Cychy "9t iam frddi^um frit. Rfidangulo^ero ]uh dCyC hyconttnto commenfurdlnU t^, 
^Hodhts fuh d CyC hyComimtwr.Quare comfofitum exreBarHmquadratk dCychyhoc efire^ 
aangulum e hfincommenJurdkU efi, per fcholtHmClauij propof. 10. Ith. huius yfeSldngulo kk 
fuh a CyC hyhoc ejire^dfiffilo i gyl^mt€umex i.fexticonSiet elje,\ft reSi<tngtdf^m e hydd rr- 
Hangulum igyitd reSta f h,dd re^am h g,erunifhyh gjongitudine mcommenfttrahiles , Ra- 
tionales tdmen oSienpt ptntiRdtionales i^turfttnt f hj> g, O'folum potentid commenfurahi- 
let.jt^ueadeo&totafgycompojitd ex ditahus Rationdltlftis inter fi potentia tamum com". 
menfuraJnUyttSytrrdtiondUy^tt docet 3 y.prQpof.lib.httittStqtue exhinisnomindntsappelUtur^i- 
uifSque in punSlo hjn fua nomina. Sed eodem argumento demonShrdhimus reSfam fg , ex hinit 
nominiyus diuifan^effe in alia nomina in pmilo k>Qi*od fieri non poteftyfix iis,qud ad propofi 
j^yfiAtdemonfirata.Qiare a b^hinuMedus fecunda ad'»numdnnt4XM ptmSiumdimdi' 
tur.t^^ciifrersrvBmthnbnm-, ; . : " —-^ ; , 

Theor. 34. PropoC45- 

M A I o R ad vnum duntaxat pun^um diuiditut in nomina. . 

SIT refia a h^diuifa in. fua nomina in pnnflo cjna vr a r,r h yfint reBd potemia incotru 
menfuTdhilesyjua frciantcompofititm ex re{idrmn qnadrdtUyRdzionaUyReBangulmny^ftii 
ipfis contentum, Mediumyt ^fult propof.^o.hum lib.Dico a knon poffcdimdi adaliud pun- 
aum,in alia nomindy^uaetiMn.Jint lineaincommen/urdlnlei pottmiafddem^l^ampofitmn 
ex ipfarum quadrdtu^rationdletCr reiUngulnm fiihipfitamiprehenfimyMediim.(^todJifir* 



a 



hn4 -TZnl 



^fi8'4-'BCVio8)-4^'^A?— BO^log) 



ripotefditudatwiterum a hyin alia nomina in punfio Jilgiturvhicumque cedderit punfium 
dyoftendemus vr in propof.^^.exceffum campopti ex re^arum quadratis acycby& compofiti 
exreSiarumquddrdtif a d,d byeundemejjeyqui rectanntlibisfrb a c,c b, (^rectanguli btf/ub 
4 dyd biJ^tveriexcefftif compofiti ex rect4rHmftadr4tif 4Cycb , (^compofiti ex rectaarim 
qnadrdiit 4 djd byJj>4tiitmefiRdtionaley[nMicmi tdmcompofitwnexreaartimquadrdtit 4r, 
c b,qtkim compofitim ex rectanm quadratif 4 dj bjit R4tiondle,erit per e4yfut CktiiMsde^ 
fiionSiramt fchdUo pr4pofiz7Jibrihmm,forumexeejpuJh4tiim Rationale.) Quanf^excef' 
fMSteetangdibtifm 4 c^ b^ nct4ngitlibtsfrb4 dyd byRdtionaliiefi. Chnamem rectdH» 
gHlumfub d CiC by^xhypothefifitMedkm^O'citiidiiplumy Medittm, nimimmqttod hit 



•• >^ 



Digitized by VjOOQLC 



16 E V C L I D I S 

[uk a CiC hyconimetur^tx a>roUario Clatuj propof. 24. lih. huitts. Pari rations & ^ftod h'afuh 
A dj If, Medium. Medium vero non fupetdt MediunifRdtionali , Vr docet t y.propoflih. hu* 
ius. Quare excejjus rectanguli htsfuy a ^ychytuc reaanguli btsfrlf a dyd htjj>anum eji Ratio^ 
naUtRtttioMletamen effediximHS.Qupdper'JffirdHm.Non igimrMaior aJ^^ad aliud pun-- 
ctttm quam ad c,in fua nomina dimdimrjed ad\num dnntaxai punctum in fua nomina di>- 
mdifotefi.Q^efatdemonihranditm, 

Thcor. 35* PropoC 47. 

Rationaib ac Medium poccns^advnuniduntaxat pundum diuiditur ia 
nomina. . ' 

SIT ab, linea, Kationalcy ae Medium potens, "^quajit diuifa in punfio r, injita nomina^ 
itavt a Cjcbjint reSia incommenfurMnJes potential facientes tompofitttmtx ipfartim quadra^ 
tis,Medium:re^anfftlumVeri/ubipJiscontenmm, Rationale. Dico ab^non poffe diuidiad 
aliud ptm^umimdianominayqua Jint etiam linea potentia incommenfftrahiles ^quarumcom" 
pofiium ex ipJarwnquadrMKJitMedium^reSiahgultim \ero fuhipfiscontenmmtRationale. Si 



'pen aliter fieri potfPyJtt iterum a b^imfain punSio djn alia nomina. Tgiturvbiatmque pun- 
Hum CiCeciderit,non fecus ac in propof/^jJib.huiiff oftendemusexeeffum re^ianguli bis fid? a r, 
c b,(ir refiangulibii fub a dyd bjiundem effeyquicompofitiexre^arumquadratis ac,cb>0' 
compofitiexreHarttmquadratis a dyd b^edexcejfHsreSianguli bisfuba CyC byC^^r cxeeffits re- 
^t^li Irttfuh a dyd bjjj^atikmefi Rationale y\t pari medio yquo^^fifitmuspropofitione 44. 
libMttimddnoii^are facile eft. Quote exceffiis compofiti ex reflarum quadratis aCycb yO* 
compopntxre^ntmquadratis^ dyd bjpatium Rationale eft.Qum autem compofitaexipfa- 
^rum quadfattSjfint MediayMedium autemnon fitperet MediumyRationaliy^t docet i.j.pro- 
pofiltb.huitUynonerit eorumexcejJHS fpatiufn RationaleiRationaletamendiximus.Qmd ah- 
fitrdum.Nonigitur re(ia a byin fita nomina diuiditur adaliudpunflumyquamad CySed a b, 
qua Rationalcyt!T Medium poteftinvnumtbintaxatpunBum diuiditur in fitanomina.Quod 
erat ofienden^m. 

Thcor. 35. Proper 48. 

BiNA Media potcns^dvnum duntaxatpundium diuiditur in nomina. 

SIT linea a bjbina Media potensydiuifa infmnomina in punHo cjaa \t a CyC bjint re* 
Bapotentia incomnwnfmabilesyqud f octant compofitum ex. ipfitrum quadratis. Medium} rr- 
dangulum ^ero fubipfis contentmH,Mediumyf2r incommenfitrabile compofito ex ipfitrum qna- 
drattSy\tyftdtpropof./^x.Uh.huiMsJ)ico a b^non poffediuidiodaliudpunifiuminalianommaf 
quaetiamfint reila potentiaincommenfitrabiles yfodentes compofitttmex ipfitrmnquadratu. 
Medium^ rectangidumfitb ipfis contentum , Medium , inccmmenfisramUque compofito ex 

rectorum 
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JELEM£f4TVKt DECIVIVWi 7? 

recMfumqfkiirmSimmfm^teft^ recta d t^Jn pumo d^ 

I^mf^fikmftefundum dtfixtiifnfjjeff^hrmidnefdcntVf in j^^fro^MMmsamon^dio 



gt f t d f 

it ' 




fhi^Yto» hi,vjtyJi-^ Kectaiig, c h,i^ i fid, Recrafig.$i,ity j^nos 
iimufVt iyi,partesfhth^ipanilf/iffkjs.g»b4qiiahselfejtnffd4{finffdu^ Quonuimi^tur 




naUm ef,dpplicdta Uiitudines ifftduHt Rdtion^s, ^ iffi Rationali expttfitd incommenfura • 
klesloii^mam€y'\ft confhsu ex iypropefJikhMus. Qiiare recuefhihgy Rationales eruriti^ 
' ijif e fihtommenfitr^ikslon^tuaine.EddemtaHonedemcn^akm^ 
naks ejjetipji^ue efiRationali expoptiaUngttudine incontmenfiirakilef. Cumamim compofi- 
tumexrectarHmquadratu dCictfiiilc hypothefiineofn'menfurakle pt rectan^lo Insfukaci 
ch^erunt rectanguU e h, ig, inter fiine6htnittfm^ilia(efietttm e h,CMtp6jftotxrect4}um 
ijHadratis a c,cht£t^ualeCigirectdnguloyit juhacich,) Qnoniam vertex Lpropoflih.i, 
confiat effe^vt rectahgulum e h/id rectahptlum ig,itare^afhyad rectam h g,enmt ideo 
leetAfkyhg^ttcommenfurahilesilam v«r« Rationales fnm oiknfa^tHrfhJf g^ Rationales 

V 



:i 
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yi" • ' ' E VGL I DI S 

ftmt ^(Hrfotikn fKitentkt cmnmfhhMet^ QjtdrtMttfgi at AiuJmt Ratioiutlilffit ^tentia 

pMMminain functo h,Nm4it^ndemonShal}mmrectam f gyfcaamtffe inMU nomindiri 
functo kiQuod ^-soyfurdtmyt cottfl4tex4^.pr»pofM.htMts.Qit4rc recta a yjnmi Media 
potenf^non jntefldimdiaddtkd pttncnm ^^uamad cjinfud nomimylmodd^nwndumaxat 
fitrKHimditiditur.Qitoder4idmt»itiwidHm. 



"tr^ 



m 



DEFINITIONES 

i SjE C V N D AB 

|pXposttA Raciona|i3& qu^ ex binis hbmihibufi^diuifkin nomina^ciiius m^Uus ho^ 
ineto plus poffit quai^ minus iquadratoredaslinexfibi longicudine commenfura* 



ne 



biliSi 

I • 1 • ^* 

3| qaidem maksnottKnex^c^fiueRationaii cdtfoinetirucabile fit londtudir 
) Vocecur toca ex binis iomini^vs prima. T 



i prima. 

' 1 1. 

i 



Sivero minus nomen expofidc Rationali longitttdine fit cdmmenfiutbile^ 
Vocicur ex binis nominib is fccutlda. I 

m I < 1 

^jaD-fiaayumimiprtyBin nfttaiii<iB>>fi<ldiigttiwl«tfrcoB^^ 
pofiv^^Racionali -, Vocetupex bini^ ^ominibus tenia. 

Rtirfus flmaiusxioincnpius pofli^qujuh jmnus^quadraco tedtx \mHt fibi longitudineia- 
comminrurabilis. 

• :. . . ' ■ . nil. •■ 

Si quljemmaiusnoniencxpofitx Rationali comraenfurabile fit lohgitudi* 
ne ; Vocetur ex binis nominibusquar^a. * 

- .. . • -. , ■. -..^y , 

^fi vet&ti^iou^ npmen;Vocctor qointa, 

• ;' ~'-:-^- ■ -.vi. . 

.< QyoDfinentrumJpfoniinciominttBQrVocetur fc3^ta. 

\ •■•. .•.■--•.•..••■' ^ ■.• :•.■,; 

SCHOliFM CL^Vlh 
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ELEMENTVM DECIMVM. ^f 

^m/tex Urns mnmnh/Hi Jieitur^/imt Unedt ^jttimJes fotmria iMtitm catnmo^aMes, if on fterit yttmntpe mmm extoftu 
t^pio$iJi€mMimptralnle efjelongtnJ^ i^tjftmquoqHclimKUf^itMduieitttar fc cammmfkrMes 

yt mfchblio frofofiiuhmus bbri jQcmnm^fiodmn fwmtwr.) Sedyelyrmnuntum^nem^e fn^HSaut fngha^ ret netttr»m: 
jttque ita prid ffners cof^krffmt Unearmn^ ^ ex Unismmndinsyotmtvr. B^fus fdd mmmd inxqU^dUfimt \ (Ji^ 
tmmtffem ih$id inter fiMgHMiSne coimnaifitrdbiles'/^ mftiu$mfmpipbis^f$0m mimfjottddrdt^ 

Hnedjiln longmdine c0mmenJurdlnlir;¥dimdnmmfurdbtUs:Etfigmdem flus poprquudrato lined lonptudine fiU com^ 
men/iirdtntif^e^nftiiuentMr^ynammrm^^ mmimhts^nimimn primd,fecimdd,& 

tenidekbi»Unmmniktis:$iimi fists fop^ ituommdtfittdbms^aentmr ynicmne^dem hi* 

tfM nnenb'iudlid tres Aturpcwud ex btnisnommbMs^yidelicct ftmd exhfUtnoniimlmSiqmntd^'&fextd^yt ex de^nmnibiti 
lncdbEiKtidctrd£tisperJ^kuMm(fiSuntipturfexdiM^^ 

ftJehridtftemMmliaes mmdiortSnefde^^ nrnMs^^Mdrat^reBd lined fiU 

UngtuSne commeKfifrdUbs ; Secmddsyeri tres reBJMdt^ qmlm mdittf mmen flits fkeft^qndm mintb^qtktdrdto reSd ^ 
nedfihi inc^mmerftttMUsloiifftudineifriftercd ftod commenJitrdUle^eccdit incpmmenfurdbileyyt mdnifeftum e/l. 

tf^ijisreBitmiKimerUiedS exhimsnM mdmtnomen cemmenfarabile efi Unnttt- 

dine eifpfitdliHedl^jiticndBi&fitmuU^ nimttintmenadem^,^tti$9MUnede:^ojHdl^ eft commenptrdbi^ 

ieyomnidm mdins ndtitrd dnteceati mtnusiemn nmms i mdori continedSttr; tertidm yero ; in and nentrum ifforum nomitmm 
cxpofitd ^dtiondB lanfftndine e$ commenfirdUle:Et iH reUfms trilms itoskm imdojprimdm l£&ifecmdii^(kms fkcrtdm dp- 
felldhsifecitfuldmyqmn$dnp'y&tertidmjh^40^^ 

ProbLij. trdpc>r.4^. 

ikvEi^iRBCzbini& AdininiBusprimani; . 

K£ PER TtSduohiunumeruquddnuu d h^ bMffi 9& 4*^iiortiiif exctffut 4 c,niJ 
mirtm ^inonptquddratusita^t ^.(^ j^bahant ratmem,!judmnHmeiriqiiddrdti,j4tyero f, 
0'^,nonhJfeMtproportionemttum€roriiiinq^morum.Deinde exfofuttarK/tiiotudis d^ 
etiam hngitudinie commenfurMlu ft racM tfJBim i^HHf *.ff R/iM ii dii 4 , f immni^Jhilk 
fo>»gtf»toif»R4«art<i/tf.Pfttf ft^am Vf numtm dh^idifi 9^n mfm nac^idtfi ^itd fer 




1 






Mi«ii 



^ 



vot^mmClMtj fropof:6dih:hmusJqikidrdtum 'ex efiddquadratkm ifxfg,Dico rectam 
t g^effe ex bints nominihus friindm.QuonUmeniin qitadratd est t f»fg>fiint commenfitrdbilid 
edndem rdt'umem bahmtid int(rfi,quam numeri 9,cr 'i.etmt Qr rectk efifgi/dltem foteniid 
€ommenfiirdbiks,'pt eonfiae ex 6.pro^fJibMiiu.RMonMitd»temefieikn[d HfiRdticmlk 
4fftttrerit(^fg,qfttt Mi eficommtnfwdklis, SedqiHid Humeri ^.(^^.mntbdbent rdii&nem, 
qudm numen quadrdti hdbentjdeo tiecquddratd tx e f/girdtionem bdbere ^jfuntj^mah nu- 
merus quadratiu bahet dd numanm quddrdtmniQjidre fer ^.prbpofitMkhuiitf, fectd effg^ 
•hn^mdine fine tntommenJkrdhiU'tJj^tur tffg,Rdn<mdtef/kHt,(!jrtaHtHmf»teiitid eom^ 
inenfiirdhilefyJtqueddeoS'totd e gitorlifofhdexdiudmifRdmndlibttspoientidtdmMninth 
fi c«mmenfi&dbilih/tfJmm9tidUserif,fer jj.pr(ifofM.buitif,Dieo i^primdm e0.Ndmeifm 
0tM MtmerusqkddrdtHS $.dd nrnnerim hoH ^Uddrdeim 5 .itd fuddratttm extfidd dttddrd^ 
if^exfgiSitMtetnnUmerMS $imdioriqUdm %,em ei^ ^fuddrdtumex efinidimyqitdmfid-^ 
dfdttmexfgySit igiturmaimquddrMofect* b^xlemmdteCldii^frofofij^l^.bmi§s.T^tt 
ctimft\t ^.ad yUquddrdtumex e f^quddrdtumex fgicritquoque percMuerfionemrd' 
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$o EVCLIplS 

tiomsvt d iffUdx iMff^ 9^ ^^videlictt ddexceffumyquosmeiceJeHf 4 hff.fiferdt «m* 

fi^tentem \js4^drtitum efiddqiktdntttimtxhinmmmadexctffum.^aH^ 

J^MMim t fffiferatconfi^ens quadrdthmfg. Numrnu ifutetn 9. 4d 4. halfet Katiemn^ 

hkunt nkidneHn infir fiide fromde reBd e f,0' hjongtfudme fitpt coihhuhfurJfiieStVtvtdf 
^,mpofJiif4mmf.QiMVenmai«sne$neH tf^lus poteli.^uam miMu.fg,quadrato re{U h^ 
jaiiot^Miikfaanfiienfut^^ i fyKamnoHd^xpopu longtmdtnecoth^ 

meujtirahikiem at frkuddefiftttionetdtfimtwrnm Itatrtdarum, nBa e.g.tx hmknommtkut 
ti^m4.hmtnt4^^mrtxlnttU'iumMfksfrm^ 

Pro W 14- PfopoCjo-. 

I H V kK t k k tzbmis hoitnmi)>il^ fctkiindani^ 

REFER TlS duohusmanens^^^uddiratu d ^,r hjd ef 9.^ 4.V> indmeccdenit prof9- 
fiumeJExf>ondmr k^tiotuilu qtueddtn d^ tP" ^ lon^tudint commenfurJnlu fimuuwralU fg, 
wt ^mrCrfgyRdtioiudi d/xmmenfiirdlfdtt^RatioMiu. Deindefuu^^t nmmus dtM^ 
^ddimnertim d hjtltf ^.UdjrercarolUriumClduijfro^of.e lih.hmtis^uddrd$um txfg^ 
^^uddnuumtx efDim egtcji txii$tanommilmsfiamd4m,Ndmdim ^ttddnttdex f g, tr 

■■ d, — — • — ; ■ 4.. ' .'"' 'y 



ii.hu'tMsi^Hch^fg^<fJdltanfoteknd fommnfiaralfUes.SedfgtRditctuitf ffoihnfd^ 
iptwr t ftRdtHOuMt fft. Qmd \€n %%tT^,wtn lud^t fr r uDofjioHm > Jti^ numeriiptdd:tdn 
bJfemJdeinectftadratdix f g<fi f^edndem rdtionemhdhelfunt rf^Uigimrfgy&ffAwom" 
•mt^nfrntA'dts ffmt lotifftudweiVtVuh 9.fr<fof.iik, hum. Sed rdtknmes fimt oiknjd'. Igiwr 
fgitjyefJRdiHmJtsfsm^jiljmamMne)^ totd t g^exdiu-' 

hu Rdtiondlilms toMum petamdccmmenfmMik^cotttpofitd Irrdtionalt^efi fer 3 j.^pof, 
i^Jjkmsi^ exyimwminihmdidtur.Dico ^feamddm effe.Ndtn ciim fie W mmtrus ^ dd 
i^td ^Uddrdtumexfg /td^f id d rdtum tx fff^coiMterttndoVt ^utd ^.Udquddrtuumex cf, 
dd^ttddmtimexfg^u duttm numerw %mdior mtrnerQ yem^'^tiddmtfimex ef, maim 
^uMfdeo tx fg^if ^imrmaiUfifUddrdtoHiU h^xlemmdt< CUa^ frbfafA^M^hmmilffi- 
utr^t in dtuteedetut dtmpn^akitttr ¥<^iamh,ioi^Uiidwe effecommenfitrdhlcm rt^d tf^ 
■Qudreammduuwmm e fyd«r fofiity^Mm minuffg ^mudrdto n^ hifluJotifftudittf 
iiommtHfitr<akiisJkjtte mdittfnomtn t'f^RdUondli d^txfiejudlongimdmindmme^urdl^^ 
jttiitii^VerieidemRdtkndUcomm^fimttiiUlonfft^^ riild t gttfxhausnommAm fi" 
/9f9<^V/lw/!c ^d^^^OjfiamdapimdifimnimimJnHehUffigktw Qmdcmtfddcn^ 
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/ ELEMENTVM DICIMVM: It 

Probl I J. Propof. $h 

iNvkkiREcx binis nomihibus iertiam; 

REP^ KJ'IS dubbus nuniiryjuadrdtis a Kc hMefi s.& 4: V/ m fro^bf.^i tuiniU 
tttr alius Humerus Udefl 6:<^uinecad 9'necdd j^haheiU rdtionem^^ukm humeri ^uadrad 
hahent inter fcyquod facile jiet,Jtfum4titr S.nonqiiadratutyqui proxime efiinaior,quain 5« 
JVittm ciim non fit quadratus , non hdhehit dd numerum quadrdtwn ah, ratiohem numerorum. 
quadratorum.RurJuscum 6.noHquadratus pt proximi maior^qudm a c,ideji ^.dijferet vet 
folavnitdtet\>el lfinariot{Vnita(e quidemquando a Cytiumerus fuerit,cui additaVnttdsquadrd- 
tumnon facitiBinarioVeriiquandoVnitdSadditd ad 4 c,qu4dratum fdcityM fi numeriis d c, 
>j^r %,ent nonquadrdtus proximemdiorio.differens ah SMnariOfquia\>mtasddditd adt.fd- 
at Mtmerumquddrdtum 9*Si^ero d cjit yerit nonqUddrdtiti proximemdior 6.tfui ^ 5. dif- 
fart\nitate^nitasenimdddita ad^.fddt 6*numerumnonquadrdtttmi&c.)QudriVt Qlatuui 



demonfhrduit in fcholio propof. sM.SJnter i^^d CytdeJiiiit&\.ii^^6,nMCdd(tt^midiksjnroZ 
fortiondlujgitur nee plani jimiles^que ddeo non haMunt rationem > qUkt^ qkkdrati numeri 
inter /ehd^eatiExponattttr Rationduquaddm dy &fidi per cdroBarium Clauij propof 6 Jtk. 
huiusvt numerus e.adg.itaquadraium ex d^quadrdtumexefierunt intur qUairdtaex 
teSiii di^e fteomm^hfuramia,\ft Vtilt propof 6. lih.huiiis,dtque.dded d,t*refijdltm poten-^ 
tiacommxnfurahiles.ExjiieMe.igitur d,R.dtiQndliyerit,& efei tommenfurakiisi^atiofjdlis, 
.Qwnidm vero 6. 0" 9-^0^ ejiquddratunt ex dM quddrdtum eic t fttion ha^et rdttonemfquam 
numerus quddratus ad numerum quddrdtum,erunt reSia d^f^e fjioh^titdinie tncommenfuvd' 
' hiles^yt con fiat ex Sipr^p/ff.ltkhuiu/.Rurfusexeodemcorollarii) Clauif pro^cfie hb.hfiiusj^t 
\t ii lf,dd dc,idejivt 9.ad ptaquadtdtumex e f,adquadratiim ex fgierurit igitur^fiddra.- 
ta ex rcBu ■efifg,commenfftrJfili4,ex 6 '.propof.huius lib.re(id quoque e ffg ^fdltetk poientia 
commenJurakiles.Quare cum efRatumalis fit ofiehft,erit^f g^ei commenfutdbtlifiRdlUQr 
nalis.Quoniam^ero ^.ad ^.hoc efiquadratumex e fidd quadrdtUm exfgypropohionemnn^ 
merorumquddratorumHonhahet,erunt ex 9-p^opof.Ub.huiUireSld e ff gjongitudine incout- 
menfurakles. Qttare e f {f gi^ationates funt^ 0*tattium poientia inter ftcommenfurahilesi 
Atque idcircbtota e gjrrdtiondlis per ^j.propoflikhuiusyqua ex knisnominihus dieitur-Di- 
CO ^ tertiameffeiNdmcum fitvt numem 6.ad s.itdi^uddrammtx d»adquddrM.umex ef, 
O'Vt 9. ad ^.itaquddrdtumex ef^quddrdtfim exfgyerit et aquoVt 6,dd 9 ji^qjt^rd- 
tumejt d,ddquadratUmex e fjAon hahent autem 6i(^ 9, rationem numetoritmi^ttadratofum, 
Igitur nec^uddrata ex di^yf ^,tdndem inter fe prop&rtionem hahehuni: Quart refld d j iQ* 
'f gtincomnierifurahiles funt longitudinCyVt coBigitur ex 9 -propof lih.huius. Cum aUtemjtt vV 
4 hfide]K9 ad a c^idejl ^.itaquadratumex efadquddratumexfgjtt autem j),mdiot,qtMtilt 



Digitized by 




tt £VCL 135 1 S 

^.mt&quditdtumex eKmam^iidmi^tktdrdttimfxffJtt tnms quadrate re^dh^xknh- 
mftttCUutj propofA4.li». huius. lgiturfa€iUitnidemonntMmust\>t in propof^^i. Uk. htuttf 
tcBm hi^ ffyCp longitudine commenjUrMles: Qmniamyeronkttusnomen ef^fius potefl, 
cuam minus qtudratortfia hjiln co^mihJkralnlislongitudine,fitjue tarn cf,quamfgt Ra- 
mnali d,exfofitaihcofumenfuralfilulongiiudine,erit egtexde/mtioHeteniOf/ecundarumdefi' 
mtionumexknuniomituhuttertia.lntteni:aefl ergoexhinisn9min&ustertia.Qi^i tratfAtkn^ 
dum* 

Ptohl \6. Propof. 52i 

tNVBi^iRBex i^mis nomittibiis qilarutii. 

* 

HEPEk TIS J'uohus num^ris a ejc hMffi ^i& yta"^ ex iBii cempofttmnmmm 9. 
adneutrum ifforumrationem haheai qiiah quadratus numerUsad numerum quadratum ex 
ik,qu^CUuiuftradiditfiholio:^.prdpofdpM,huiit^,ExponaturdeindeR4tionali(quadamd, 
mifumaturalid efiCilongtiidinecommenjitrahiliSyerit^'eftRdtionaiM. SiVeto reliquacon^ 
Jlruaneuryft in propof j^9.huius ldf.demonfhi^imtisvt ihiytotMn e gifjfeex himsitominilfMf* 

a c ,. . h 



e 






Dko f^quartam effe. Nam \ft in propof^^, lih. hidui\eritquairatm ex efjiuam^qM 
quadrammex f gjSit igitkrmaiifsquMratoreBa hjffturvt iamdmonfhiUiimusitt jnvpof 
49.cum ]jt p&conuerjiotiem raiionis,vt a bM c hjd ep)n 9. ad 5. ita quadratum exef,ad 
•quadratumex h,Non eflautem 9:a(t^. eadem ratio ,qua numeriquadrati adnumerumqua* 
dratuntyigitur nec'qiiadratumex e f^ad quadratum ex hteandemhakehu proportiorietnyftam 
iiumerufquadratfts^ ad numerum quadratum hahet.Quarerefta e ftCT hjongitudine firit in-- 
commenfurahileSyVf)fult 9. Propof Mb.hmus.Qumigiturmaiusnomen efiplus popit^quamm" 
nus f gyquadr^orefia hjtbi incommenfitr^ilislongitudiifejttjue maiiunqmenKationali d, 
expofitalongitudine commenfurahile^t exdefinitionequarta/ecundarumdefimtionum reSia 
e gye:t hinitnomkibus quarta,tnuentaefiergo ex bfnis nominibus quarta. Quod eratfaden* 
dum. 



Probl 1^. l^ropoC 53. 



I K V B N I R E ex bitiis nominibus quintatiL 

\ REPERTIS duobusnumerU a c,€bjta\t compofitusexiiisMneutnmtipforumha' 
heat ratioriem.quatnquadratusnumerus ad numerum quadratum,Creliqua confhruantur'^t 
in propof. ^o.bt.hmus,ofiendemus,Vt in ^o.iUa propof refiam eg^ffe exbintsnominibus.Di' 
cof^rqmntameffe.DemonShrahimusenimeodem modo^t iniUa ^o.propof quadratum ex ef, 
niMUs ejjequadrato fg»Sit igitur maiutquadratoreiU h,ex iemmate CUu^ f^opofi^ lib. 
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EtEMENTVM D1SCIMVM. s, 

f^^o Mf t drntnm ex tfMfutimtmn ex h ^Dtmonfitaymm Vf m amccedenti reiias 



t 



-k •*»* 



i^tfi^^HH* fir — — -^ 



15ei^ 18 



MMMMt 



ef,&htclJelon^rildit^ inter fiincommtnfitrahiies.Quocifcd cum mMUsnofnen efyplus fof- 
ft/juam minus fg^i^ Mddrai ^ r e B tthfin Unpmim e i n e ontm e n fn rd k luysitque minusnomen 
RationdU dJtxpofitdlo^i^ttidinecommenfitrMnUferit exdeji^^ 

nonum reBa eg^ex Uriis nmimlfiis quintd^Inuentd' eft ergo ex knis nomin^us quinU. Quod 
trat fitdendum, * 

Probi.iS. Propbf. 54. 

iNviiffiREci hihls nominibiis (tktiim. 

REPERTI$ dmhuinutneris a c^e h^ idl^ y^^yfldni non pmles, quorum neutef 

^Hddrdtus fit ^nee didmcompofitus ex iffir ii.»jti)f^rdtus^aheatque ad neutrrnni^ptrum 

froportionem,quamhuadrati numeritqiiMdfietfinumifrjts^ilihetjuddfatftfJitdiui/ufin nu- 

meros priinos inter fi,Hdt et^im YM^t^fotus dd vhUpqUe ipferum erit primus ex 3 o.pro-^ 

fofM,y%dtqueidciriBHon%Selnt diHtosgroportibnem qmdf4t6rum;\ftd^cuit CUuiusddjL 



' • • 

• • • • » i. 



Jl| > I i M lll f> t^ * •*,- 



T- ";•-■ ■■•" jr 



Hi I1 



H.^ 






1^45 



nemUhn iSumdturdeindeqtticUmquenumerHs iJdefi ^.qulnec dd it^ec dd 7. hd^kdird" 
nonem,qudmHimteriquddrdtihdhent qUdlit efiquiuisnumerUsqUddrdtus^e enimtionid^- 
Intad nonqtudnttof ittf^j.tdtionemquddrdttirumnumerorum. BxpondturRdtionaiii d, 
/Utqtuy^e ^,dd tijtdqttddrdtuni^ d^iquddrdtunfex tf,ex coroll.Cldttij propofsilfh.hU' 
iuSiO'reUqUdcon^udntur >t iit propof.^t.huiailtkOemonlhrdhimUs igiturl^t ihi re^a/sd, 
O'e f^effelongitudine iHcommenfuirdhilestjitque ddeototdm egyejfe ex bints nomini^us^t5ico 
&feXtdmelj^,Similiteryt m prepefyiM^.huuts difnonfhrdhmus re£ld9 diO'fgiCfJe longt-. 
tudine incommenptrdlnks , elJeque qudcirdtum ixef, nuuus quddrdt^fg , quadrdto reiia h. 
QtMrechn prop^fittpHe 49. ft oflenfkmeffe fiere9fhtetfionemrdtumis;in dvM crh/fd^y it. 
dd ^Jtdquddrdtumeie efiddquddrofum ex h^pnhdkent autem it.&'^-rdticnemqiairn- 
torumnumerorumjnec etiamquddrdtd ex ef^&hitrunt ideore^d ef,(^h, lon^tudine in^ 
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commenJurtdnles^iVt con^M ex ^.ftofofM, htuus.Ifftur cum mdtts nomen efffiiis'pi^t\ 
qiMm mimsfg, qitadrato reBa hjibi loMttudme incommenfmJtibs »neutrHmque if forum 
noPimumRationali d^iex^firaUngitudinefit cominenfirahlc^mt tota e g^x fextadefinmo" 
nejecundarum dcpnimnumexhinunomtwhus jexta'lnumtdeflergi , ^'c. Qu6deratfacien~ 
dum. 

LEMMA CLAVIL 

S i reAalineifcda {itvtdinque eric redangulumruj? piartibusconceiituth mediu^pro* 
pordbiiale inter earum quailrataJcemredangulum cohcencum Aib^coca, &yiu.j)ar8e^ me* 
diiunpropbrtibnale inter quadratum todus lineae)& quadranun didae partis; 




Jitturentyt adMc d^ia^uwiut cd,adc i, .gfMre e d, medium frpfmwMk eft inter qnadr4(4 
■* djf t^tdem medoerit afimeditmfr0foriuuMki»terqt$adr4ia a d,fh, 

Theorj^, PropQC55. 

%i fpatium coHtiticatur fub llatioftali,& ex binis nominibus prima ; tfiOck li- 
licalpaauinpotcns,lnariotidi$eft,qu«€xbini$nomuubtisappcIUcw 

COiSTv 
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CO NTII^EJ TVR f^atum 4 cfikRationali 4 kerex hints nomnihitf frim4' 
4 iJDic&ve^4m,qm J^4t'mm 4 c,potefi,effe Irr4tio$t4lem,^u4 exknis rfominikus dkitkr. Sit 
emmi^fius 4 i/namnotnen 4 etcnrnt igitur 4 e,ed,B<^n4les,0'/olumpotenti4 commen- 
fnf4hHes,tP'mMtu nomen 4 cpltis poterit ^qiMtH minus e d,au4dr4to re^ajik longitudine 
ammenfwrahiliSi& denique maitHnonun 4 ey^^onMlitxpoptdlongitudine etit commen/u;' 
r4kili^xdefimtione pHm4 ficund4rum definhiQnum.Seceturminftif. nomen e dikf4ri4min- 
ftmSiofJgitUrcummMtUnomn 4 Cipluspofiit^um minttte d,qH4dr4tore{i4jth longittt- 




tot4 4dj9~\^^i'4^. 



Ex hints nMUfuhus quintd' 



'iinfcomrnenjkrahilisji^tktrtd p4mfi4drdti exminoriline4 cd,defcripAdqudlef4rdM9^ 
gr4inmtmaPprtc'ftUr4dm4iorem 4e^fidmfintr4^i44dr4i4,ihp4rteslongititdineafmmenm 
JurJnUs ipjam diuidet,vit conShu ex li.propo/M. hiutis. Qu4re partes dgjg ejntlgr fe fitni 
httgnudine commet^4hiks,Duc4ntitr iam perpm(Ug,€»fJ^s d h\d 'Ctp4r4llelare04gh, 
eQky&faraHeloffwnmt^ h^d^tkiU definh4ttirqM4dr4ttm I m:jit parMogrammo g i, 
^e^ikde fit (jU4dratfm rri ni/tntjucqitkdrdtd ilU it4coniuhfl4 ad angtdum fmvt latera m o, 
m py^nanitantumtefUmlinedmconSiitttdnt nhnirum pifuient eti4m(^Uter4 ^ m ,mr^ 
Vnamredam 1^ r, W exProch demon^4HU Clatuus propofi^. lih. i.propttteaqnod dnguli 
m '^ipnt r,fitm ddYerticem m^M4les^imirkmfim^mpki0diiHde reBangtUol n^cum 
reBd fnjm pjreihs ^ m/n r,4^iMtes fintjdeo^ue & tot4 p » toti ^ r. Sit autem p» ipfis 
ftt,l t»&q r,ipfisi/,fnt4qM4ltSf4qMtlatefnmerityrefi4ngulum I n,id^$quiquadratumiVt 
ccnSiat ex ^j^M.primi,NttncVeroMdni4mtefi4ngulumfith a g,g e, aquale eji exconlhv^ 
fhoaequddrato ex e f^erit^t 4 g^d e fjit4 e f^adg i^ex iytpto^of.liif.6.ciim ires ilUfint con- 
ntuii proportionales^Atque adeo per i.propeflik6,Vt 4hi4de k,/M ek,adg i. Qu4re nr- 
Shmgidum e k^editmt ftoportiondU efijmer reSidnguU ah^ iiideji inter quddratd I m^ 
m n,qMaiUisfunt dqM4li4,Sed inter qu4dr^4 1 tH^ n,mediumefi proportionalere^M^uhm 
t m,exlemm4teClauai propofantecedenfitJgittir redanffthtm t.m^^iuU eftriShtnguh e k. 
Cum autem reSiah^lo t mtxqualefii reiiangidum m f^Ct re6ian^o t k^qttalefit re^an- 
ffdum fc^erit &re(l4ngMlmn m /lreB4ng^o fCfdqualejVt eoUigitUr ex^.propofUb,i.&* 
ex ^6.em)dem.Q^re tomm qmdratum I n^oti reB4ngtilo a iydqtude eft, Jtque adeo refia 
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ofjottft^dtium cbntehmnifih RdtmS -d h-s^ex hm norhini^as primd^ J, fiitmmn 
re^aMrdum d c.DicofcBam o p\effi frrdthfktemyfU ex ^mfrhmimftifajiflflidtiir. " • '^ '^ ■- 

qUc tffdrum fongiwdhe comnttnfm-dM»y<^ U^frdfoJM.hum.Qmreckmi^iti' mdHtt-mifim\ 
a eykdiiondliexpojitd d h,o$fefiptmptioii^d^i ctihmii^aktt,ttitnt^dtyge^^iim''-^ 
RdtioAdH d hMgitudinecommenfutMbtfi^fSd^Cfan'^fro^^^^ i^ir^^ 

CO cumre^d d h^t Kdtiondis,erimt & d j^^ e^KdtiortdUs. igimr reSidngutif d h,gji^ifit^^\ 
tdfithRdtiondlAHilongitudine inter fi commenfurdhilihHsjkdtiondlidfmtyix i.o.^opi>/M, 
*' . Jfum.Jitqueddeo,0* qHddrdtd I m^ njdlis aq tidlidfRatrn dlid erUntyteSid qmque o mjnf, 

I tidtiondh. i 

! '^^QmnkmVtn'rc^ddiyreitdi^MmmenjkrJik 
i> t— olMtcommaifurdkiltflottgtmdini *^<^*A.f.^}jfi^A*}'^^^f^P* commpi^dktureefd 
' '^ ef Jim fit emdimididygrunt tx fchilioClatuj frdbof.i/^M.hutlfrfe^d dg^7f^on^uiii^ 

■ ne inter fe incommenfwridfiksyre(idAguU»idh^dhi^ed^em froportionem habentid/fuilfn 
feBddgye fyincommcnfmdbilid funtyVfmt i.fropCif^.e^cjminde t^qitddrdtum Im^^ 
reBdngtdum m tyilUsaqttdUd inatmrnenfiitdhilid. Qt^i rk^k ^ m>m f, lon^t^ine Jknt h^ 
cpmmenfurMUsyCwm edndem fropottionefShaifedntyqudm jrefla iguld I fnytn tjunt duieni h- 
Ra mym f^KdtiondUsofienfdiRjuiondlesi^urfimt e ^,m jye^fiium potentidcommr- 
fwrdhiUsiQufifropter totd o pypotens Jfdtiftf^ 4tJrfi&6n!^^i ^\U U Knii ti^tiun^m m 
tur,SiJfdtium igttttrcominedtur fuh Rdtiondli,^* Quod efHt ofitndendum* jj ■* 

Thcor. 38. PropoC ^S* 

' S i ipatitim colidileatur fub Rdtiotiali , k ex bilaiS bdthifMbtis fe cOfl^a \%i^ 
tinea fpatiam piotems Jrracionalis eft^c^ut ex bmi^ Mediis jtritii^ ip|iei{tfeii^ 5 

C6NTI^BJTP^Ajp4timftfiAR4ti«MU4t,i^ixlmkfMtfki^ 
dd d d.Dicoreiidm,quie /pdtiHM d c^6refi^lfeIndti»iMiemtjmex Iwm 
turSitipfiw d d,mdiusnomen 4 eierMt igUHr4e,ed,Rmiondlef,t!^f»fumpmentidemi' 
menfurmlesyt^mdim nomen d e^U» fottrits^ttdm minttt e dyfuedrdtorefhefihi e»m»fen^ 
fufdlnltslohgitudineyCT'dem^ue minus Mmen id^Rdtionalidl^^xpofitdkngitMdmi eritcam* 
menfurdhileSecetUf e dyhfdridin inpunBo f^f^ reliqud cMJhtumtttrlrt in pnecedentiprcfo* 
ptione.QtM fdfio denion^dlnmw Vt ik tefldm d pypojfe fpdtitim d Cy eontentnm ftih Kdtio^ 
ndH d lfyO*exknis nominibitsjecundd a d. Dieo op^frrdtitndlemeffetqtutexhmii Medih 
primd dfpdldtuf. 

Quonidm enim d eyO* e djunt IdngUltdiM incm^enfkrdbAiSyfit^ t djmmhdineeom^ 
menjhfdlnlit Rdtiondli d h,expofitdttttkt ek iyfropofiikhmm refU d ei& d %, hngktidkie 
mcoinmenJkrtdfileSy^'quonidmreBadgigiyindnfecedenripropofaione vfUnJd fimtlotiguu^ 
dine contmenfttrabiksyerit totd a e,>injiit fpfdffim c9tfMenfitrakiti(lMffutditfeM Vult i«« 
propof.httitts lib JgimreittthpiMttf nomen d tfitKiuimakienmt dgsg esRdticmks. Cam mk 
temvtrdque d g,g e, hngitttdinefit coMmMfutdhiUi ipfi 4 fffit \>etb a e yincommenfivrdhUk 
Ungitudine Rdtiondli 4 byexpofitk^eruAtdg^ tjeidm Rdtiondli 4 A, McommenfwrMles km* 
gitudineiQudretdm 4 h^O'dg,ftdm 4 hjg e^ftt Rittiohdlet fo^m potentid commenfitrd* 



Digitized by VjOOQ IC 



ELEMENTTVM DECIMVM. '.87 



^^^j/^i^trnm^^n^mt^^ii^tammmiiiiiiamk 









W,' 



•iv>. 



I 






^.r. .-. >t;|r^ri,. 



iMibi 



jk^ 



ji£ 



■ff 









t • 



^ 



i4 



1 



K 



ss^ 



^ 



i^ 



r 



It 



-t 



idtiiAJ^y 4^+ J 



I- ». 



^ 



|riM<iipi«i4iii«M««««n«^^ 



I' '^ >■■■ y ■ J 



R 



u 



L 



n r - * I i^,jj^nngrtg|ij^,aaiiii 



m 



i 



iKSiC-i 



M4« 



mMmIp 




J5 



«^U 



t 






.oi^^^ 



^ V} ' \ 



y ' ■ ■ . ■ 



e9mmm^JnUsiemormrdU funty erunt&rcctdnmU a h^ i,eandem'cHrn i/tis^rd^britd- 
ntmh^entUcommenfurMlU^tqueiddrco ^qmaraiu I m^m niiUisaqualui'comminfi^d^ 
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hiHdfuniyRicM^uoque q m^m pjdhem potenttdcommenfrrahiki, Cwn autem At',(^ed^ 
Jim inter filongituMnemfommetjJurahilestipfi'Vtro a t^oiUnfa fit tomfnmf»ral>^longttitdit»' 
ne dgt^ipfi e djon^tudinept commmfitndnlis ef^eius dimidid^runt ex fcholio probofi/^, 
Itkhuiusk Clauio tradito reSht a ^^e f^mcommenifurabtleslonntudine/u: propterea re^anguU 
d h^e k^andemcumillisproporthtnem halfentidificommen/itr^ilid,Vtdocet lo.propofMkhtt- 
ittsJgttur I mjM tjippsd h^e k/tfudU tncQmimnfm4iuUdfm»Cr re0Aqm^m pfCdndem 
intetfi proporthriem hahentes' longttudine mSommenfitrdbilesKlltim dutem reEidS o m,mp, 
Medidseffe idmfit olienfitm^J^ue utttf..fitommenJftrdlfUesjtruM re ^a o m/i p. Media 
folumcommenfitrdhihs potentid. [' 

Rurfuscum minusmmen e djongiiudine^ commenfitrdyHe RdttoHdli d Ifitxpofittttl^el 
Rdtiondli e h^ua dqtk^isexifiit.ipp d hfSif it'tdm ef, ipfi e i ycommenfiir^i bngitudine 
cumfitdimidtdipfius e d,fitjue e iyRdfiottaliSteritt^ refld e f,Rdtiondlis. I^t tr reStdtifft- 
htm e kfContentHtn ftihR,dtiondlihm tofi^udine coffOnenfftrd^UhitK ii^ti9nd^^;"»t vuk 
zCprofcfliy.huitts.ReShngulimdtttefn m iycimentttmfwreihs o m,m pydamde^firefidn^ 
gtdo e i^e ftContento.lgUur O* w t^Rdtiondle tfi.Qudprepter om,mp, Medut ftmtpotentU 
iommenfwrdhilestdntmttfMRdtiondkcontin^nttAti^ue idea &totd opJrratiQndliSyquatx 
hinuMediu primddmtHrt\t\ult i%,propopih.hmitsSi fpdtitmigitw 
ndiitO'exhu(isnominihiis fecmd^iC^cQuoderdt ojiendendHm* 

Thcof. 3p. Propon 57* 

Si rpanumcohtineaturfubRationaii,&exbinisnbminibiis tirtia>lle^1i^ 
nctipaciumpotcnsjrratipnaiis eft^qua^cx binis Mediis fcciinda dicitur. 

CO NT IN ^^tt^RJfonmn d cJithRdtiofidliah,0'eiclnmt nommihtsiertU 
d d,Dicore£him,qtta potefi Jpdtitm d c,eljelmtthndlem,qtue exknis Mediis feamdadi* 
dmr. ' i 

Sit ipfi^drdstHdiiUnmetid eJiruniigttMr 4Ji&e diFidtiQfuiles,(y'felHmpotentid 
commen/iihdfileSigirmdittfnomeii d e^phs poterity^udm minus t^dtquddrdtotedd fihilon-^ 
gitudine commenfurdbiliStO' denique neutrdipfitrum d e,e dyRdtiondli d y,expofitd Jon^tt^- 
dine erit conmenfurdlnlts ^vt conSidt ek definitione tertidfecundamm depnitionum. Secern 
minus nomen e dMfdridmin fyCtreUtjUdconfirudntHry^t inPrbpoptionedntecedentiJgitur 
vr ihidemonfhdhimusreiidm o pipoffe fidtiMt coHtentitmJabRdtiondU^ b^t^ex binisno^ 
mimbus tertk d d,Similiteroflendemus vr in dtitecedentipropofitione reffds •m^mpy Me^ 
dids elfeyqudtdntiim potentid funt <ommenfurdlnUs, cum dCy Rdtiondli dhyfitex hypothefi 
lon^tudineipcommenjurdyiltit/quemddmodum&ibieddem d eyRdtiondli d bylongUudineerit' 
ineommenfinudfilis. [ . 

Qu^nldrkvero e d^f^fre fjlonntudine fimt commeHfitrdkles ^uik efiptdimidid ipfius ed^ 
ptjiue e d,Raiondli d hjongitudine ineomm(nptrdhili$tacpropteridO*f i,qfMaqudlu(fiip' 
fid bterunt reSfd ef^dye i,lohgituditie incomifftnfitrdhilesyt confix ex i4.propoflilf. hu-^ 
iusSunt dutem Rdtiondles e f,e i^m e fjit dimidid ipfiuf e d^qud Rdnondhs efi^e i,Rd- 
tUfJidJi d b^qudliSyQudre rend efjs i, Rdtiondles fimt,0'tantum potentid commenfitrdhi- 
les i Idcirco reSidngulum e k, contentum fuh dudbus Rdtiohdlilfus potentid foliim conimenfit^ 
rdkilibuSyMediumefiyVivuU %t.propofM.kuiusia£ proptered^redangulum m t,i$dqMd>- 
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U,Mediumyt^ contentumfuh duahus MfSii .a mim.jf;Jgkftric$ifk\^^mym /», Media finty & 
Jolum potftitia commenfurahiUs^qiM Afedium continent, erit tota q ff. Irrati^n^i^iijiti^^bi- 
ftifMfdik CecumUdiatur^tffVfdt ^^.^o^ofM^jHiffii^SiJfMili*^^^ fub i^atio- 

ndiyf^c.Quoderdtofiendendum, ^ Z ' 
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Theoi::4o. PropofsS* 



S I rpatiumcbrttihcattK/ubRationali«Sccxbinisiibniinibusquarta,Rcdali> 
ttcafpatiumpoceilsJrtatiatialiscKfqUzfdcatUfM^ior. "~ 



nattA 



d d,Du:cre^dm^^tke f^imn a c^otefilrrathHalem eJleyquk^focaturMaioKSit iffiti^ a d, 
nlamsmmende^mnsy^Yo t dycri^i igmtr tei^a a i^c d. Rationales, &tdntMn pokntia 
cammenfirMU^t&maiMnomn a ifUtf pottritf^uam minus t dy^gadrato reBa filnlpn^ 
titdine ittcommmfundfiliSt&dxnijtumiUik<^ attRdtionali a hfCxpofitalongitudirk erii 
cdmmenfirayUe. 
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mtm net* Ag^g ejiongimdine incommmfitrJnlesyt vuU 19, fMropoflilf,huius. Similiter de- 
moiUlrMalusvt iUreaani^Ji fyp'ffe fiatiwn d c^ntcntwn [m RationdH a hj (p*€x nomi' 
niimfkma a iiOico rtct^m p^lJeIfr4H(mi(dem,quiie Motor difpelUtitr.Cum enim a gig e» 
bi^uminejint iticommenjuralfilefjffnint rectdnfftU a hygi';tmdmhaifmflticumiliufro'- 
9Wti$nem^commenfkrahiUdy>ftiocet xo.fro^J.lihri huuts. Qua^ata^fHoque lmgmtt,illis 
^audita, in^mmnfordlriliaerunti Quartrtcu rn^ p,^temidftint immmaifurjHlcs ,Vt 
confidt ex 4.deJinM»hHiusi 

Qmniamyferoread d e,nimiritm indiiisnomenrectd d d^ex hints iiominih«f^Udrtd,I{d'- 
ttMdJi dbjlinguudine eft cMvnenfisrdJniispft^ddiaiimeji^^d e,Rdtiondlts,&rectdn-' 
qidmn di^MtentttrnfuyR^tiondlilrusldttgitttdiMetomiiienfikdlfililffeStRd^ erit,:ptvult 
xo.fr opof.tim huim. Keitkr^ulumVero d iydftdU (finhfifit^^ ftOdrim^ffidrdtis I m, 
m n,Qudre compofitmn txfectdxttm qitddimuisl m^ htffMium KdtiondU efi^r 

Quonidmveri minufiKaneh e d,K4tion^ d Byfxpojitdtohgitudiite efi hcommcnfirdlntey 
Hit Crtf /idem d kilojigituditie incommenfrdlfiU(/:utn ftdimidid iffiusied,EJidutem ef, 
Kdtiondlityium KdtiondU e dfit commen/urd^ilif. Quare recra efid b»funt tditntm p§tentid 
comtnenfrrdhiUsy^rectdtigutumfuhipJisiontettium^ntmirum e k»Mediimerit,VtVuk it. 
fropofMhuiuSydc propteridf^rectdnguluni th ^Jdhd^uateyMediumilgitur cum othymfi 
Medidjtttt»&pptentidmcbmhienfurdlnles,fdciehUs<cfi^ ek tpfarim ftddrdtiSyKatio- 
tuiU^eadngulim^er^ juhiffscometitimyMediHmjtotd fJrrattondlismtyq^Mdiordi- 
citttTyVtvult profof4oM.hmHs,SiJpdtittmigjkttr continedtuir fith Kdtiondlis0'exlfiniinO' 
minihisftdrtd,(^tQwd'erdidemon^dndiMt. 

Thcbr.41: iVopdf.jp. 

S I Ipatiiiiii conttfaeamr fuBRadoiuIi k txBiiiisnommiBds qiii^, Re^ia 11- 
itiea rpatkini poteiis^Inratiotialis tftiqttje Rationale & Medium jpbt^ appel- 
latnr. 

CONtlNEJTVkfidtaidd CyfiykdtidiidUdiii^iximis^ommhs^^^ 

4 d.DicdrectdrH^qUdPotefifp*ttium d cjrrdtiondlemejfe >qudKdtiondle»iir Medium fO' 

tens dPPeflMu¥.Sit tptus d djmdiusHbmend ejermt igitiir read d e^ d^JkiondUst^tdn- 

turn Potentid comf»enfHrJnles^(2^mdiusn{h^ek de^bu pbterit, qttdm minis e d»quddrdto 

rectdfibi longitudine incomnienfurahiliSy& d^^i^nunusriomeri e dtKdtion^li d lf,expoJftd 

lonntudme erit commeH/krdifiii^t tmfidt iScqnintddeJtflitil0iiJ^ciMddrimrd^finitionum.Se' 

atur minus nomen e dykfdtidminJy^reliqudconShnumtur»\tmprbfof^y jgufurd L 

g ejongitiidine incomitfthjMMeSyViVidt ti^.pr(^opibMtUsXtm}UierdembiijirJiimitsVti5i 

nOdm 9 p^lftffdmm d titonteimm fitb^Miindi'd ij^l^ex^/miimtMmtrBslfuiktU 4 d. 

J^ifqirrdtittukim ^t^juxKdtibn^le »&* Medim p^mdkklitiMirimttii^kSiiMmua- 

•4^ f^^ff^^P. ^^ om»m ffktcomm i n fi i r dlf U et frntU^t^ ^Hid « e^BjmmUSii^ 

't,dfio»4Ui4 hjjt,xpofit4loii^tn^ incommen^^ ni^M bMmmmh ^^fi- 

Jiim potwtid inter fi cwmnft^dMet^iiiuferfctm^id^ fiitij^ ttMeuiimimiMr^^y 

J4tdium&it^^n'^uU xt^«f9fMlf,hmHs.Kt a diikgH ^ i ^ttrnt^ptfitd^eMvcf- 

tummfdrdtis 1 nt^m nJ^rfwtfbjkumexmMmnffiumr^ li^ M^miim^i A^ 
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. . KVKSVS quid rtctd e dyideji minus nomenipjius ddiKaHondli di^l^gitUdhif^'^ 
tomnunfitrijnlterit^ef^wdmiha eidem a h;vtlc i^quaif^ a hidjkaltFifi'commeH^ 
ritlfilislofigitiu^nei&Kdtiondlis.QMre rcctdngutum ekfCcntefttumfih^dtionalilfHi f&kk- 
imdme commenfiarahiiilniSyKdtionale ef,vtvuSi6.propbptikhtttuSy/ftquef^^ t^'mffai 
ytqudlefi^anonik. Continetur dutem readngulUm m ijtth^itms om^m f^lftttir dim. ricM 
o . m,m fjint. poeentia incommenfttrdlfilei,fdiiant^ue cemfofitum etc ipfdrttm^Mddrdtif,M'e- 
diumtjrectdtiffihmi \enfubipfncontennim,Kationdlep['ot4 pjrrntionah efi, jaa R4f»»K*-~ 
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ELEMENTVM DECIMVM^ f^ 

UyO^ Medium ^otensdidturyf)^uU ^i.fropoflih, hum. SiJfatM iffmr cqniineiUiir ftd^ 
Ratiofiali C ex him nominthus^uintdfCfc. Q^d erat oIkndtHdum, 

Thcor. 42. Pro^C 5o. 

S I fpatium coticincatur Tub Rationali,^ ez binis nominibtis fczta4 Rxdft U- 
iieafpatiumpotcnsJrrationaiiscft,quxbina Media potcnsappeUatur. 

CONTINENT f^Rffotium a cfuhRdtiontdi a y,tTexhmu nminilmfextd 
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Compoftmnfkidrduinim "^ J 3SS9. 
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tfif. Siri^usdiiirMmmmtn^it eimmHn>tro e dyeruntigitur ae,e dyKdUondlesy^* 
tantum potentU commenfHifkiiles,(^ mdiu* nmen a t,flm poierity^uam minus e d^quadra - 
ioreBa fbi longitHdine incommipfurahiUSiCt deni^ue neutrum ipjorum nominum aCycd^ 
Rationali a b^exfofUd iengimdine trit commwfrrdkle yVt Vidtjexta definitio fecundarum 

defittitionHm. / , 

ISecetur t djtfifaridm in f,0*rdiqHd con^rudntttryt in antecedentHfitSy erunt igimr re^a 
a g^ Cylongitudine incommenfurabiUsy^t^uU 19. propof.lih.huim. Similiter oSiendemus Vf in 
pr^fof^lrtBdm 9 f,f9ff€ ffaiium a CyContemumJub Rationali a byCr ex hints Hominibus 
fextd d d; Item pari rdtionejouavfi fumus propof^i.refla m^mpy erunt incommenjitrahi- 
Ics potentid'.Deindeyn inantece'^enti prkpojitione erit compojitumexre^arumquddratisl m, 
m nyMediumytT^t im propof,%%.demoiifirmmus yerit etidm reiiangulum m ty Medium, 
comprehenfum ftihte£hs myfii p. ^ 

Quoniam vera duarum refiarum d e^ /, iUd quidem longitudine incommenjuraklis eji ipji 
e dihacVero eidem hn^tudine C0mmen/urdhilis,erunt reBa a e»e fyincommenfurahiles longi- 
iudinry'Vt confidt ex lyprapofM.hmus.Igitur reBdngula d i,e kyeandem cum illis proportion 
nemhdJtentidJitnt incommenJurahilid,Vt ^uk lO.prepoJ.Ub.huius. Quare compojitumexqud' 
drdti/re^dnm I m^ n^quoddqudU ejire^dngulo a iy&re^anfftlum m tyquod ipji e kyefi 
dqudleyincommenfurahilidfunt. Continetur dutem m tjuh my m pjgirur cum reSld o m, 
mpifint.reBdfotentia incom^enfurabiles facientes compofitum ex ipfurum quddrdti^yMe- 
diuin^xeBdngulum etiam Jub ipfit contentumyMedium , incommenfitrabileque compofito ex ip- 
fdrum quddratttytotd pylrrationalis erityqua bind Media potens dppelldtur , Vt Vult propof, 
j^iM.musSi^dtium igitur continedturyt^c.Qmderdtaemonfirandum. 

Xhcor. 43. Propof 61. 

Qy A D R A T V M ^ius>qus eft ex b jnis nominibus ad Rationalem applicatum, 
iaticuciinem facie ex binis nominibusprimam. 

SIT re^d d bycx knis nominibus nimirum Velprimdy Vel ficunddy'vel tertidyf^c.& dd 
K^ionalem d Cydpplicetur reddngulum dfydqudUquddratioex d bylatttudinem faciensd g. 
Dico reBdm d gycffe ex Unis nominihus frmam, - 

jipplicxiur ddedndem d eyreSianguluni d hy^uddrdto ex d Cydefcripto aquale yf^adhi, 
qudB^tionali d eyeftdqualtSdliudreSidn^lumapplicetur dqudkquddrato cb^nimirum te- 
a^tfgnfftuf i k%erH ^km:re(hmg»lmn tfydftdle rfifdnguhbufub d CyC kcomprehenfoycum 
quddrdt4.n^<k€^ If^nAomteikdnguloex d CyC by bucontento aqualid/intquddrato ex d by 
Vt y^uk 4.pr()^kb^tQlumdd»Hed$m& eidemquddrdto ex conlhu^ione aquale efi^idm 
rectdngulum d fSeceturl gybifarUmin punBo myparquod recris ik,gfy ducdtur pardlleU 
m nycrit igitur Vtrumque rectangulum I njnifyfiqudle rectofigulo fiA a CycbyContento, 

QuonidmVero d c^ byfumRatiortdleSyt^potentidinter/etdnttmcommenfurabilesexhy'' 
pothefiyeruntedrum quddratdyRdtiondlidyC^ corhmen/urdbuidfEtquid compofitum ex ipfdrum 
quddrdtis d CyC byquddrdtisex a CyC bydefcrfptk cimmtnfutkHlr-^^^»uU i^pXApsfMuhu- 
iusycritcr compofitum illudyRdtiondle. ReadnguUtm \erh dk^ex confhuctione dquale efi 
compofito ex quadrdtis return 4 c,c bJgkMr d kj,Rjtiiom$lc tritL Quart cum rectdugulum il- 
^^0^^itf^ ^'^^^^ (fa *ippli€dOtmJdM$fditum4 Ijda^t.RdtiondUth,^' eiRd" 
tiondhiejipgitudme commenJiirdbiUm,\t Vult ti.propof,libri huifU- 
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R:VKS yi cum 4 c^ h, Rationalet fint putenti a tanuim inter fi cadprnenfurMles ,em ' 

rtaanff»lumfuyipJiscqnttntMmiMedi»my'\ffyult xi.propofJilfMi^ 
fuh ims^amei fit commenfurahilejhoc eftyreSiangulum I f^Vt confiae ixcoroHClauij propof 
x4M.hum,Qu0re refldngulumillud Iftiquod Medium eJi)adR<ttionalemapplic4tmt Uti^ 
mdinemfmet I giRationalem^ei^ue R^ionali I k,hngitudine tncommenfuraklemi^t VuU 
i^.propofM. hui^t. - , 

Efi aurem reSla d lyoHenfd-eidcm dejongitudint commcnfurab^is,^U4ife reSla '4 IJt g,lo*f' 
gitudine incommenfur<thiUs funt. Igitur d l»lgi KaiionaUsJuM-& t4ntum mtr lefptentia 
commenfurMlayOcp-opteredreEla d gyeJcyintsnominilrusejfyVtVHlt ly.propofMjhwm.Dh^ 
CO ^primameffe. . ' * ;« 

QuohiamenimexlemmateChuij pnpof^^MjjuiMsre^m^lumfuy d cjc h^ hteditmefi 
proponiondU inter quddratd ex d f,c if,eritqMoqiiereBdnfftlum I n,'\>el m fjneditm propor-' 
tiondle inter re^dnguld d hji k^^tque ddeot^ reiia d ij. w, i ItCdndem hdhe<^t,M'opor'^ 
tionem,qUamre^dnguU d hj n^iklvt copfidi'ex i.prppof. lib.H^ (tit feJ^^/in ,malid pro- 
portiondla inter d i,c^i IJ^turper \j.^opofM,6.qHddratum ex I m^qudle efnreBdngu-' 
lofuh d ijj lycomprehenfo^ • *; " ' ' ' 

Qupnidm^eroquddrdta ex d CyC hjitnt commenfrrdhilidyerunt & d h,f^i,kJUisaqudUd 
commenfutMtid. Qudre teSla d iJ lyCanHem cuin Hits proportionem hahentes fun\ commen' 
frrabiles. QuidVerltcHaffgulum d k, re^dr^U i f,mau^ efijtx l em md H Gidmf^fr^f. 19* 
UhMuim^rit ^ re fid d i^aior,qudm I g,cumr^£ d 1,1 gyCdndem rdtionem hahedntyqudm 
reStdnguld d k,//,« i.propofJw.6J^tur cum d l^dior jit^qtum I g ^^ dd mdiorem d /, 
dfplicetur reSitttigulttmft^^d i\i%^iaidJe^qpirtd.fdftiqHadrdti exfmnite Ijfjis^iptiydefi^ 
denfqueji^rdquddrdta,jttjue,d lydiuifd in pdncslon^tudine commenJur^hilef\t ofUi^m 
jUitypQterit mdior d l^lusylauam minor tgyquddtdio *e^'pftcommcfi[^MHlkloffgittm^^ 
Vt con^ai ex x^.proppfM.mtts^Qudre cim dgjtt o^enfdtxhinisnomini&s^&nUuusnO' 
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menipjitts dgyHempt d UpUis po/Sit,quam minus quadrato reStaJtbi lon^tudine commenftt^ 
fal?Uts,& deniifue maius9omen d lyR^ionaK dtjfitptudihe Jit commenjkralnle ^ er'tt reBa 
dgtcxdefimtione prima /ecMndarumdcftnitionum ex mnis nomirnlffti prima. Quadratum er^ 
gOy^'c.Qttod erdt o^kndendum. " 

Thcor- 44. Propof.^2. 

Qv ADu A TV M €ius,qa£ eft ex binis Mefliis prima ,ad Rationalcm applica- 
tutxijlatitudinem fack ex binis nominibus iccundam. 

'S IT u^ fix binis Mediis ftimd cuius maittsnomen ft a c ^^ ddF^tionalem d Cydp^ 
fUcetur fefiangulum -d f^quddrtm ex a hj/tquale faciens latitudinem d.g, Dito.reflam dg, 

ejje exknisnominibusJecundam.Confiruantitr^ademtqua in propof.precedentijtavt re^an^ 
guia d4j,i kjfint xquaHaqundratu ex a c^c yjefiripttSy^refianguU ln,mfydqU4linfint 

quoffue reSiangidu fuh a c, c h^comprehenfis.Igiturcum reBa a c, ch^qua ex hints Mediis 
primMffComponuntifirit ex %9,frdpofM,hmus Media potentia tantumcommenfurahilesKa" 

I'tonakeontinenteSyeruntquddrataex a c,f y^Mediat^' inter fecommenfwrMia.Jtquead^ 

^reStanguU d h,& i kj&is aqualiatMediay^ inter fe€cmmen{urMli4.Qttdre cum<:om-' 
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jpofmn ex reBdfUm quadrant a c,c hjtamquadratoex a Cyquamquadratoex chjit commeth- 
jfitra^ileyU coUigitur ex \6.prop9fM, huiHS^erit ex corouario QUmij jnop^.zj^ lih.huius» 
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comfojiMm illii^ J Medium , ac pro^titea ejr TcBangulum d k , huic compejtto aqnale, Me- 
dium. 

Medium dutent ad RationalerH awlicatum Utiiudinem f<tctt Rdtionalemy ^ « F{ationaH 
adquam dj^HcMum'e^ton^tudtne'ijncommen^ confiat ex t^.propof.lihri huiust 

Quare reSta d lyt'eSld d e^Un^tudine tjt'^iricommenfurdhilis, 

KftrfHsqupniamre^dngulum julf d Cycb^ KdtioHdle eft, eiufqui du^lwn nimirumreHdft' 
gttlum Ifyfit^ue rfjdpplicdtum dd Rdtiondlem de^Vel Ik iUi aqudlemJUtitudinem efjiciet 
IgiKdtiondlemy^^.eidiiiftidm'dpflkatumeftlon^tudine commenfurMlem,vt confldt exti, 
frofof.Uh.hum. ' 

Igitur cumduarumfectdrum d lJigJ.\UptKdtiondlideJongitudine incommenfurdhilU, 
hdc\erocommenpurdhilislQfiffitudineJtrunt recta d IJ gjongitudine intet fe incommenfurdyi- 
leSyVt confldt ex n.propoflw.huius.^dtiondtestdmeno^en/afunt d.IJ gt fgifur Rationdles, 
i0'potentid tdnttm commenfurdbiles funt d U ^t^c_prqptered totd J g^ ex binu nominibtts, 
Vtyuh^y.jfropofJib.huiui^Dico^fecunddmeffe. 

Mdm cMntyVt indntecedenti propoftionedmonjirduimtts,mdiu^norhen Jit d It^pltupof- 

Jtf,qudm minus lg,quddrdto teHiifibi commenfufdbdti longttudineymintts'verh IgyKdtiondli 

expofitafit commenfurdhile lon^tuditk »erit d g,ex definitione fecundd fecundarum definition 

m^m ex bints nomimbus fecunda, Qu^rdtAm'igitur dd KdtiondlemyC^c, Quod erae djien" 

difndurn. . : 

Thcor* 45- Propof6'3. 

QvADR AT VM eius>qu2 ex.binis Mcdiis recunda,aci Rationalem applica-^ 
t|im,Utitudinem facie ex binis liominibus tcrtiatn. 

^ SIT reSid db\ ex binii Mediti fiamdd , cms/ijnaiui nomen fit id r,c27* dd-KdtiondleM 
ie/tpflicetut reBangulum df^qudhquddranex d b,fdciens Laitudinem dgyDico reftdm 
dg,ef}e e^ binis nominibus tertidni. li/dem enim conpruSitSyqu4 in 6upropojitionetCum 4 c, 
c b,qu4ire0dm d byCOfistppnuntiMedi^ifitfttpotemU taniiim coiismeiifttfabiks^ MUdtum con- 
tinentesierunt quddrdtd est dCyC byMedidyO' inter fe commenfutdlnlidyCompofitim etum 
^quddranrumexd c^^ktMediufftjcumyftr^uequddrMoex d c,c^yt6mifienfurdbitejtt,dcprfi' 
-'ptered 0* re^^guhm. djiijmc contpo/ifa dquaHf^Aftdiumerit^Keiffdni^d i^tir'd hy Ji, 
.qtKi dfiudidfunt quddrdtis ex a cjdkiAiediairttmy^ inter fi eommenfurdbtlik* 
. Medium dutem dd Kdtibnaiem \^fifUedtim iaritkdinem fddt KJttiondlem.t^ei dd ftdm 
. \,dpplicdmm efl longiwdtHmomm^fuMlfileinyVt^ault t^.prapofJik hUittsiQMre lamudo 
jAlyKd^ondis efiy&.^Htio»ali d e^ltxpoptje lon^udine incomt^^ "' • .' 

j^ . B^urfuaxum reSidngulum fu^ a Cy£h;ex:hypti^fi Mediurh fiyerit ^ eiuidtfphln I ^ 
Medium: cum i^ur Medium I fyddKdtiondlem fie dpplicdturhyldi^^itudinemfdctetlgyBi^k'- 
.tiondlemJUKationidi^^,ton^tut^.incomme 

\pidmyerp~4^fsC bjion^u^jiinefunt incohmenfitrJnles e:)^hypdthefiysii<^ke>ft d t»M tbjtd ex 

. UmmdfeM^tio Clauifpti^tionif i^Mihuiia tquddtatum rndioriiM reBdnguluni fub d c, 

£ h^eo^tff^um^fyit qtfoqiifquddrdtHmtxd Cyre^anguiafub d Cyt b^ioiHtento inc<tmmerifiir4-' 

^ileex:*f^^Qpq/,ii/f^kmM^ exd^idefi^pto eomm^nfkrdbiU eflcompofitum 

ex reBdrum qmdrdtU d Cych;9t iam anted fitittfienffni^iBjectdnguioVerifitb a r,c bjcotri" 

Bb 
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firthenfo commenftnMe ^/ptU Imfuh 4 c,r h^nmttur. Quare compojttumeft recMrum 
^uddratk^ c^ hjnminm reaangMbtm d k,i/Zt d^utdt, incmnmenfurJnle efi readngulo hk 
Juh a ccJ^jComfrchenJo/timirnm reaangulo IfivtmamfeftHmefiexiis^qtM ClaMtus tradidii 
injAolio.frofoJitionis 14. Ulm hidfts, I^tur rtcut d lilg^eandm rationem inter fihahentes^ 
^uam d k^fjonptudine/mt inter fi incojnmenfurJnleSfVt \>ttk i.fexti: IR^tionales tamem * 
ofienptfunt recta d l,lgflgitmr KationaUs fitnt d lylgiO* t^tum potentid ammenfnriar 
bHes/ectdtp$oque d g/jc i/Zv duMu com^Jita Irrdttonaiis qud ex binu nomtnilfUs didturiin . 
"tmU.^y.pro^jitiohuiuslilfrL 

lam VeroderwnJhrahimMtVt in propofitime €urectam dtfeffenutiMnomentO'p^pol^ 
^amminusquadrato rectdjiyiyigitidine commenfitrdhilit iQtutre cum nutittf ndmen d l^lm 
fttfSitf^uam minus lg,fktdr4to readfihi Iqn^ttU^ commenfmralHbt,Cf neutrum iffeirum 
hominHmK4tionali a ejbn^tudinefltcommenfmabik^ rectd dg,ex ittis duahis d i,lg, 
cimpofifajfxyinisnominiyftstertidyVtvtdt. tenia defmitio /ecunddmmdefinitiomtm Uh.hmtH. 
QMdratmergo^cQitpderafoflendendiim, 
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Theor. 46, Propof. 64. 

Qj A. o R A T V M Maioris ad Racionalcm applicatum , ladtudinem ^ciec tx 
biois nominibus quartam^ 

SIT read a hyMaior^cuiusmMitsnomen fit a Ct&ddKationalem d e^^liteturrectarh' 
gulim df^^udequddrato ex a eyfaciens Utitudinem dg:Dico rectam dg^ffe ex binuno' 
mniyitsqtMnamfionfiructU enim ufdemt^iM fupra in propofitione 61. Cum ac^c h, recta 
Jtntpotentid inter fe incommenfurakleiy^uaMaiorem dhyComponuntyfacianteuecompoJitum 
ex ipfdtum qUadrdtisKdtiondleit^ rectdngulum fulf ipjis comemum MediumyVt Vidt ^o.pro" 
foj. Ub,huiMs,erit qitoque rectdngttlum d kyCompofito ex rectarum quddratu d Cych^d^udte^ 
Kdtiondle ,fed rectdngnlum Ifyquod di^udle eji rectangulo hufulf a cjc hJS4editm erit. 

Kdtionale dutem a k^ad Rdtioitdlem d e ^ffpHcdtitm Utitudinem fdcit d /, Kdtiondlem, 
t*r Rdtiortdli d etexpofitd hngitudine commenfurdhilemyt vult 10. prof of. lib. htUus, 

Cum dutem rectdngulum I f^ijuod eft Medium dd Kationdlem I k , ft dpfflicdtum ,fddet 
..IgtRdeiqndiem^ei I kjlongitudine 'tncommtnfurdhilem;\>t\ult i^.propof/lib.huius. 
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Rectddg,9+^4f^4, ; ' 

Xttdfuperficies^fddrdti ex d hierit ^+9^ y I944» 
Lhed e h,h k yfm notdta propif.^t. 

Qudrt cumdmrumrect/mtm d tJg,4ttdjitt3ernKdtiondttaej6nghudinec4mmenJuraZ 
hilisexiIiatJbdc\ero mining fit eidemcommenfurahiliflongitudinef eruntd 1,1 g^ long^tudine 
wdHmmenfurMltF^t'^nU \yftoj^iolik.hmHStRditionkleftamen oftenfafknt dl,lg ,R4- 
tiondlesfunt igitur read d IJ g^CT fdntum^f»ttiitid eofftmetiifutdkles ^dcfrofteredtotd d g^ 
ex illisduahusc9mpofitdJrr4tiondlis,qud exknif nominikftsdiciHtr^vt confdf ex n^proMC 
butmltb, . - . - 
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lam\>ero demon^Mmrvt in fr6pof6\.lih.hmMSrectmgulim frhdh&il, ^itale effe 
<^ttarM parti quddrofi ex minori i MffiriptiiCT ^ia quadwd. ex a cfi hyfunt intommenfu' 
r^bilidiCum read a Cych^jint exh^fotheji potentid incontmenfurayiksterHnt ^rectangula 
.d.h^k,i&isaquaHdtmcQmfnenfutdhiliatjitque aieo&rectd d iti l,edndemrdtimemhahenfes 
cmn illu lon^tudine erurit incommenfurahiks. Quonidm "Veri Vt in fropof. 6\, lib, htam 
olfenfimeftrMam d l/naiorentelJeyfuam IgJE-t ddmaiorem d l^fpUcMum (firectAngdum 
fuh d ij l^contentumydqualequarU par^quadfdti ex minorelg^defcripti djtfidens fgurd 
quddrdidtjit^ue rectd d l^diuifd in puncto i^in partes lon^tudini incomrnenfurabiles ypoterit 
mdior diplusyoudm tnindt I gyt^Uadrdtorectd ^bi iticommenJUrahilts longitudine ,Vt conf^dt 
ex i^.propoflib.huius, Qttocircdom d /, (nimirum mdiusnomeneic bints nominibus)ofieiifd 
Jit to'hgitudine commenfurahdts Rdtiondli d tyexpojitaierit dg^ex bints nominibusqttdrtd,\>t 
coHi^tur exqudrtddefinitione fecunddrumdefnitionumlikhftiHi, Quddrdtum igtturddRa^ 
tiohdlenit^cQuoderdtoIiendendHm, 

Xhcor.47. Propof. 6$. 

Qv^DRAT VM ciu$,qu2 Rationale ac Medium poceft^ad RAtionaletngl)-- 
plicatum,latitu(Unem facie ex binis nominibus quintam. 

$IT r^d^hymer^R^di^(m4e^ 4 c^^ddRAtiondlem 
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ELEM3NTVM DEGIMVM. lo* 

exInmsnominilms^piHtMt. CoHfimdHittrrelif^y^* mprof^o/M. Iff tur turn rfcta ac^c h^qikt 
to/am 4 yyComfonmtypnt rectn^tentUinc^mmenfurdlnUs inter fe fadentts compofitum tx). 
hfitrHmquadranSyMedttm^rectdn^idum vero/tdfiffiscomemumyR^ationaUyyftVult ^vfropof, • 
Wf.hmm»mtO'rectanffdim d ^uic comfojito aquaU^MediimyO' Ift^qttalequod^isfuh 

Medium atttem d k^ad RatiorMlem d Cy^^licatHm Utiwdmm facit d lyRatiotutUm.Gf* 
ei longitudine incommenfurabilem »Vt wit t$ propof,lih,httius, Jgitur recta d l,Rationalis 
erittC^ Rationali d eyincommenfiiralHlis lonfftudine, , 

Cwn autem rectangtdum If, quod Rationale eft ad tandem Rdtionalem d e ^ v</ / k^^w^ 'Ml 
efiaaudlufit afrplicatumyfaciet latitudinem I gyRationJemyCf* i^fi I kjongitudtne comment 
JkrabilemyVt confiat ex lo.^ropof.lth.hmtts, 

'QuoniamVero duarum reBarum dlJigMdqnidemRationali d ejexpofttalonntuiine eji 
incommenfurahdujh^c^ero eidem fitcommenfuralnhsbnfftudineyerum ex lypropoflih. huitts 
feiid d Ugylon^tudineincommenfurahiles: Rationales tamen often/a funt d lyl gjgitur Ra- 
tionales funty& tantumpot^ntiacommenfurabiletyOc propterea tota dg^ex iUis duahns eompO' 
jita IrrationaliSy^ua exhinunomimhts dicititr^tyfult ^y.propof lib. hutus. lamVero V/ inpro' 
pof.6i. oftendemusre^angulum/uh tl iyilaqnale effequarta parti quadrati ex minore Igje^ 
firipii nimirulnqttadratoex I myRedamauoque d l,fnaioYemeffereSia Igy^plMpolflfqua-' 
dratoreSldJibilongituflineincommen/urabilts,Igitnr cum minus nomen I gyRationali d CyCX- 
pojtta fitoftenfitm commenfurahtle lonptudinCyCrit ex quinta deftnitione difinitionum fecunda» 
rum lih. hutus, re(la dgyex binis nominihus quint4. Quadratum igitur eius qua Rationale,(^ 
MiMum potefly&c^Quod erat ojlendendum,' : 



Thcor. 48. PropoC 66. 



Oy A o R A T V M eius,qus bina Media poceft ad Ratio nalcm applicatuni , lad* 
tudincm facit ex binis ncmiinibus fextam. ^ 

SIT reda a bjbind Media potenSyCUiusmaius nomen fit a tyiSf ail R4t^oha!em ii,4f' 
plicetur re^angulum df,aquale quadrato ex a bjefiriptofacienslatitudineni d'gJD'Ko re(iani 
dgyejjelrrationalemyqud exbinis nominikis fixtadidtur.Cdnfiruantur relijua omnia,Vt in 
fropof.6i. Igitur (fUnreSfd a c,c hyqua binant Mediampotentem coMponuntyrtimirutit ah^fini 
re^apotentiaincommen/urabilesyfacientescmpofituimexipfarumqitadrdttSyMediiitnyreBan^ 
ffdum verofttb^ip/ts contentum Mediumy& incommenfurabile compofto ex ipfarum qttadratis^ 
yt vult j^t.propof. iJf. hmus,erunt reBangula d k,c2^ / fyMedia(eflemm d kycompcjitoex re- 
(iarum quadratis a c^c b^uaUytir I fyre^anguloffis frbaCyC b^ntento dquale). 

Media atit'emiUa ad Rationales d eyO'ikyapplicata latitudines factum d 1,1 g» Ra* 
tionales yfid Rationalibus de,^ Ikylonfftudine incommenfurabtles,Vt Vult ti.propof,fw} 

. Qu^njifm vero re^an^lff^ ftdr a c,c hycorttentuih intommenfrraInU tfl^ eeuwofyo^ ex rr» 
Siarum.quadratit d c^ byeidim-y^o reiiangulo commenfuraktle e fi, quod Ins fwn ccbiCon-, 
tinetufygmnt ire^ngula d k,f^ Ifinterfe incomtnenfurahiliacyt coiifftur ex ^i*fropof,jiy, 
IntfMSt/igpfKpitreaC^reSlad IJ g,eandem€um jIluproppftton^hal'entefiHfommeufMfdhflefi: 
erunt longitudme,VtVult lo, propofbbri huiuSyRatUnakyttunenofenfitJimtd UgyR^ti^.^ 
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hm com^falrratiottoliSiqM exlmism>nimhtididmr,yi c^nfidt ex ^'j.fritf^Mnkmm, 

o I 



A' 



iiy^^ yi h- ^^4-^$- , 



1 

o 



4- 



•*^F 



^ 



^kjr^^y 



Jl ^ V ' ■ 



T^r^. 



\ . 



n 



if' 



Totdfu^erfidesquadranexay,efit^^3it9S-\'^y ii6i^ 
<Zihedseh\hk,referi&pr<fof66.li^.huiM. 

. l4myer^y^SVf,!4ntefe4ennjp9^oJitmedemonJh d Ije^e tmatis tutmen^plHsp^JJe, 

. ^tiun mmift^*4dr,4t<hre^.4 Pfi incommenfuralfittshn^tudineiCmautentnemrmnipjQrHmK 

' nmmm. dJJ g^Kathndi d t^pc^ojitA Unntudine fit commenfiir<^ile^m dg^ex hints no- 

mmikHif fsxtAiyt yult fixt4 d^nitio fecuniMimdefiHumim lA^htm, Qi^r40tm igUtir 

n^^Ha^mM^p>tejk^0'c,Quoder4J^Qfimdmdim.. 

Theor- 45J- PropoC <J7. 

£ i,<^va^ qft ex binis nQn\mibasJbngitu(IinecQminf;niuTi^bius^& ip(a ex bkiis 
ioroioibjis ciSLittfuc ordinc cadcra. 

SIT ex hints nominihus a h ^vel ^im4,Vel fiamdotVel temd,&c. qtu diui/kfit infitd- 
ndmimin <rmerummMiisj^4eltT^Kmmf sU^tiere6fad eyi^i d h,cemmenfikrmhiiif &»• 
pwdm. Dtett refUm d e^effe qucque ex hum nofmmhus p* oimkne edndem j^ 4" f . > 

' 'Futli'^nde,Wtoe4 d h^ totdm d ejtd dhldu d c^dhUtan d^fifdefti^itdndPfbfWL" 
itdndlii'itmeniawryVtiwh iufrofef.1^,6. erk ifftttr reUfiA ch/idrtliqtkim/ e^^^f fotd <r ^"« 
4d'i9Mrpdi,yt^kfidt«»^9'fr^fof.lih.y'' • "^ 
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Sum autem a CyC h, ( duo nomina fcilicet lineiz ex hinis nominih/ts) RationdhJl^titt&^' 
if,fe,Rmmalestrunt. • J 

Rurftts fiiaefi.vt a c,ad d fyita ch,<td f i,f^ftfmuttindo;vt a c^ c tf^itad fynd f ejitm' 
4utfm a CyC Ifyj^oientid tantum ctmmenfurahileSyerunt ^ d f,f e^otentia et'utmjolum corn" 
menfitralfiles,)ft covflatex io.fr»pof lA. 5. Quare df,fe,RamhaUs funtyf^tantum pofeiH. 
tia cdmmenfurahleSyacproindema d e,compojitd ex ilUs dudhusjrramndlti'^qudex hints nomi- 
nihufdidtury\>t}^uit ly.propof.lib. huius. Dtco ordine eandemefjeipji a byidej^Ji: ah^exhi-r 
ntsnomtm^iti prima,erit ty d e^ex bints nqminibas primajijit exbintsnominihus fecundd^it 
Crde^ex bints nomimbuijecuflddtf^^. l4mVer§ditt d Cypliit potijlyqudm c byquddmo reSia 
fhliongitudine commjmfuri^iluyVel inco'mmenfurdbilis. Sidutem ^ c yplus potejt y^itdm c b, 
qttddrdtc refhefbt longititMne commehfirdbilfSypi)terit(y',d f splits yqttdmf e]<jiM reit* 
etidmfibi commenfurabilis hngitttdine. SiVero a Cyplf(S potejiy^it^m cb^qifdaiMt&reflajiU 
immmenfHrd^dklongitHdinepatfrif d ftplHSff44m'feyfH4df^9. rf^0 fit^fik pe^nffven- 
fifabtiisjini^itjtdtneyyt.(vnfi4tfi9f i^pro^cf.Jik.hms. 

, Etfi d CyR^onali exports fit Ipnnfu^inefommtnfir^bilis^itiiXf 4 h^fit tx bfnisnomini^ 
busprimdyerk ^df,eidem R^imah mgifudinf cpfttmehfurdbHiSyCum Vtr4q]if.c^^dtt^n(tiUf 
(^d f,eidem d^c,fit iongittidlne commenfurdbilts; Qudreexdefinitioneprimdfectmddrumde-' 
finitionum lib. huius erit d CyCX bints nominibtts primd. 

St \ero minu9 nomen c byRdtiokdli expofita lon^tudinefit commenfurdhile , erit ^ fe, 
eidem RdtiondiHothmehJpiraMurTgitur cum~d$^'x bints nomtnibiisjitjeathda^erit (^,d e, 
ex bints nomimbus fecuitdd. -• * "' 

Si denique neutrum ipforum nominumRdtiondli.expofitalottgitudinefitcommenfurdbile, 
itdVt d bjit ex bints nominibus tertid,ertmt firreBa d fyfeycidem RAtionidi longitudine in" 
commenfuYdbiles. Qudre&d e,eritex bi^:n^iia^ tfr04yy^PMlt terttadefimtiofecmda' 
rum definitionum lib. huius. 

" > iM^t dt^lit^ fafik^^utimtfi b,,^^Ait4f»}fihii»ri^it4m.i»(?H^ & 

^\fipksi^nirf,«^H4dmf tis^^mitmfi'imm^eiifi/x4i^ i^iipmi^i>»}tt«ktk^.fr^^ 
lit.Jmim. Qfmt^t^i4}^,coiKliMkimf^'d:€^^^^ 
^iamjptoi»rjt£U.AhifMritti^^ i.»--<«'/- 



ki^, mains nomen yngitudinefitcommcnfurMkexpcJfuV^vti^i &df,mtiiHt nwntntitUm ejfe commenftiramt hn^ 
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fic»nJ4^tMrtaii^clqmnf4tfimnMlUr4noncpctcfi,y^ d c,$l6 fotct^tU tdfUmn cormHCHfurMUs fit exImUs nomittib$ii 4rJinc 

tadtm. . , . 

Sit tnim d ,b,€X hiuu mtnimhm frimdyficiiAddyfidrtdiPtl qmutd^ dinfd in ifid mmind dd c, titfite ei cwmmfnfitrdUlu 

fotentid tamhn d cfptdm ^mdcmyyt iu theoremdte^dan^n^dhimtti effi ex Unu MmtMitm^ui/dmquc effe i» ptd momnd dd 

fyt^fMTtes d r«r byfjurtibus d f^f e^rofortiomlcs ejjc^niynimm ilUsydd hds^Cdndemhdierc rdtionem^dmt^td d h^ totam 

dftDico ntdU mod9 fori poffe^yt ac^ex bints nominibtisfit eddem erdtneiffidbyKdmfifwt^fi fieri, fit ytrdMte exUms 

«tt.4ecitni. nomimbta prinuL Erit erffytrumqitemditfsnotnendCidf^xdefitL V^dticndU fxpofitd commaifMrdhUlonfftfttb^ 

^ . <5r inter fe Ungtt^dinc cfitnmen/Hrdbiks erttnu, Et ^nidtn eftyt d c>M df^td d b^dd d r/ mmtfr^fttrcd <r d b^d f, Unp-- 

^ To^decum. ^^^ c^mmenfitrdbihs. Qmdt^ dhfitrdttm. 9cmtHr emm d Cyipfid b^ottntidfolMmltommenfiirdbitis. Kmergo ytrdftcd b^ 

d e^tx bints nomimbtts primd tfi. l^icm m%do nttfse ytrdftecx bints nQmidhm qthtrtd crit. Sednequefccrnddyycltptinid. EJfet 

mmytrttrnfternimtsmmm € bf e^exdcfinitierteUngtminecommmfftrMlel^ exfofitd^qtieddc§& inter fe. Ifftnr 

t^t^ht d M ejimgtudi^e forent ummenfnrahles. quod non,p9nitttr, Sempcc tdmen yerttm eftji d b^eft ex bims ncmmbnf 

mmdyycl fecundd^yel tertidjreSdm d e^fi d b^potentidfilum comwer^urdhilem^eJfeqiiQfieyndm ex lUis tribns^bcet ordine 

* nen eddem fit. 'Hdm boc pofiro,p9terit d f^ltis^hn c by^nddrato reSdfibi Ungtudtne nmsnenfurdtiks. Cum ergi fit^yt d c, 

• it.decifni. ^ ^ *>^ ^ ffkdft^foteritqtMpte dfflus qukm f e^uddvdto reBdfibi longitndme conmenfitrdbilis. Quare exdefin^'erii 

d e^exbimtnemittihts inimd,yeirecundd,yel tertid. Eoacm modo fi d b^efiex binis ncmimbttsqudrtdyyelqmntd,yel/extdyitd 
^4$.deciBi|[. ytd^Cyplus pofiit,a$tXm cbjjuddrdto feSdfibi lon^tudine incommenfurdhilis 'y^poterit moquedfypUtSyquamfey^iddraf 
' reB^fibi knfftuoine incemmenfiirdb^isyCumfit yt d eydd c bjtu df^feylgtttrexdefm. erit J^exbimsnmimbttsetidm 
aitdrtdyycl 4jmhtd,yel fextd, licet nm eddem ordin^ ipfi d b, 

lnfequentibusdntemfudtu0rfr»pafifionibtts necejfdhi erit de^eddem crdine ipfidb^ep qudn^judm fotentid tdnium sBi 
eommenfrrdhUs fit. 

Thcpr. 50. PropoC <«. 

£1, qns eft ex1>inis Mediis Jongitudine commenrufiibiIi$>& ipfk et binis 
Mediis eft, acque ordine cadem. ^ 

SIT reBd 4 httx UnU Mcdiis frimd dmifk in fua mmindyfitjue mains nomend Cttm-^ 
uMSVcro c hjit reBtt d e/t lon^tudine comminfitralnlis. Dico d e^fjeqkoque exbiinisMe^ 
dusffhnam. Deinde fiatt^^t tota 4 h^ mam d e^fic iJfUta a c, ad ahlatam df,vt W/ 11. 
^' fropof.Hlf.6. trunt igitwr reli^tu ch^fe, inter fi vr tou 4 h,d t,ex i^.^o^f m. 5, 



I 



J- 



A 



-1 e 



\d;fyer 



•'< QttMttom Tferiab^ t,fMtmmr Ungtmdkie inter fi commtnfitrMes ^ermt 4 cj 
e Kfe^mMeommenfitrabileslonffMdiney'^t vttb icprdpofM, 5. Stmt 4Httem a c,f ^,.r.,- 
'M^dffmrf^tdftft^ iSit eommeHfiir4nPitr^edi4fimt,Yt Vt$U xj^.^opoflih. hmm, 

BjttJHttimfit'WjgtM dfJM chMfei&'fermimioyt4eM cijtd df^adff, 
funtMtem 4 c^ If^tenaafil^tommnfuralfiksienmt^dfyftjfantiimeomnenf^ 
pptenri4,vtiMtlt 10, propoflihr.huim. Qum mtf$rMediafintdem<mpratd4c,c i,ermt df, 
fe,Medi4,Cf* tanttm potentia commenfitrJ£iles,4c proirute reiia demerit ex bims Medis, 
yfy^dt}9.^^flihMiia,T>u^ ordine eahdem effe i^ 4 h\ 
[ QmitUmeaim efi;\ftd c/td c bMdfiadfe^ 4mm^ 4 eMtbMf^^f^ <'« 
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ELEMENTVM D^CIMVM. toj 

a. c^refiid^iktmfitlf a Cfck^^^t dfytife,ita qtmdrkfUmtx dfi iiire(i4n^*nfiJ> 
d f,f t^htmmmilH dtmdufinfuk dmim iemmate ^^proffof. ip. lih. huutt, Ent •^HOjufyitf 
fiiddrilimfteK <a dttd refhu mimn ftlt «i c^^^^qmtdratfanex df^ f9£Uitffthtm.fiiif dfi 
f'eiC$mtmum,iS^f>grmiUMioi}^ifMuh<ammtK a Cixd'fadratwnexd f^dteBin^tim fiA 
4 <^ h^onttntum gtd reiiMffditm fiAdf,f ejBotrfrebenfrm. Sunt MUtfrnjiutdrdai ex m 'c', 
df^nt^fe cmmenjmMkk^mrnBMng^pdf^ r^r h^jubdftft/muentMicommettfk'- 
r^ilidenimi)>t}mhlo,frofefitlt.hmm, 

Siyeri re^^mffdum fidr ^ c^c htRdmoMle^Jh(¥tre(ia a bjtxUmsMedUt fftHtajh^ 
eriti^reihM^lHmrjnb d ff CjlOtmnakieMm iBicsmmenprMlt fit, xfienfitm, ac woftetei 
CrreUdd e,firit€x innii Mediis prmn. Sedfi r^Unffdum fiA a <^c yjcomfreifenfiriH fkerit 
Afedium,it4Vt 4 bjfit exhinis Mediis fecundateritf^reSianffdum fuh dflftjMiwmtMnfui 
ndfUe oBehfimtMediumjiac fninde Cf nBa d ejocUmt Mediis feeimda. 

Si^gitur^fne tKbims MidOs fmmOt&XiQml-erat offendemtttm, 

scndLiVTa CL^vii. 

tODi.'MfTwfuttH»dodemonHt'MmtsjrtHimliiKamde^f»ttntUtMthnft$mi ttmmmjkr^i^i^ dtymttfitx 
MnttTHedrntOc HmTntctlnttfft^fie trdittt ejuukmipfia i^temmtnfurMlUefi^fitnpJo UcKmnme^Mlumfftiidi* 
m'wdcmMdkdMneSamittyiifKtem mmi JKfMis fttti^ 'mmftfiiw tfi. 

Thcor. $u Propof. ^9. 

M A I o R I <otnmenrurabiIis,& ipfa Maior eft. 

, SIT re^d a byMmordiuifd infudnomina^ctii«smdiHsnomenfit a c^imtfYi^^ c Ifa- 
^ ei commenfurabiUs d e,fitte Un^tudtne^fotentiaJtHe fotenitu tMttim, Dico 0'd t^ 
Maimmejfe, 

t ! 

g^ y" M i M i lilhi^iAMi^h^^i^iiiiiMiiiiiiit 1^ 

■ i 4 .t 



h%gi»dtitiuii.dt^Qm>tiiHmigit»s M fiCmfimfiliriiMesfiMt Vif/ hngttMie»&i*ifotetrtn^ 
yel ]>otem»»tiimaitnmt^^i9fifl teBtt Hjt^f^tjbfi^eifibm m^ merficommoifmrd^ 

Dd 



,-■ >■.■.■ 
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niutanda,yft a ^^ad c »Jta df^fe^mtyt^uddratuntex a c^^uadrammex c h,itaam^ 
dratum exd f,ddqHddratttm exfe,CTcomponend0,\t com^pttmex refidfumquadrdtis 
d CyC y^ddtjttddrdtumex c.bjttdcomfoptumtxteBarumqttddrdtucx dftfttddquddrdtumex 
fesCrconuerundo,Vtqttddrdtumex chyddcompo/ttitm ex re^drum<]Uddr<aisd CyC bjtdqud' 
drdtmt ex fe^ad compoftwn ex refidrumquadtdiis dfyfe^fermutdndo , Vt quddrdtum ex 
c y^dqttddrdtum exfejttd compjmm exreBdrmn quddrdm d c^c hyodcompofittm ex reBar- 
rwnqUddrdtu dfyfej^edquddratum ex c b,quddrdto ex f.e,eft commenfurdkile , quod fe(l* 
€ hfe»<^enJdfintcemmmfmMes;9AUn^udmei&fotentidp tantum, 

Qudre compojinfm ex reBdsrmn qttddrdtts d c^ h^ompofito ex re^drum qmdrdtis dffe, 
commenfitrdhde erit. ' 

EJidutemcompofitttmexreSidrumquddrdtisdCiC hyKdtionaU,cumreBd d CyC hyMdiorem 
d bycomppndtttlgitur^'comppfititm ex refidrumquddrdtts d f/eyKdtioiude erifyVtVuhs. 
def. lib. hmus, Rmfus quid efivt d c^ad c b^td dfidd feyt dutem d c»dd c bjtdquddrd" 
turn ex d cyid reSidngutumfub d CyfibyContentumyCrVtdfyodfeJtd quddrdtum ex dfydd 
reBdngulum fub d ffeyComprehenfumyexlemntdte 5. Qlduijpropof.i^.lib.humyent quoque 
\>t quddrdtum ex d c^dd reBdn^Umfub d CyC byitd quddrdtum ex df/td re^anfftlumfuh 
dfyfeyContentumyCTpermutdndoyVtquddfdfumex d c/id quddrdtum ex df^td re^dnffdum 
Jidr d CyC b/tdreSidnfftlumfubd fife, / 

Sum dutemquddrdtdex d CyCr d fyinter je commenfurdlnlidycumr^ctd d Cydfyjint ofien- 
fdommenfurdklesy^ellcmgimdmey&potentidfimuly'velpotentid tdntfum. Qudte rectdhpdd 
fub d CyC dy&dfyfeycontentdjitnt inter Je commenfurmiid,Vt coUigitur ex lo^^opoptjib, 
Tjuius. 

' "Sed reiidngulumfub d c^ byContentumyMediumeJiJpturO'readnffdum fidf d f,fejl^ 
commenfurdmle,Medium erityy>t confidt excorolUrio'Clduijpropof.ii^, lib, huius. Cumdutem 
pt\t d Cydd c bfodfyddfeyfunt dutemdfyfeyfnccmmenfurdbilespotentidyqudfdciuntcom' 
fojitum ex ipftrum quddrdtis,Kdtiondleyrectdnfftlum Ver»f$dr ipfis contentum , Medium : erit 
totd d eyexitududbHScofifofitd^dior^ift Vfdt j^o,propofM.hum, 

' Mdiori igttur commenfuraifiUiy&c. Quoderdt ofiendcndwn. 

Thcor.ji. Propof./o. 

Ration ALE ac Medium potenti commenfilrabilis • & ipfa Rationale, ac 
Medium potcnscfl;. : , \ 

SIT rectd d byKdtioHdtegOc Medium potensdiuijd in put nomind, cuius mdiusnomen fa 
d c^inusvero c bjitjue d CyticommenJurahiliSyyel lon^tu^y&poterttidpmuly\el potent' 
OdtdntumiDicoC^d e:poffeKdtioMle,0*MeJ^MmJ&menimconShfw^'\ft indnteceden^ 
tt propof.demonfirdbimHScompofaum ex nctdrumquddrdtit d Cyt byCdmmenfafdkiU effe com- 
pofito ex rectdrum quddrdtis i'fyf e^edcpmpofitutit ex rectdrum quddrdtit dCycby Medmn 
eftyVtdocet 4i.propofMb.huius.IgiturcompoJitumi!X rectdrum quddrdtis dffeyMedimnettt 
^fin^ ilfifayomn^enfitrdbikyyfj cmgitur excor^fBdrift Clduif. t4,propofbb.lmiits,£odem jkodo 
VtittdrueceJenti proppfitione erimt rectdnffiUfab d CyC b,^df,feyCO!^immJkrJnB^^fei 
rfctMgulMifub^CyfibygfiB^dtioMfeJgHurria^ 
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ELEMENTVM. DECIMVM. loy^j 

Pofhemo nctd iffe;yt mtmec^dcnti ^opbferunt poteniU irkonrncnJuf^J^hiftdciim 
facimt compofitumex ipftrumxquadratu,Mediim,rectafigiilMm Perojith i0s,Bi4Hmdc^\ii ,j 

yr " ■ C I ^; 

c ^,92 y(iit. y 486—94 J* i^a) • 
/'f,94 j'(9t y 50 -f— 9t y* lo-V ) 

oHenfum efi,mt totdd e^xiUisdualuscompoptdiKdtlonalcac Medutm fUms y)h'VttU\i. 
fropoflibMius.Quarc Kationalhoc Medium foKnti,Crc.QHpdcrat oiiendendum: 

Theor-53. Propof^i. 

_ BiHA.Nic4iapoccnticpmmcnrurabiIis,&iprabmaMcdiappt^^^^ < - ' -^ 

SIT reSid H hMnaMedid potent dittifd mfita nomma,skqU€iBn* mdus nomen 4 e/nU 
ntuVero c b,Sit autemre^d d e^mmenftirahilis ipfi a hjtHe lon^tMdme,CrpQte»tiafimHt, 
fiue potentU tantHtn. Dico rectdin d e, effe hina Media potentem. lifdem emm qm^huciitvr^ 
fiiprademonShtdUmHsyt in S^.prppdpmneeompofitum exrectdrttm^tuidrdtit 4 c,cb,C 
comfojitumex rectarum^uadramdffejmterfi effe commewfrrtd^i^fiinUut rectanffdim 
f$ib dc,ch,commenfurahilee]Jerect4nffthfahdf^e/»ttteniiK, 









■ .* I 






'\X 'W •••■ - ••••' ". Vjis, 'v^U^ 






^^ v\,\ .. V -/r./ii'^'/n: 



,,Igitur ciUii tarn com^fitim ex teadhm quadrat d c^c ^ifukf:^(clf4ifig^^ 



/ 
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4 c^ ^^(Sry*»iimdm fid^^ Sd fKtddfif<,yffms frntpotm- 

ffdum[tdfifjiscomj^ehenfumJincommenfwJn^funt\t\uU ^t.propof, tih.huius. Sitautem 
<ompofitumex rectartm quadrdtifd f/e^fintjumrnmrnrnfurahilrjcampjifi^ tectammqua- 

mmftrdtwniii^tt ix jchottoC^uijfroj^fA^MJjum^omfoJitimexrcaAm 

f CyCft^n^ulum fry ipfis com^ehenfumJmcommenfurJUha, ^tttr pirn d ffe./int rtcfd 

fotenttAinammenfurahilei^Mif^^^ txafarttm juadrfttittMedimt&recfan-- 

gidtJiw Iffftt^emfMi^iiimJa^^ quadrdtisierit 

totd d ejfina Media potensvtvult frofof.^tAih.hmus, Quarehina Media fotenti commen- 

fkrahib,(^iffalnnaMediapotenseJi.QMderatofiendendtiink 

Thcor. 54. PropoC7z. 

S I Rationale & Medium componantur^quatuor Irrarionafes fiunt,vel ea qux 
ex bi^is (^ofninibus,vel qu^ ex Dinis Mediis prima^vel Maior,vel Radonale^ac 
Mccfium|>*occns. .\ 

SIT KatioHaleffatimn a h,0m ftp amponamr^atitm Medium c d,Dicoreaamqu^ 
toettm jfatiim a d^tefiteffe \ndm ex iUu quatiior ytjua fmt nom^iiuua in hoc frofofitione, 
Erit enim rectangulwn 4 l^flMMitsi^lminHSyqitam cdtOqude enimeffenonpotefyAUas 
dim a h^B^^iMte ftndt'uryejfent amho Kationaluitquod eft contra hypofheftn iSit igttur re- 
cuiK^fikn' ik^Sfiit4m§fd^ c4int4»tt^K4tioitali ef,exp<ifitd.applicetMr dd em reaanff^ 
lifmt ^<Mi^M^ 4'hffk(k.&^ ad h g^ K d t ii n t li ef^ixfffitd efi dqindu/ifflicetitr 

' . Qi^^ ^A ^.JMmthfO^c dtMedrnViirif ftofte, mtdnffiltim egj^dtiotude^ 

rmitfi^l*lmt^.Ui^dkm^.r^ . 

Rationale OHtemdpplicatttf^ddKiififf^ihfn hfmiudmemfMit Katioikikmetfie Ratknali 
hngitudinecommenfttralnlem,ytVtth 10, pnfoJ^lt»,hmlis,quare Utitudo e h,Kdnondh erit 
C^iffieft commertfuraklii lonfftmdine. 

MediimVero/idKdthHdlemd^lkdmlinanhtdih ^dtiondlemffiJ ft incommen' 

fwrdhilm longituMe;m mfarex ^ifrhptfAihlhMszQudre loHtudo h k,Ratiottdlis erit, 
Cripfihgjongittklineincommenfirakilis, 

Rurfuscumteflanguld ejgt&h iJimerfefiHt}ncomiHenJufdliUdJCum~e'g^dti(^^ 
h i^feri(J^X4^akyfnttu ti^^'i hjh k^fmdemamiSi^itl^resR^ationemincommenfrrd'- 
yUeslongUHdtney'PtVult io.propofM,hiMtf.Ratiottalestdmeniamjunt ofienfdrectd e hjh k, , 
Rationales igitur (^ tantum fotent'ta commenJiaraMes funtyJcpfoftereatota ek^ex i^ 
dudbttscompojitd IrrationaliStfu exlnnisrtominihudicuiir;9i\idt ^j.frofrfMk. hintif, \ 

Quoniam veri re^anguUtm a h^nMHS ponitur^uam c d:Jhoc eft, rectangidum e g , »whs 
quam h i,eritquoque recta e h/HMor^ttam h ^cum thfi kteandemhayeant ramnei» inter 
feyqttamre^angula eg,h iyVt confiat ex i.propoflik.^, 

lamverore^a e h^lus poterit,qHam minor h ^quadrato readfihi commenfitrdyUitlon^ 
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rahiltjit ofienJuntR^mHoU efex^td:Qudre reSla,^iia jfdtitm e i^terit^ontentHm fut^ 
Rationali e f^O'txbinisnommihus ^ima e k^^tteadeo0'J^4titm4 d,compofimnexK^ 




Vf/ ^i y(u-j-9£ y 114) ^ sdt— 9£ s" 114) .. ' \ 

f h^ y-j—i-^t-y 'f Exymunominihttsquarttu 

tionaU A hff2^ Mediae dJrrationaUsefl^m exknisnondn^tisdicituryfjconfi^ttx $ypr<^ 
fof. lib. huifts. 

' Sedf re^4 e h^flus f>ofiity(jtMm h i^, ^tktdrdM reffajiln lonntudinc inconmenJkralM 
(rit ex e )s.fexkntsn9minihHsquaTt4exdeJlinitionequaft4fecmdainimdefmtion^ Hb.hHUU, 
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turn mdmnemen ehtComnenfrralnU fit ofienfum KdtionaU exfofiu ef. Igimrreiid,^uapi 
tmtj^dtimn e i^contentim fiik Raiionali O" tx \nm nommbus quarta e k^Atquc adeo & 
fiathm'd d,IrratioMlifem^qHavocaturM4ior,Vt confiat ex ^Z.^fof.lih.t)umj^ 

SJT deinde re^angulufn a hjMmm,quam reSiangtdum cd^cir reUxjua confirttantur Vf 
jprtMf. Em igitur \tfrms ir k,^x Innis nomimbus & e h ,if>p e f,lon^tudme commenpt- 
ralfilis. 





J 



jj^ ©Cw XZ"^ Ex him nominihts quintal 



Lined po^ reSiang. e i, ■ ^ ^(^ y \+^ ^ "?) + 9^ ^^^ ^ ^-^J^ ^ S") ' 

qudRatiindle^dc Medium potensdppeUatm'. 

Vel ^t ^tJS^^y. i4)+9' ^^^ ^' 30— 5i^ H) 

** ■ - 

Quonutmpero d hjminus efl,q»dm c djjoc ef eg^uam h i,erit quomte re^id e h^inwl 
qudm h ^tPoterit-igitur rurfusmait^ nomen h k,f!ltt<f^itdm minMsmtddratore^^fibilon^ 
tudineatmmenfitramliSiVelincommenfitrJnlisSiVeromdi/tsnomen h splits poJSit,qHam nu- 
nm^nddratoreSla phicommenfurMlislongktudine ,erit e k,ex hints nominihtuficundd, cum 
minusnomen e hyKatiomdi ef,expofitafit longitudine commenfitrahile. Qudte reHd potent 
ffdHnm e i^comemtm fid? Rationali ef^O'ex hints nominthus fecundd e k , At^tue.ddto O* 
^atiuma djex Kationali d hy0* Medio c d,compofitimJrrdtiondlHefi,qua exhmisMedik 
frmki'^^ocdittf^VultpropofisMh.huitat. . 

Si Vo-i f^ j^^pluf pdpityqtMm e hj^uddrato reR^phi incommenfirdhilis lon^udine, erit 



^ 
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e ^,exhmisnommdnisquint4yCum minus nomen e h,R4n0nali ex^ojiu bnptudine commen- 
furalnU Jtto^enfum.Jlc proinde re^a patens Jj^atium e ifContentum fubKationali efy&ex 
Innis nominwtts quintd t V^Attpieddeo&^mwn a djrrdfiondlu efi^qtia Rationale,ac Me- 
dium patens ii^pellatur. Si igUHrHmonak^ Medium componantuTyO'c. Qu^d erat often- 
dendum. 



Thcor. 55- Propof. 73. 



S I duo Media inter fc incommenfurabilia camponancur^duzreliqus Iiratio- 
males fiunt,vcl ex binis Mcdiis fecundajvel bina Media potens. 

COMPONJ NT y R duo Media incomnfenfurahilia a y,c d,Dico reSiamf^Ud 
ffdtium a dtpoteflyeffeVnamexilluduahus^qUitnominantur in propofitione. Erit emm a h,vei 
maius^vel minus ^qukm c dyaqualiaenimnonerunt^liaseffentcommenfurahilia^Qmiefican' 
tra hypothefin. Sit prima mMus^f^p' coitera fiunt)ft inantecedenti. 



a^ 



islv/^o 



i^cy45 



I 







xy ^2.0 



'Bey y-jr 



/ 



Linea potens reaang, e i. ^ y(i^ y ^^-^^ y '^)+^ Ti{^ V^-^V ^V 
. . v?/ J5t y ( §j y 45-1-9' y 15 ^+9^ y^ y 45—9^ y ^\^ hnd Media potens Appel- 
latur. - , 

f^>T^y 4-^^y-T- ex Mnis nominihus fixta. 

I^tftr quid^dtid d hfC d, Media & incommenJuraUlidponuntur^erunt ^ reflanguld e g, 
h iyMedidi^ incommenfurahilid : Quare & reBa e hjh k,edndem cum iHu rationem hahen» 
tesjongitudine trunt ineommenfiiralfiUs,Vt'»ult ^o.propofJih.huius,MedidautemilldadRa^ 
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rionalcs ef,h gydppticatu Utimdines fddimt e h^hk, Rationales , (^ KatknalihHS ef^hg^ 
longttudine incommenpirahiUs^Pt v»/r z^.propdf lih. huim : Sed Rationales funi eh^h K^^^ 
tHT RationaleSy&tMthnpotentiaconmenfurabiks inter fe^Ac froif^^ t luexillisdua* 
yuscqmpoptaJnationaltSyqudexbinisnominihiisdicitw^ ^y.propofhk huius. 

Quoniam igitwr vr in antecedcnti propofitione a h^onitar maiM^quam c d^oterit teila e h, 
flHS^qudm h k^quadrato fibi commenfurabilUlongitudineVelincommenfrramis. SipUtspofUt 
quadrato reBa fthi lon^tudlne commenfurabiluycum vtrumque nomen Rationali e f^^expojtta 
longitudine incommenfurabile fit olienfum ,erit ex tenia depnitione fecundarum defnitionum 
reBa e k^exbinisnominibus tenia. 

Qu^re refla patens j^atitim e i,contentum pib Rationali ef,(^ex binis nominibHs tenia 
e k^Jtqueadeo f^^atitim a djrrationalts efiqua ex binis MediisfecHndddicitur,VtVult 37, 
propoptiolibri huius. 

SiVeroreSla e hyplus popit^quam hk^quadtato reB^pbi lon^tudine incommenpirabilis, 

cumvtrumque nomen Kationali expopta ef^pt longitudine incommenpirahileyerit e kyexde^ 

pnitione fexta fecundarum depnitionum ex bints nominibus fexta. Igitur linea potens fiatium 

e iycontentum fub Rationali e p& ex bints nominibus fexta e k^Jtque adeo (^Jj>atium a dy 

I Irratipnalts epyquabtnaMedtapotensappeHaturJ^^t cpnfiat ex 60, propaf. lib. huius. 

Sedp reflangulum a b^minus pt^quam c dynonaliter propoptumaemohfirahimus^^tcon^ 
fat ex pgura. Quare p duo Media.irc. Quod erat oflendendnm. 

COROLLARIVM EX CLAVIO. 

^ ' £ X his omnibus ficiU colligitur^eam qux ex binis nominibus & reliquas i(>fam fubfequentes Irracio- 

•^ - ' •— hales nh6a?Jncquc Media:,ncque inter fe cafHcm eflc, 
• D.decimL Nam quadratum Mediae,adRationalemlineamapplicacum,*lacicudinemef&citRationalemipii Ratio- 
nal! longitudine incommenfurabilem. • ' 
, ^^i.^ecimi. sAt quadratum eius,qud; ex binis nominibus,ad Rationalem appiicatum^^latitudinem efficit ex binis 

nominibus primam. 
\ 4u decimi. £t quadratum eius.qus eft ex binis Mediis prima ad Rationalem applicatum , « lalitudinem facit ex bi- 
nis nominibus fecundam. 
^^ ^.dedmi. Quadratum deinde eius^quse ex binis Mediis fecunda^ad Rationalem appUcatum , ' lacitudinem facit ex 

binis nominibus tertiam. 
«,^4.deciini. At verb quadratum Maioris ad Rationalem applicatum , ^ latinidinem fack ex binis nominibus quar- 

tam. * ^ • . ' 

f . . . Quadratum autem eius,qus Rationale ac Medium poteft ad Rationalem applicatum/ latitudinem fiaicit 
^' ' ex binis nominibus quintam, ^ . 

P oftremb quadratum eius^qus bina M edia pottft^ad Rationalem applicatum/ lacitudiiiem facit ex bi- 
»,^^. decimi. nis nominibus fcxtam. * 

Itaque ciim hae laticudines differant & d latitudine Mediae , & inter fe , i latitudine quidem Mediar , quod 
hxc Racionalis fitjillx verb Irrationales i Inter feautem^quodordinenonfint esdemex binis nominiDttSj 
perfpicuum eft omnes Irrationales lineas^de quibus haftenus eft di&um>inter fe difiFerentes e^Te. 

SCHXjLIVM tX CL^V 10. ' 

H^CTEKFSe^tEfKliJcsikfipumfendim. 

In fwnoamconnnfmpnpof^j.^i.^^.j^Q.j^iu&j^x^n ortmnfex Une^erumlnaionMBumynimkium erW,^ ex 

hints n9mmiM^& eiftSiqiuc ex binis THediis frimay^ eius^a ex hints Mediis fcpmda j & 'Maiomy& eius^M f^mde^ ac 
Medium pote(ij& denize eitis^qud potefi bind Media. 

In fecundoyftem continent fropof,j^^j^^^.j^6.j^j.& ^%.e^$de earum^nifiombHs^ocenTfinfftUsin fingdis dttntaxat 
ptsnElsiS diuidi pojje in fua nowifta. 

In tertio deinde ccntento pr0pof^9.fo.^u^t.j^.<lr^^docttit tnuentionemfix Itneantm^^ ex binis notrnmbits dicunntr^ 
yidelicet prinr^/ectmda^eniat^art^tjjmnra &Jhra, .. . , 

tnjua»roijuemabfolt^nt Propof.$$.^6.$y.$i.j9.c^ Go.oBenditqtmn^doha fexUnedelrroMnalcsMain primdJenanceX" 
pUcamtir^merfe dtfferant,docens ijuJenam lined Irrationalts fit iSa^tpta potefi ^atittm contemumJiX^jmnali^ & ex binis 
nomimbtfspnma^yelexbinisnamimbiisfecimdayycltertia^yel^H^ : . - ^ . 

' In 
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Inqumto autcmauenirefpicsin frofoJ^6\6u6y6^6f.& 66.Jocmt,fsutfi$4m latitmSncsIrraticnaiesficuou^k^atd 
linejmm IrtumnMiufnin primo fenario cxplicdtMumyoJ Rjttionalem Imedm appUcdfa. 

Infactoyero^qmnqiie ff9fofnemf^ 67:68. £9.70.^^ jijdfotHititr^emor^roMt Uneam f$4mcutH^cammenfifr4bi-' 
lemaliati diBarum /cxIrratiMaisst^infnriuffTfarJfi^^^ commtnlkrabiUs ifi. 

*lfi [cptitMdmiqHe cmtnupdsuihusftof^finonihis^niirMm 7U& 7 J. exfUcMdt rmfm dtfpnrcntidm Mliamfcxfr^diQik^ 
r»}nlrratianalmm.^ • / / ' 

Bjpef$ti(r4utemi9f^^haJbclittfHln faurio^holma feu frop^miiJitiU^nAtMUd^^ 

^ptutetnconfiflit in excehHtodemXt reB^THedU f(rofoWonJisJicundim^y4fy^9gfam^nt^ cutuf- 

ftislim^InJiionJis,ep^uoquetn4ti(^^ nomindmedid exifik. . ' , 

SitAimfkecmqufJir4ff^^iHmfe:cxi^^ 4 c^&itmidJiwt n t^Ufmm in J:^ 



c 



<C •• *' ■ • • ■ ■ J * 



mmtm 



^i 



.V 






aitque ekliMnemt^.Qmmtmem»4C^i^dtdim£4ma.J^ 

%4id cJ>eSicMmefiJimid$am iffiui * h^umfe ceffe mSamprofmiotulem inter 4. c^ h^nUtul^ytriAmetkd. 
J^fHtMU e^mmafwMitlliUngtuJ^ nri * h,/cim bMmitJhdHfU ; mt&t^rrsmiulis eadtm iffi d H ^yt in 

fixtaftturiiiefidemonBrdtmH. . ,.k - . . ■ 

Jdm0ftenJmtifmHdliterincktmili*f.InMf>»4b^ v r jil J r • ii. j «■ • 

StqtrnittH'i^fipt-^ "^ feHdrn^fiiyM*e4dmEmyesdetnmpdt^fec4b$sbnasIndtmjUm»fi*P^ 

tumiaitrimtm.ima m p^ctdtmibmfittmfaums dt lnMonMt(ftq^ftrnMf»Jitinem^.jmttt,m»^fi^ 



PRINGIPIVM SENARIpRVM 

PER DETRACfiONEM. 

Thcor. 5<Jv Propof74. 

URatioodiRarionalis awfc|»cur pownw tantum comn^cnltfijuRijrilis 
cxiftcnscoci:RcUqiu Irraiioi#s eft. Vpcewt auccm Apotoroc,.^ 




;-*A\^ 



EXRationati a Mrtr4i5r4r«ri^fto»4/« a cjB taiuum potentiacommenfitrMikDico 
retifutm h ceffclrramnalm. Nm cm tx Icmmdte j. Ckaai prof<fi9JmimB^tvt 



4th,9 

4 f,9i ar 45. , 

c^,9— 9tar 45-. 



^^^sZ^J'x 4 t,cmma,fmMc #««y./»«*«« »(i<mm^<a* 
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menptrahile^yt conjiat ex \6.frofofM,hmHs.BjeilM^di>^fen fuif a ^,4 c,contentocomnfen- 
frrahile efi,<flt<dtifklfipfrnHmemr, Quareex fcholhC^ fro^ofi^. likhumcomPof' 
rum nrel^druni juadratis ah^acy^ reBangulum fitb ipfis contentum , incommenfmahiUa 
fmt£ftMtmnt^m»fo^im ex^tiUnim ftadratk ahy^ViX^ndt reBan^lobUfi^.a h^ a c, 
'Wkcm'^tuidra'toex h f,vr confdi ex :7,prop9fl$.i. ^re fompoptumex reBdrim mm- 
^TiSfkai^Xtqwidnttotx b c^eflmeomminfirJbile'^tVMltcwcll. Clamj frcpofij. lihJmtts. 
IgimrciimcomPofuumexreShtrum quadratis a b^ CyRMonale fityCfitquddratumex b c,ilU 
incommenfurakikJrrdtiomdeyJtque ade&&rciia^ cjmjtionalis, Vpceturautem /ipot^e, 
pueKefidwm. Si igititrat(,anonMiy&cQMd'(^'oilfe^lw3{m ' ' •'^ 



SCHOLlVTa CL\AyiL 



Si imaiori nomine cius,qu*cxbinis^ommibus,mmusnomen'«BtfWtifciL^4lb^i?S^ ^ft. Vo- 

cetur aut^ Apotome. ' -•* '^ 

n^ftifl'eum -a IfyA^^'fJtiondei frten^tJhtminMt^furMyt^ '*''^^*x*pptn4amit^MtK ex tints iu- 

tm-i^Mieic. -■■••■■>■•'■•■■■ •^•' .'j^^rcwpi*. 

Thcpr.57; PropQf.7j. 

' '^ViMc«aMei!ia atifcraturpotcntiatantumcommchfurabiliscxiftcns toti 
auae cum tota Rationale contmcat5ReliquaIrrationaliscft.Vocctur autcmMc- 




• A- -* 

iS^defcrifikiM^tai^rmimi^)^^ 

quequadratocx a h/t c^efcrifto ,commenfur4hile em,&Medmm^\t ymU i6,fropof:iik 

his fib ipfiscominetufyRmorhde. . , ■ . 

QiMrereSian^ulumbufub a b^ c,quod eft Rationale JncommenJitrMU em compojito ex 
Mamm-jkddrdtisyb,ac^uod if Mn l i mn tl^tmrmu atnp $ fi tm,ex reiiammquadratii 
a b^'h^qUaliptreSlanmlobisfib a b^ CyContento\macHmqitadratQ ex b c^vt Vult y.pro- 
^f'^'^f^ffqffo^¥ere(f4nffdmbisfMb a bj4ffVn4xumqti4dmoex b c,reBangulo bis fib 
d If'^^i^Qmmenfiraiih.i^e ffi^ bis fib a^^^ c , Cf^juadratUm tx% c, i«rt;^ 

J^mabitU/mt, .. Cum i^tur rg^aurulumbufib ^ b,a iikd^hiiJiUfi.&M'q^uarltim 
'* *f>lf».?«f<'»«»«#':^« irramn^^f^fifitttie )reBa ^ r, ItrdHon^, P\fcemr knWn 
Media J^tome prhnaSi igitura MediaiCrciQubdertu dernHpan^uU ' ' 
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ELEMENrVM DECIMVM. ^ hj 

S CHOLlFTd ClUFll. 
POTf^ISSET h^c Ifrofofitio fropom hoc modo. 
$ 1 i hid^ Aottithe eitts,^}tt*i be fciftis *t)Bdiis{)rihla,mirius m>men attferattif; Actiqtti trir^cidtulis dl; 

lU^qu^^^hinisMediis fnnkidiaturycuiusmidusr^mm x h^<Tmn^ a c^ufcrtHr mm Ac^nmus nomenexmmori 4 bff%^ 

Tneor.58V Propof.7d. 

S i k Media Media aufcratur pocenda tancum cDmrncnfurabilis cxi(lens toci> 
dui; ciixn- tdii Mcjidoi comincAt »&cIiqttaltr.a'^^onalis eft, y^cccuiraucem Me^ 
di± Apofofiic Iccaada. 

t> ET ^AH ATVK aM^ia d htMedia d c^mpt tantum commenfurMlk />a- 
fieniU Midix d hjitjuf itStanfftlnm fiih M edits a l>^c,cotttennm , Medium. Dico reli- 
j^vaof k,qffff(itfationakm» QwniameHtmquitdrata'exMediis.d^fa c,Potehtia inter fi 
. comtn^urdiwt^ 9 Mtdidfint , & inter fi CQmmenJwrMlUifrit compofittun ex i^Jknm 
akdr!ikis\itii(^equdd^^ Ctdefcri^toicormenfttrMlet'^t vult i6.^nfdf.U'_ 

. kri huinf,Snnk^ autfin 4ti^dtdi&iMedid.Igimr ^ comfofitum iltud,Me4i»nt erit,ex€oroU 
UnoClauij propoft4,JmihmHS, ,. 

; Bjufmftid re^dt^dmfubMediis d h^d c,achyi!OtheJiMedmntfi^ent(^quod^ 
Ji^ A,}^Xi(xiHfiHemr,MtdJimtxe0 






' iOfimdut^coMp6jttnMexYvBdmfH^ftadratisdh,dCfdjuakfit rt^ldngnhhisfiAdh, 
a Cycomin-ehenfivnacumquddrato ex h c^er j.propof.B.x.fupetalni tomfofitmntx reBa- 
rumquadratis a hyd CyreSi^mfftlmlfitfik ipfis contet(m0 quadrdto h c. Sunt oHtem dmbo 
Medi4,nimir»mcompofitfmexreifdrmquadrdtis a i,4c,&re^dnfftlim his fib HUsconr- 

ifXMtlMKw r ■»■'.- 

J J^ioiKii^tdmm^urififtrftM^Mmi RdtiondU^non em quddrdtmex h c,^dtio^ 
mti^fidMtdiam,^ amfiM tsii>j.fra^efMuii*sfeBdfmque h cjrrdtionJis , ffta Medi^ 
Jpotome fecundd yfocatur. Si igitur d Medid, Medid dufsratwr^Q, Qmd etdt cjiendeih 
4um, 

SCBQLIFM CLUVlh 
HOCai4mTlteorm4iufotm(fetpropom. v 

^ I i maiori liotnine tim qaie ex binis Mediis feamda,miittls itonen avf ecatut j IV«iiqo« Inati9n«Us eft. 
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11^ ://■ E V C L I D I s 

Thcor.5J?. Propof??. 

Si atc£lalincarc^aaufcraturpoccntia incommcnfurabilis cxiftcn$tori,qu« 
cum tota faciat compofitum quidcm ex iplaram quadratis,IUtionalc ;quo4 aa- 
tcni fubipfis concinctttrjMcdiuinReliqua Irrationalis cli. Vocctur autcmMinor. 

DEfKAHATVkexreBa a Krelid a c.potentUmcommenfrralntisipJid h^tqtte 
compfitum ex ifpmmfudratu^Kaaondk^reiiMgidiimvero fub iffis contentimpMedmm, 
Dico rcliquam If CiCjJelrrMionalemJ- - 



««fc»«M<w«> 



't . ...:;.. - chi^y(i8+i}tv 109)— ^t¥(i9-^iftyloS.) 

. Quonidm enim co^popkm if^t fefiamm quddratis a h/i c, eflR4tiondletreBangulim \er^ 
JubipjucontentimtMedmmy/icj^omdi O^quodhisfiA ah,d Cttntnt comfofitum extefU' 
mmfuadrdtis dh^A c,&r(SdnfftlmfiyipJtscomprchettfim,inamtnen^ 
compofiimexriiidntmqfktdrdtis a y,a c^dqualere^anguiohis fidfa hyd cjcontentoVnaam 
iquadrato ex h c,U conjiat ex 7. Uh. t, Qtutre excorollario CUatij frffofiyM. hmMf/Wffo^ 
,pmnexreB4mmquair^ah,d€,<^tkdratoexhc^jim^ 

EfidUtmcmfoJhwHiUttdKdtloni^.Qu^eiit^^ 
rdfionale ejiyjic ftoinde 0'reSid If cjn'ationalu,qiue')focemr Minor, Si dreiU ^umreiia 
4itferdtm;Cfc.Qiioderdtofiendendtim. 

. SCHOllVM CL^yih 
SlCefiamThe0'emdbtcf9ter4ifrof9m. 
S I inuiori nomine lines Maiori$minusnonienauferatttr)ReliquaIiKationaIiseft: VoceturantemMl' 



nor. 



Htm atm 4 b^ cjtnt potattUinc«mmei^«r/ibUtf,^f4tiimt cmf^ttm^iiJtm exMmmqiuulrMitJ^jitUHdleMtod 
4tiHi»J^iffisccmkuttirJAedimnierk.cmff^tite»i^ln4tkn4d$t^fi^ dbjmkm m- 

■tem^.(.jAi^atitr. igm * tjMutisntmta txmdm 4 h^vt rdmfumr Tdimr be. 



Thcor.^o. PropofyJ. 



. S.I ^ KGtz reda aafcracurpotentiaincommenrurabilis eziftens tociiquz qiixi 
coca faciac compoficum quidcm cz ip^rum quaclracis,Mediam ; quod aucem. fub 
ip{iscontinccur«RationaIc:RcIiqualrracioDalis eft.Vocecur auccm cum Ratio- 
nali Medium cocum efficicns. 

DETRJHJTyR exreSia d h^re^dd cjpfid hjincommenJiiTalnUt^taHecomfoJi'^ 
turn ex reSiarumquddratit d b^d c,Mediiim,re6UitfftlumVer9 fuh ipfa comprehenfim,Rd-' 
tionalcDicorelifkim h c^ffeJrrdtimudem, 

Ndm aim compofitum. ex reiUmm quddrdtis d h^d dMedium fitjreBdnffibim'^erofib 
illiicontentttmfR4tiondUfjicproi»dc(irqiiod bisfuhd lf,4t CyCottttnititTienrnt compojhtmcx 
re^drrnn^Hddrdtit d hid CyCrreSUnffilmnhisfithiffisconteptmJincommenf^^ C<>m- 
fofitHmdittemesbreiiantmfktdntttSd h/i c/tfuiUtfre^huiffUobiifiilfd b/i c;widCHmqikh 
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dratoexb c,\KConfiatexy.propoflilf.t, QuarereSiangukmlfisfiba lf,d c,Vnactmquadf4- 
to ex b c, incommenptrabile efi reiianffdo bufuba b,a c^mprehenfo. 

C ^^ j^ ab,^i((^yii6^^y'7i} 

cb,i^y(^yil6^j^yyx)-~-^y{^t.yxi6-'^yji) 

Sunt autem re^Mguhmlni fub ab,d c,&*qtudrdtum ex b c,merfi incommenfirabilia 
\ftVMh 17, propofJib,hmus.Qu^e cum reHanntlum bit Jitbd b,a c,I{,atiottaleexift4t,ern^ud- 
imumexb cjei ittcommenfuritbiUJrrationMetJcpropfereaCrre^ab cJrrationaliSf^uaVO' 
caturcumKdnoMU^Mediumtotum effciensJ^mrfia reii4,0'Ci Qmd erat ojlendendum, 

SCUOLIVM Cl^VlI. 

HOC ett4immodoEiicbdesThmmdh9cfotmJfetfrtf9n<rc. 

Si imaiohnominediis>quxRadonde,ac Medium jpoceft,minasnomenattferatat, Reliqua Icradona- 
lis eft .Vocttur aatem cum Radonali Medium cocum etnciens. 

Cmn mm db,a c,fint fottntia mcemmmfurahites,/^ fjcimu comfofitiim ^mdem ex ipftrum fMtlratis^eSum ; qiud 
4Memfubipfiscmtinettir^^4tmJeimtcemfoJit4ex^fislrrmm4Us,^mna^ 

ita ncmen tft * b^nimts 4iittm a tyAt^trtm igtier mime nomat * c,i nuuori 4 hf/t b t^tum ^jtunMi Mcmum Mum tffi- 
aau reUn^HMur. 

Thcor^ji. Propof??- 

Si areda izOa. auferaturpotcntia incommcnfurabilis cxiftens cod^quzcum 
tota faciac & compodcuin ex ipfarum quadratis,Mcclium > & quod Tub ipl&s coa- 
tinetur>Mcdium4ncommenrurabil^qae compofico ex qiiadcacis ipfarum :ReIi- 
qua Irracionalis eft. Vocecur auccm' cum Medio Medium totum efficicns. 

DETKAHATVK exrecea a b,recM a c,potenttdincommen/urabilisipfiaksitque 
tarn compofitum ex ipfitrum^quadrdtisd b^ c,quam reaanffdumfitbipjis comentum,Medium, 
Et reaanguhmi\lmpteti4minc9mmenfural^ b,4 cj^ko 

reU^umhcieffelfrMiondem, . 



c 



^ ^____^ \db^^y(^yi%^^^y€o.) 

4 f, ?£ y (?£ y 180— 9t y tf o.) 
c by^ y (5£ yi%o^ Jt yy6o)-^^ v{^V 180— ^ ytfo.j 

Namcum compofitum ex rectarumquddratis a. b^a c,rectaHgulobufuba b,a c,fit aqude 
VMcumquddrdtoexb c,vtvult 7, propof.Ub.i,Superabu compofitum ex rectdrumquadrdtis 
d b/t c^ectdttgulumbis fidf ipfis contentum,quddrdto b c^Sed Medium non fuperdt Medium, 
KdtiondU, Quote cum tdm compofitum ex reaarum quddrdtis db,d c^ediumfit qudm re- 
ctdngulumbis fidf ipfis contentum^ Non eritqfiadrdtum ex b CyR.dti^ndle,fedMediumy& ideo 
rectdb cjrrdtiondisyqud cum Medio Medium totum effifienrdppettaturJgitUrJilrectdiC^p'c 
Quoderdtofiendendum. 
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SCnOLtVTA ChjiVll. 

' ■ 

J» hmu tutdnm frtftnifu^ftrnj^ btc Tbtmmd. 

S 1 1 tnaiori fiomine eias,quz biha Media poteft minus nomen aufetator } Reliqua Irrationalis diVoce- 
taranceincum Me<iio Medimritotumcffic i e n s. 

OyOKlAM cimd bt*CtlmtfetattUinco7HmmftfrMUsif4€Uittqtie€rem^»J!tim ex ipfarumfudrais;M*Aimy& 
r<^n»Aiw/«5^/,2tf«&w»^««i«M»»^ cmfif/iuexiUitlrrmMuItt,^ Mm 

Tatdi4fottHsdiam,fmiitm4iiunomi»dbt&mmm* €.U4mur^mmmmnmtit4ettxmdm4hi9trdinfiMirb c, 
cMm7ae£i»Mei6miK9mn0{ian. 

LEMMA. 

Si idem cxceffus fit inter primam magnitu<linem&fccundaiii,qtu titter tevtiam maj^- 
tudinem,«^ quartaift ; erir & vicifHm idem exceflus inter primam^ magnitudinem,& certiam, 
qui kterfe£isiuiamn)Bagnicuditiem,&:qiiartam. 

SINTijuatuw magnitudines a h,c d^f>g hyshtfue i h^xctffm inter *h^ dydqiMluexcef$af(f, 
inter efyg h. Diet enndem ejfe excejftm inter a b, ef, qni inter c d,g h. 

'■ " ^V Vo » Ift 






<y Ti^ 5 • 



--a 



Excejpifnuign.^ ^ y 



J^MfinUmatim i hexceffmeft inter a i^&c d\trit a i^ffic d^fuiiiudk.h$dem fMhsqwdketite}^ 
y$^- Intern igitur exieffiiserit inter a i/^e i^» ijui inter c d^&g bjcum hn tm^niiuaines illis^fint 
dquales^fingji^UJir^ulis. E(tMtemtet§rum a b^e f^x fronnnciaeozfM.i.ietemexceJfMe^qni inter a k 
e k ; ijuod it,k/, dujuales fendntnr. Igitur idem qnoqne exctffks erit inter a i,&ef^qM inter c d/r 
g b^qned efi frofpfitum. 

COROLLARIVM EX CLAViO. 

£z Ms €!(iil(tit,{|tlatttor m^gnicudines Arithmeticam Analoj^am habentes^habeie qnodue viciffimAiith* 

mecicam Analogiam^quoniamhuiufmodiAnalogiaco^fiftit in eodem tMM^^joptm o^cndimusomdMi 

efle inter prifnam,&terciammagnicudines,qui inter feoindam&quartaniniagnicudines reperitur^fi idem 

: fit excelTus inter ptimam magnitudinein»& iecundiam>qtu inter tcrtiam magniftidincm^&quartam^hoccft^ 

£ quatuor magjiitudines Ansdogiam Arithmeticam habeant. 

Theor.52. Propof.So. 

ApdTdMifcVttatantt^mcoflgruit rcdaUneaRationalispotentialoIdmcom- 
menfurabilis cxifttnstotl 

5 IT Apotome A KHfK conffmens h Cjpotentid tamiim ton 4 CtCommen/mMk. Dic^ 
iffi aj^,na!lmdiiamK<itiofMdem eongrSenpo/fe^jMa fit etiant potentUtmttiM comment 

Si enimfifi fot^pm^rudt tidUd^^orndk h ijtta^t h i^fi 4 4,fit etUmtumtimfo^ 
rthtk cothnunfititlfilfs. 
Qupmeanifftitr recta b c^^malis eft^firit 4 Cjqiueei fotentU commet^m^mfyiimdiil 
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jfc fmkuk^BsiteiQnales^emu a cjf c,^umtumfountUcommenfurahiles:fan ratumeerunt 

^ t ^ J 



4f,9. if,9i2('45* 4^,9— ^ty 45. ^ 

Qmi^niidem e^exceffiis inter comfofitumexrectarumquadraeis a c,lf Cy(^rectangt$^ 
lmnhtfiilfif§»co9tentttm^m mtercompofoumexrectantmquadratisa djy^o^rectatmlum 
Juha, dj k(nmfrehenJum(frperaturettimrectangMlumhis/iUf4 cj> c^com^ofitoexrectarum 
ftM^M/is 4€^h CtfUddrato a. b,"»t \tiU y.fro^of. Uh, z. Eodemque m0d9 ^ rtctanndum hii 
fi^d dji y^fi^atMracoMpofitoexfecurumquddraasd d,d b^qHodratoetUmexa hydcfcH" 
po)^QuafeftrmmaHdo ex UmmateClamj anteced^tis propo/monujdem exceffi/s erit inter 
etmftfitmnexreadrumquadratisd cjf c^tP* inter comPofiatm ex rectarumquadrdtk dd,db, 
fd inttr readngidwn bis jitb d cjf Cyd^ rectangulum hitfitbddydb: 

Efidutem excejjm inter iUd compofiu J^dtittm Rationdle,cum tarn compojtttm ex rectarum 
q$fadratisd Ctbciquamcompojttsmexrectarumqiiddratisa dj, byRationale ponatttryVtconfiat 
ex fiholioClduijprppof%yJib.hmfu.Qu^reexcejfuj inter rectangulum btsfuba cb Cy&re' 
(tdnffdm bis fib d dj. btfj^dtiwn eftetiam KationaleiQuoniam vero rectangulum frb a cjrc, 
f0tentidfitiim commenfiardbilibittyMedimn eft,vt docet ix.propofhuius Iw. eritCreius du- 
pluntf^MediumjCXcorottdrioCldtuipropofi4.ldf.htduseadeniquer^ne,Cf*quod bitfibd d, 
d btMedUm erit. Medium dutem nonfuperat Medium,K4tionali,Qudreexceff$is inter re^ 
adngtdumbisfib d c^b c,^recidngukmbis fubd dj b,^dtiumttonefiEjttiondle, SedRd^ 
tionm.eujfntffeojlendimus.QmdJbfirdum. QuM'e jipotonie d b,VndtdntimRdtiomdis lined 
Ipof^rm. nimirumb c^ftdnef potentidcotnmenfurmUs. Qmienttojlendendum, 

Thcor.(J3' ProporSi- 

Mb D i£ Apotoms primae vna cantum congriiit reda lineaMedia^potenda 
{biumcommenfurabilis cziftens toti,& cum toca Rationale condnens. 

SIT Mediae yipotonueprimdd b,f^illi congruent b CfMeMdfMd totidCyptfolumpo- 
teHtideommenfitrdbUiSffltqiferectdngulum Ins fib d cJf cRdtkmdle. Dico ipjtd b^nuUdmdlidm 
Medidu^eongruerepolfe^ikeetidmfatotid c,potentid commenfirdbilis. 

Si etiimfitipoteficongmudlidb dyMedidtotietiamd d^potentidfolMm commenfir^i- 
UstSttqueetidmrectdngubimfabddtidbtR^iondle, 

^ <> c I 

Qumdm b c,Medidefl»(^tdntumfetetttid commenfirdbiiHs ipfi d Cttrit necejfdfio rectk 
deiMedidt^Mconfldt exi4.pr<fofJibMitis,Qudrerectdd cjf cJ49iidfim inter fitdrnm 
fokmid €0mmenfir4biles : 

■ . ' \ 
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Cmt autem idem txcejjus fit inter compojittim ex rectarum (jttadrdtis ac,^ Cy&* comf$fi' 
turn ex rectarum quadratis 4 dj. hytfui inter rectanfftlum hisfm ac»lfc, ^'reHdngumm bis 
fijfd did K^t inpracedenti demonfirauimtts. Sit autem exceffits inter iUa reSianguldJfiatium 
^ationde^cum tarn re^dn^lum bis fib a c,b c,^iMm re^anguUm bufub ad,db, contentum 
fit Rationale, Quare exceffits inter compcfitttm ex reBamm quadratisa cjb c,cir compofinm ex 
re^iarttm quadratisa dj b,J}atium erit Rationale : 

Quoniam Vero reBa ac,b Ctfttnt Media,(^ tanttim inter fe fotentia comihenfurabiles, 
erunt crearum quadratayMediaitSr inter Jecommenfurabilia,Com^fittmf$toque ex ipfarum 
quadratis commenfttrahik Vtri^e ftadrato exatybc, defcripto,ex 16. pnfof. lib. huiits, Ac 
proinde &* Medium ex coroJUrioCiaitijpropof2.^Jib.htttf(f, 
Non fecMS demonjirahimus Medium quotpte ejje CMtpofitum ex reflarum ftadratis d dji b. 
Medium autem non fitperat Medium,Rationali,vtvult xy.propof.lib.huius.Quare excef^ 
fis inter compoftumexre^arumquadraits a cjf c^&compofitum exreSiarum^uadratis a d, 
d byfjfatium non efl Rationale, fed Rationale eumo^endimus.Quodper'abfurdum.Quare ipfi 
a h,4ia non congruit Mediay prater b c^ua totipt potentia commenfuramUsyf^T qun am tota 
Rationale contineatJgitur Media ApotomatC^c. Quod eratojhndendum, 

ThcOr.64. Propof.82. 

M E D iJE Apotoms fecunds vna untum congruit redb linta Media pbtemia 
iblum commenfurabilis cxift ens cod,dc cum tota Medium coBcinens. 

SIT Media Jpotoma fecunda a biietquecongruensb c,totia cpotentidtamimcommen" 

firahil'ts/ittjue reSlanfftlum fuh ac,b CyMedium. Dico ipfia b^nmam ^tamMediamcon- 

gruere poffe^qua totifit etiamcommenfitrobiltspotentiayfir qua Medium cum totacontineati 

St enim fieri potejiycongruat illi alia Media b djqua etiam toti a d,Jit oommenfitr^tlis foten- 

tia,& qua cum tota a dyreiiangulum Medium contlneat. 

Exponatur deinde Rationalis efiad quam appUcetur ye^angutum e g ^aquale compopto ex 
reBarumquadratuaeJf Ct(yadeandemRAtionalemaliudreSangulum e iafplicetur^tquak 
quadrato ex a b:?ofiremo adeandem Rationalem ef,ali»d reBanfftltm^pUcetur aquaU com" 
. pojito ex reflarum quadratis a d,d b^imirum e I. 

J^rurdmcompoptttmexrefiarwnquadratisa c, b c^qualefit reBangtdobis Jub ipfiscon' 
tento Vna cumquadrato ex a b,Vt confiat ex y,propof.Ukx. erit reBangulumk g,fiqmde re- 
Slangulolmfitha cjb c^omprehenfo^odem modoerit re^angulum ^ /, aqualc reBangtdo bk 
Jidfa dj btcontento, 

Quoniamyero ac,bc, MedUfimt, & tanrnn Potentia commenfiirabiles^erunt e4snm 
quadrata»Media^(i^ inter fecommenJurahiUajcompojitumquoque exipfarumquadratis,ynri- 
que quadrato ex a cjb c,defcriptOtCommenfiirabile,'Ptvult i6.propof.lik huius. (2rexcoroUario 
Clauij pr<fofij^Mb.huius,Medium erit. Quare dim reaangtdumegt{aquale compofito ex 
reaarum quadratis a cjf c) applicatumJitadRjuioualem e ftfaciet latitu£nem e htRationo' 
lem,fed ipfi Rationali e f, lonmtudine^commenfurabilem,vt confiat ex ii,propof.Ub, huius. 

RurfusciimrectangulimbufubaCybcyCompreknfumyfitMediumy^foc^^ 
lerectangulojiiba c}> CfContentOyexcoroUarioClatttfpropof.z.j^lib.huiuSysitqueadRatiofUflem 
fc i^plicatum rectangulwn kg^HUaqualeyfaciet latitudinem ^ h,Rationalem,fed R^ttonali 
k ilfon^tudine incommenfurmlem ex i^.propoflibri bmus : Ciim autem a e^c b,/mt Medid. 

lon^ 



J„Goo„e 
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lon^tnMne inter fiincommcnfrrJnleSySit^ueVt a c,ad y Cyitattuadfotw^eica c/d reaangu^ 
lumJui>iUiscontentum,\ft doctt lemma ^,CUu^profof.i9.liy.hmu^»erit quadratumexa c^e* 
cumffdofuh dc^bcy ccntento incommenjkrtAde : , 



I 



•c 







ReiiMffilum kg,^v 19^* 



KeSia k h^-^y It, 

Kefia f k, ^ y 15 -|- •'-^i J- li. 



Quadratoduttmtxd c^commenfm'MsejlofienfMmtom^fittmex rectarum^uadratis a c. 
It c-M fft readngulum e g^ Hh OMude : Et rectanj^o fiih dc,hc, contento commenfurabik efi 
^uoqueo]ienfum,^dtw/kbi^contmemr;\ridelicet kgjnmrrectangula eg,kg,mcommen' 
furabilia fitntiPt coBgititrex fihoUo Clutij ^opof.t^l^, hmtts. Recta etiam ehykK tandem 
ra^nemhabentescumre^angitlts,egi(gttongituMneerHntinnmmen/kr4lnUsiSedRatiot^ 
efienfd fmtredd e hAh^Ratumdlesigittirfunty^tantum potentid inter fittfmmenfiralnlesi 

Qudre cum 4 RdMndU e h^feratur Rationalis ^ hyci tantwn potentia commenfitrabilit, 
erit reUqude K*ApotomeCri\UcongruensK, h,Nen dliter demon frabimus e iyeffeJrpotomen 
t^ JU congntentemkjnJ^twApotome non )>nd tantum Uned rend congruit Rdtiondispoteh' 
tid t4ntnmcommenfrrdbilisexifenKtoti, QHodefayfurdumynam enim tdntumcongruerepro* 
pof, 8 o. demonflrdHimfU, Quodrca Media Jpotomd fecmddy^c. Quod grdt pftendendufit. 

' Thcor.dj. Propof.Ss.. 

Mmori vna cantum congruit reda linea potentia incommehfurabilh exiftens 
coci,&cum tota faciens compofitam quidcm ex ipGirum quadracis^Rationalej 
quod aucem fub ipfis condnetur,Mediuin. 

Hh 
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SIT Minora hfOque congruent b c,qike totiac,fit incommenfttrabilit foumU fdcient 
comfw/immexipfkmn^iMdr4tts,Rationdle,^Modverifidfiffise^^ 
a b^dliam reBdm non con^ruere, prater h Cyquaetiam toti 4 Cyfit potentU 'mcommenfiirM$t 
Cr quafaciat compofitum exipftrum Madratts,R4tionale,reiiangulumVero fuh ipfis content 
tum,Medium. Si fieri potefl Jit ipjia i,ali4 h d^congruens,fkttotiaiJirpotemidincommen. 
furabilu^C^qtu focidtiO^t' 



^- 



t 



.J 



4 c, ^ y ( 18 +^ y 108.J 

4 ^, 94 y <i8+9i yioS)— 9t y (18— 9t y io8.) 

Quonidm igiturin propof. So. demonfirdiamus^urtdem effe exceffum inter compofitum ex 
reiidrumquddrdtis d c^b €»& compofitum exre^drumquddrdt'u a d,b d,qui inter reffdngu- 
lum bisfii d cjf CtO" re^dn^lum btt fuba d,d b. Sit dutem exceffiu inter iUdcompofitOtffd' 
tium Rdtiondle^ex fiholio CUuij propof.17. lib.huius,cum tdm compofitum ex re^drum ^im- 
drdtisd cjb c/jukm compofitum ex reffdrumquadrdtua d,b d^Rdtiondle ponatur,Quare ex- 
celJHsintef readngulumbtsfuba cjf c^readngulumbisfuhd d,b d,fidtiumerit Rationa- 
le : Efi Mem r e {laHgulum fitba c,b c, ex hypothefi Medium. Ifftur rtHangthtm bttjkbd c, 
b c^erit ei commen/urdbile,vt^fuU i6.propof. lib.hmus: Quote ex coroUdrio Qlduifpropofx^ 
iib. htdus Medium erit. Pdfi rdtione re^dngulum bti fitb dd, b d^Medium erit. 

Medium OKtem non fitperdtMediumyRdtiondU^vt conJUt exx'r;:propofUb.hmus:IfftMr 
hon erit exce/Jus inter reiidnguldHUififdtiumRdtionale.R^onale tdmen effediximus. Quod 
dbfirdum. Qvdreipft d bjnma prater b c^congruet poterftidtoti incommenJurdbilif,&c.Mu' 
noriergo}>hdtdmhn,&c,Quoderdto]ieridmiiim, 

Thcor.(55. Propof.84. 

£i,qu2cuin Radonali Medium totutn fkdt,vtu untum congraic rc^ linca 
potcada iticomiiiea(urabilis exifle&s toti,&cum cotaEadc&s compofitum qui- 
doa ex ipiarum qiiadracis,M edium > quod auccm fub i^^lz concmaur,Radoaalc. 

S IT reSld a b^cum Rdtiondli Medium totum 0ciens,eique congruenrfit b cjpfid b,po^ 
tentid incommenfitrdibihsjdcienjque compofitutn ex ipfitrumquddrdttt,MediumireBdngulum 
Verojidf ipfis contentum,Rdtiondle. Dico ipfi a hjnmdm refidtn congruere P9ffe,fut etian ft 
ipfipotenttd 4ncommenfitrMlif,(2rqtu fdOM compofiam ex ipfarum quddrdtis^ediumjre^ 
iidngulu/nvero fid> ipfis contentum^Rdtiondle, . 
Si fieri piotefi fit b djipfid d^ngruenspotentidfma djincommenfitrdinlity&c. 

Igiturcum (vt inpt^pof9odib.hmusdemonjhrutimn^f)idrmfit exceffus inter compofitim 
txrei^drumquadrdtkd c,b c^tir compofitum ex re^ammquddrdtisd d^b d/^ui infer reffdo^ 
gtdum bis fitb a c, b c,& re£langtdum bitfiibddtb df/comprehenfitm : Eft autem exceffiu inter 
reiidnguUiOdyR/ttiomde^dtiumy^^t coWgiturexfi'hoJioiDlduij^opofiz'jJib. buiuftciim tdm 
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red^figitbtm hufuhac^h c^uam rtSlmguhm hUfub d d, d hyRAMrudc ft^ eseceffut inter 



€t>mpoJft4 iOdtfidtium Rdtioudle. 



^^ 



i 



a h, 94 yy (ii^ + 9t i' 7*0 ^ yv(xt6-* 1^ y 7i.) 

. %ji dmtm ttehyf^tltfptm cnrnffofmrntxreBdma ^ludtatkd c^h jcpm. cpmfpjttm c^ 
reSfgrum^ttadratis d W, ^ d^Medium. Jt Medium non fuperdt Medium,Rdtiondli;ift con^ 
fidt fx lyMkhuius.Igitur exceffits inter compofitd tUdJfdtium non eji R^iondle t ^/ttiondle to- 
men diodmHseffe.Quodahfmdum.Nonigitwtiplid Ww refidcon^uet^fraterh c^HdilUJit^ 
fotentidincommenlurabilist0' qua fdcidt compojitumexipfdrum^uddrdtis a c^j? c.Medium, 
reffdngulumvero fubiplisc9ntentum,Rdti0n4U,Qitare eiqud cum Rdtiendli Medium tomm 
fdcit,&c. Quod erdt ojiendendum, 

Thcor/7. "Propofss. 

£i,qQS cum M^dio Medium totum facic,vna tantum congrqit re^fitiea po- 
tenciaincommenrurabiju exi(leasToti,& cum tocafaciens,&compo{itumcz ip- 
{armaquil.dratis,Mcdiuiii,& quod fub ipfis concinetui Mcdium^incommetifura- 
bileque compofito ex ipfarum quadracis* 

5 ITre^ld d If, cum Medio Medium totum fddenf^ iUi am^nsfit h cjtoti d c^ncom^ 
menfurdbilupotentidfdcienfquecompoptum ex ipfdrum^Ud4rdtis,Medi/tm,re£ldtffftlum etidm 
fuh ip/ts,Medium,S'incommenfuralHle compofito ex ipfdrumquddrdris.DKo ipfi d b^Udm 
rgflam minime congruere pofe,qud etidm fit totid cJmcommenfurMspotentidt&qud fdcute 

cmpoptumtt^. 

Si enim fieri potefi fit re^d h dyCongruens,&tou d dJncommen/urdbilispotentid,itd Vf 
compofitumexipptrumquadrdtud dybXfit Medium^erteBdngulumfubipfis^Medium,^ 
incwmnenfitrdhUecompofitoexreiidrumquddrdt'udd,bd, 

Jjfltmxnimtonfiru^jqudin propofiSu Quonidm compofimm exre^dmmjuddrdtit d c, 
h CyMedium efiycrit reSidngulumegjUiaqudleMedium, Qudre cum Medium eg»dpplicd- 
turn fit dd Bjttiondlem ef,fdciet Utitudinem e kRdtibndUmt&'ipfiRdtiondli e fjongitudine 
incommenfitfdbilem,vt\fultx^.propofliy.huiuf. ' , . 

Kurfus cum reSldngulum fuh d cjb c,Mediumfit,erit t!^fius duplum ei commenJkrahile,\t 
vult i6.pnfof.lii'Jhuiufi^ propteredexcoroOdrio CUuij fropoftj^Ub.huim Medmm.Ifftur 
Medium eritrefidngulumkg^iaquMe. 

Medium dutem k g^ Rdtiondlern ^ i/tpplicdtmn Utitudinem fdcit Rdtiondlem^tUr ei dd 
qudmdpplicdtumejilongituditteincommenfitrdtnlem. ' 

^S^ereBa K kRattondlUefi»&ipfi K iJonguudinehtcommeufiirdkdisM^lf ^\'f^f 
huiusUk Quonidm \eri refidngulum Kg^ommenfwrJnleAtiieBmi^fiAA^Jf cjmmht iU 
liui duplum: fit dutem ex hypothefi reSd/ngukm fuh dCybc, incommenfurakle compofito ex 
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reBarumijuadratisd c^b c,mtfioMereihmntlimKg»reStdnffuloegy^uodeidemcomp 
^quakyincommenfurdhile^fro'miere^iae h,k h,e4ndem htientes rattonem cum reSiangiiU 
e gjk, gtincommcnfurayiks fw^y^t confiat ex lo. ffofof. Ukhuuis, 



« f, 9t yyl i8o + 9t ys^ 60. ) 
^ f> 9t i'i' C »8o — 9t yy 60. ) 
A ^,9£ jS'(l8o+ij4 yy 60) 9t iy(lio^^t yy tfo.) 

K 



4^' 



m 



ReBangulum eg.^y fio, 
Re^angulum kg*^ y 48a 
ReSiangtthim ei,^y 710— ?£ y 480. 



c/ 



. i 



A 



i 



eK^y^^. 



Lined Re^anguli. ^ 



Umvero Rationales oflenfe/knt e h,k ^J^tmRmon^s Junty^tantumpottmid ktat 
fi commenfurMfiles.Si i^mr a Rattonali eh^ationahi Kh,attfer4tiir,jua pmntia trntrnn 
fit commenfurMlU ipp e hyerk.nliqm e K» Afotomtyf!^' iUi congruent k h, 

Non fecusdemonprahimuse kijipotomenelfs^iqueamgruentem k mj^m jffotomenon 
v»4 tantumcongruit feSla Une4»&*c. Quod J/fitri&mty^nam enim filum congruere fopde-^ 
monjh<mmuSyfrofofitione%oJAJhumSt^gituryfUCumMedio Medium totum effdt,<Cfc. 
Quod erat ofiendendum. 




DEFINITIONES 

TERTIAE- 

Xpos ITA RationaU,& Apocomaifi tou plus poffic^qidin congniens,quadracOj 
redaslineac fibi longiradine commenTurabilis. 

Si 



"n 
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L 

S I quidem tora cxpofics Rational! fit longitudine commenfurabilis. Vocetur 
Apotomc prima. , < 

S I Vefocongruens cxpofitaeRatibnati fit longitudine commenfiirabilis. Vo- 
CHStqrApotoine fecanda. 

IIL - 

Qtidd fi ncque tota,neque congruens expofits Rationali fit longitudine cotA^ 
mcjifucabilis. Vocetur Apotomc tcrtia. . 

RutftisficOtapluspoifiCjquam cohgruens,quadracorc^ lines iSbi longicudliie incom-^ 
menfiuabilis. 

• ■ •• ' iUI. . • ■ ■ ;•••■•"• • 

S I qiiidcm tota cxpofitz Rational! fit longitpdihe comptcnfurabilis. Vocetur 
Apotomequarta. 

■■ V" •■• •'■ • ■ '""' y- '".':■ '"'■ '....■• = ..-..- 

■ .. ,■ . -.3. . .■.»> .• -.v.-.-.-. - ■ ■• • ; .•/•■ •• '•. ...... 

Siyoso cpngroahsexpofittrRationali ;fit IpngitudinecommenfiiTaBilis. Vo-' 
cctur Apotome quinta. 

VX 

Quod fi neque tota,neque coneruens expofits Rationali fit longitudMe com- 
menfurabilis. Vocetur Apotomelezta. .;: TuOJo^. A /fu! ! - I';;:.:, t" 

ffusSum cmm fex ha Jifoiotnajire^a line^jqitarelinfiunMr poft JftraSicnan li^i^fitfttMMi tx f^wit$fe i f r r jj A i ji(^r 

t ..WcJ..,^- -..u\;^5bb5hr'^^^^^^^^ ■'"'^'''' r'^'- 

lMYBNiRBprimam Apotomcn. ,\ ^ ^ 

E^PERTIS iuehusmmerii g uadratU a KtrchMefis-C A-ftred^tuCtfimisio^ 
cm infcholio z.^opof, i9.likhttm,qdorum excejjiisnorirjtfqtiadraita idcft^, liaMi 9.^4. 
haheant inter jjeramnem pi$inerorUlh^ q^adxatoxmiuit.fij& 5. nm h J feMf mcr fi emdem 
woformnem»De't)mexf6fitaKmohM^uapUmi,fumatMf a lonmiulme com^ 

men/makli(nimirH»/,^rk^urfychtfitcommenfif^^ 

,■: .:■>■ 'A-y » *\v^».<ft» <p.'f,<^\r:':<\ u- y^. A vt.-l^. ,;.^ -r.-^^;-, . e/|>jfe-h:0 •..■.. u--,.- 






X'f ^j , -^ .V. > 
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FidtdeindeVt pumerusa y,ideli9.adnumerumac,ideftyitapercorollariiimChtuij ^O" 
fof.eMu'uts lihriqtktdratum ex e fiadquadratym ex gfX)ico,eg,ejfefrimam Apotomen. 
*i! ^QtMnumenimqMdrataexeftgfieandemhdhentM'oportionem quam numeri a h^a c,id 
efi9.& ^.commenfttrahilia fimtf'PtVuU 6,propof.l^.huitts,erunt reSiaefyg fyfaltem inter fe 
fotentuL commenfttrabUes : Quare cum re(id e fifit oflenfa Rdtionalis,em S'g f»Rationalis : 

Cum ame(ft numeri a h^d cjdefi^.^^.nonh/ilfednt rdtionemyquam mtmeriquadrdnhd- 
hetunt etidmquddrdtdex ef,gf,rdtionem^uddrdtorumnumerorwnya€pmnde ex^.propof 
Uy.httmjon^tudine ermt incommenfttrtdnles re^a e f^g f, 1dm \ero Kdtiondlesfunt demo»- 
prdM^RdtiottdlesigtturJuntftyfilwnpotentid inter fe commenfurdlnles: Quare reUqua eg, 
Apotomfifi.Dico&ptimdmejfe, 

Popit enimreSid ef,pluSyqudmre{idgf,quddrdtoreffahJ^turcumJit')ft numerm d h, 
idef$. ddnumerum yltdqu^drMtmex efyddquddrdtum^xgf,erit perconuerfimem rdtio- 
nuS^t d bjiic bjid efl 9. dd 4. itd quddratwn ex e fM quddrdtum ex h, hdhent dutem nmnen 
dli rdtionemyqudm numerus quddrdtus hdhet.kd iUmerum quddrdtum :Igitur quddrdtd ex eft 
(^ hfCdndem rdtionem hahebunt inter fe»dc proptered CP* reiJU^ e f&h, lon^tudine inter fe 
funi comfhen]krdyilef;^t\tilt ^.propof.lilf.huifis.' 

Igitur cum totd e f plus popityqudmcongmens gfyquddrdto re£la h,filfi longitudine com- 
met^urdhdis^tquetotd e fyKdtiondUexpopta'l6ngitudineconmenfmJ>ilii»erit 4 gycx d^im* 
tiopejnrimdf tertifuwn defimipnum Afptpme.pitima, Inuetm itfi ergo ndftome prinuti Qmd 
erdtfdcmdum, r i:; ,,.;-.,> a. .. ,. 

ProblzQ. rropof.87. 

iNVBNiRBfecundamApotomen. •• ::••/.' .c ;. J 1 

KEPEBXISdMohusnumertt'jmdrdtisa h/ify'^ irilprbpi>fitione pracedentt.Expmitur 
^j4tmdlif,dyi^i4lid/imiM«rlwgUMMnecM^ 

rudidjcommer^Mtit^dtiondis. ■'■\!":.' '• ' ' ' , ^', " 'I'.V,, «.''--'.':",'^''.., "^ ■', 

Fm; deindevt nrnnemsd c/tdhumerurh d bjdefi)ft 5. dtt^. itdquddrdtum exgfdd ^M- ' 
drdtumex efpercwoUariimifrofof^^Ukih^ydCi^ot^^ e gyeffe Apotomen 

fecwndam, ^ " ' 

, .f . •. : • .30'-; ;\ UiUt\\r- Z .. '. /. i •" V: ^ 



'efy^y4^. 



dL '1' ^ '4 ^fy. . A^ \ ,-■ ^ ••^-' ' > ' \ ' • •-•AjCT^Sf \( ^' *^''' cii '■ \*^ 

Quonidm enim quddrdtd c»gf& e fiedndem hdbent mter feYdHonem^qudm n^eri d c, 
d hyfdep y(^9^untquddrdtdilUinterfecommenJkrdlnlidyVtpdtetex6.propoflikhmiiSy^ 
froinde & reRdgfi& ^fij\tltem cmmnflTdbilef pomUd. Qiure vkm gfyjit httiondlit 
ofienfdMt & efyRfttiondit, Qum Ver^'numeri dc,d hynon hdbed nt R^onem mifnerormn 
quddrdtorum/iecetidm qitddrdtd ex g f^efyemtt retiagf&efylon^^e f^comtfien^ 
furdlfiUsyVtVHU9\pro^fM.huius:Rdti<mdlestdmenofienfdJtt M v e Sh gfi fST^ 
igiturfunty&tdntum^tentid commenfutdlnks.Qudre egy reUqua Apotme eft, Dico 0>fe^ 
cunddm ejje,' 
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PojSit enime f. Iritis, ^uamgfy^uddrato ex hilgituraiMjttyt mmirksd tjd^ji^.ddttu- 
mtruma b^ideji^Jtaqiudr4tumexgfiddiiuddrdtum^eft^ftrmHtdndoy')^t a hyidefl 9* 
ada Cyidefi^. ita^Uddratumex e fyMqudSrdtitmexfffJ^mrdemonfrdhimuiVt in dfttece- 
denti propafiriotu effe per contter/ionem ^ionit V> a h,ad c l>Jd eji 9, dd 4. ltd ^uadrdtUm ex 
e f,dd qttddrdtum ex hjtahent dutem numeri iUi rdtionem numerorum quddrdtorum :qudre re- 
il^ioncUidemus am ffropof^.M.huius re^dM htipfi e fjongaudiHe comtnenfurdbiUm effe. 
Quodrcd cm ma efyplus pofiitjqudm congruent gf^quddt^tif rictd' hijihi Idhgtwdine com,- 
meafurahiiUyshqatcmgrHefisgfyHjdtiondliexpofiudilongitudme commenfurdhilU,ent e g^ex 
definitione femndd, Jpatontcfnuentd cfiergo Jpotomefieundd. Quoderdtfdciendum, 

ProbLzi. PropofSS; 

I N V E N t R E tcrtiirti Apotomih. 

REPE RTI S duobus numeris quddrdiii,Vt in propof.%6i{ctli(tt 9.0* ^..Sumdtutdlifts 
numertU i, id efi-6. Vr in propofitioni^L HkMuius diximus^qm ne^ue dd d hjd eji ^.neaue dda f , 
idefiybdbedt rdtiottem,qitdm numerut quadrdtushdhet dd qttddrdtum nitmerum. Expbndtut 
deinde Rdtiondlis dyO'fidtVt ntiiAe^us iyidefi6.ddhmMr$tmd hyidli]i9:hdquddtdmm ex d; 
RdtiondU^quddrnUiim exeftlUudquedgdmrVt docettmlidrium Clktiijprop6f:6.1ih.huius, 
Etmu'^mquddrdtaix dy^if^dndgnrratioueminter^ifdhentiafqHdm numhi i,^ d h)d' 
efl 6,& 9,commen/iirdkli4M vult 6.propofMJ^mm^rtttf quoque d,0*e fyfiltim commenjk* 



ties poienttd. 



• v 



_^92 554- \ 



k ' • hy^yx^i 



• > •-• • • * 



-kU 



Exifitmt tfgo 4jL*MnSi9fittfy* i^mmM/Mdiiks^Rdtlpn^ik^^mMi^y^ numfrh 
i^&^a kjdti^x&'^^au^itidmftddratdexdjf^^.fytd^ iMJ^,numerQrumquddrdt<in^i. 

efiiftttxyrcpof.sM^hmus^rm^A&'ff^^^ "s •; 

Rurjus JidtVt d hyddd c,ideflvt ^.ddy itdquddrdtmn ex i f^quddrdtumex gfjdUt^ 
quefid^mMt ci(fiildrium Cliuuif ptppop^ili»htim.^B'u^^ cunt 

qmidr4i^.exrfigfiydkedntimtr^fieMdem^ 
CJr ^.Jintcmhenfiti^klia^ertMt. readefygfifiltemjittter/ejatmau^ 
tecumefyfitRAtiondlUojienfdyerit&gfAfommenfui^^^ 

Quoniam\fero numerid ir;^d\fM\fi^S^ yn^'iukmqttid^^td exefygfjhdbednt tdtio^ 
nem,qudmnumeriquddrdti hientyerunt recta t fygfyUngitudimmcmimenfwrdbilesyyt \fult 
^. propof.likhuius : Urn Verh Kationdles funt demmfHritti e.figj^^(i^?igiturfrnti(^ 
tanjm^mmmei^ftfdM^^ 

menfir^ilify^rit^i^^ 74'i?Wi-M^*f^- btco^ ^f^^^, <f 

fi Qj^nt^^ime^v'iJjad d.i^iefi'pt 6,di9Jt4qilff4*'^ftme?Q 

W dtydd 4 c,iide]fvt 9. dd 5. itdqitddratum ex e f^dd qudkrdium ex'gf,erit ex dqiioyti^ 
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afijdtft \ft6:ad^.U4fu^ratum.exditid^uadratifm gf.Sednumeri i^&d c,id efl6. f!sr$. 
non hakent rMionemyqu<m ntmeri^uadrati hahent. Qudre necquadrata ex d,(!lrgfjkd>elfimt 
rjttionem nmeromn quddriOtonm.Qudrc d,c^gf,JuHt inter fi incommenfurahUts lengitttdi" 
myx9.ptopofM.huiHsac froindtneutra ii>f4r,umefigf,KationaU dyexpofitd longimdineefi 
comfMnfurdytlis. .... 

, Urn V^fo recta efypluf pojSit^^dm, g f^qttadrdta rectdhidemonfir^imusigutar vt inpro" 
fQff%6. rectam h,ipfiefytl[e,hn^jitdine incommenfurabdemyM: froptered eum totae f^flus 
poJSu,qt4dmccingruens gftquddtatorectdjti'i longitudinecmmenfurahliSy^irneutra ipfantm 
KdthnaUdiexpofitdlqr^itudme'cammenJurtd?itii.ex^at,erit exdefinitiontreliqtta e gtAfotO" 
me tertia. Inuenimus igitwtertidm Jpotomen. Quod erdt fdcicndum. 

Probl.2'2. ProporSp. 

Invenire quartam Apptomcn. 

,/ N V'BNI'.iS ^mlfHS numerjs non quddrdtis d CyC hM eft 6JC^ 5. itd vr comfofittts ex 
u3fidbJidiefi%,^neutr.Htn ipforum ht^at rdtionem»qttamtmmerits quadratuf hdbet 4id im^ 
mertmqtiddraftmii^ft domt.Clamminft^oUo^.^^^ 

.yExponi^}irJemde9ii,anwdluqMfidm 
ef^ntA^mef. ^dtfanalui& rHiqiiac0t»lbmmitr^)ftmf^tfM.Dmot^df^ 
rectd»^e^effeApot(^ften.I^ico^0fMrtdmef^iiy' .. ..;;.,•. "<J:.t.' > v,'-'^.;. --,..-, 

d c » . .b. cf*9- 



J I -^-1 -T 1 , ^/>9^m- 



i: 



PoJSit enim ef,plfts qudtn g f,quadrdto recta hyQuonidm igitttrejivtd b^ddd cjdffi'^^92 
dd6, itdquddrdt^ex e ftddquddrdtumexgfyerit perconuerpohemrdtioniSyVt ntmerMSdk, 
tiifi9.>adn*imumcijdtfi y.itdfUidrdimn ex e f^uptitiii^^iun.e^ 
^ri^^btidefi9:&'3' nmhdedntrdxionemyfui^i qtiddraii mmerk htAem^ mtar^jia(6 ettmi 
quddratd ex e fi& Kerum^tx 9* definhiomlA. h/ms recta kfi^ hdoi^&Moii^ iifmtwu iif k i 

^^^^-Qmikrtt^Mfro efiflMitf^tefliqukm^^eoa^^gf^iiddj^ m^ 

c^^fmetifiM^^^utgfiRdM^ 
iKiupiit^'^^ffltcimefkfn4iIntiertriP^t^ '^i 

a\v,." 1..- -A.A^'. ; ■ - .'-■ V -Probivlj* .• •^l^plOi)>»^0.»»;^^wvntirtv> u«u«i)«C^ 

:'jnp^Ei^l^(hfkkdfg>^^^ 

c\t^'efl'6:&;^:/uu co^MoVt inf^tipof.Sj.'^at efiJtmdi^ffJB,M^^ 
m&iecdfmw^furdmUtbpef^ 
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#• ^opif f»if» effpltts^quam gfiquaJrato relink 

** ^* ***' '/»?« i'54. 

dy I » -^ 1 1 gf*6yf€l^y^, 

e I — I ^r f^.9'i^54-<f. 

»7 - ^ h,^yiS. 



h 



h 



Inmrvt inZj.ffopofJemonjhahimMS^cdnHerpontmratknuelfeyftim hjidefl 

$, aanumerum c hdejiy ita qtuUratum ex efiad^uadratum ex b^erititque Vf in antecedenti 
propofit,re^aefyO'hJonguudme inter fe incommenfitrahiles,QMare amcongruens gf^Rd^ 
tionoHd^ofita longitudmefit commenfurah'tluyerit ex dcfimtione eg»J^otome ftinta. In* 
uentdefiergojifotomequintd^Quoderatfiuiendum, 

Pfobl.24- PropoCpi. 

Invemzrb fezum Apotomen. 

REPEBTIS tri^i/SHumerua c,r K^iMejiy,^. & 9. V/ mfro^f.^^.ita'»t d kid 
eftn^adnemmmifffintmmmirumada c,c t,id eft y.C^^.balfeat rdtionem numeri qiuidrati 
dd numertim quddrantm, 

d »c b ef,i^ vioS. 

« gfi¥if^$- 

1 ■ »>i 

^ I I I .1 

c ^3_1 ^f 

h 2 , 



9^ ar 45. 
eg,^yioS-^ijtlf6}, 



Deinde expofia Rationali dtteUqud fUnt vr in ffropofM.ofiendemiu igimr fori medio^ua 
iln ^ffifumiiSyreflas d,^e f^effe inter fe longitudine incommenfitrMfiles,(^ refiam egteffeJpo • 
tomen. Dico (^fextdmeffe^runtenim^tin propofM.refld dyC^gfJionntudine incommen^ 
JkrabilesyJt^ueadeoneHtraillarumeffgfiRdtionali d,expofod lon^tuaine commenfurMUi 
exifiit. Idm Vero eftflusfofiityftdm gf,illi congruent qttadrato reSla hjgtturdemonjhrakmti* 
pari medio^qito yfi fimus propof. S9. refiam hjhngitkdine incommenfurahilem efferefla ef» 
Quarecumtota eftpUu popity^iMm congmens gfiquadrato re^ahtfihi IcMgitudini incom^ 
menfitraJfAiSyO* fieutra ipfarum Rdtionali dyexpopta longitudine commenjuraklis exijlatyerit 
teda e g^ex defniticne Jpotomefextd, Inuenta eji ergo 2potomefixta,QuoderMfiuiendMm» 

scHoityia EX ci^Fto. 

SEDitr exptd$tih fcxdmas^fottnuuimimemtithM rdti9ae,ytTbeM dent Im bet, 

SitmtiemenJaexempUffdtid,fHm4^f»ttnu*^^erMii$rftiiunlamimm ^^. J^. 

muc kt^ijaffdigfturexa cjr^4ctlftpu difi4iUt ptiffitbiDito 4 d^e frimdmoifetomm. Qu»tAtme»m 4 1^ b^H^ cimi. 
tittkdesjknt fttrntUtdHtimcemmeHfiirMles^mnt enrnn* c^d cJB^jfUniks f«enti*ta»ttmc9mmenJkrMUs\Ejl atgad d, * y^, dg. 
^potomc£t ^ma d cpluf f«teji,q$um e bjfoc^^imd c,f44drator'tB* Une*fiU lonptudine c»nmcnf«r/dalu}&^4 r, cinu. 
ft^oriJi exfolitu Irngftudtae (otnmtnJktiiMt*^ defimtivne atu,^ tx bimt ttommbttf frima diamr^ ex d^mtitne 

Kk 
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^fettm^'friiiue a d,frim4^otomt.E4demrMtiteexcMms/ptx ex bints mmtttlfusdicuntury&tlMi^ftttimuumenie-' 



(h 



?fj^ 45 



a 



musiPt ex fecunddfecuttddmyCXtertUtmijmitxqttarta quartan^ qmmamy&exfexufcxtam^fiminQrA nonatu ex 

Thcor.68. Propof.pi. 

S I fpatiiim contincatur fub Rationali,& Apotoma prima j Rcdalincafpatium 
pocens,Apotpme cH;. 

CO NTI NEATER fiamm a cjuh Ratlondi aK^T Apotome prima a d^Dico 
reSidm lineamyqua j^atium a CypotejiefJeJpotomen.Sit reSia d ejine/tyqua congrmt, ipfiApo- 
tomea d^erunt ergo a e^^d e^ex definitione Apotoma prim^e Rationales yt^mter ft tantum 
potentU commenjurahilesy&totaa eyRationali expofita longttudine erit commenfrrahilis^CT 
deniqu^a e^plHS poterityquamd eyquadratore^ajihi longttudine commenjurahilu. 

I 



I c/ 



<j e> 



n - 



T 



"^ 



X 







r. 


X 




' — . 



I 



Lined pnmdfigttrd. 
ae»9' 



1 



RjeSlanguU tinea fecunda figur4e. 



m. 



dt^yz, 
dh,6o. 
gi»it, 
dk,T^ yjio. 



to,^ty 6o. 

foy^tyiz. 

* fi"^ Sf'tfo— 9« y II.. 

Quadratd. 
lm,6q. n Oyii. 



df, ^ y n~ Re^anguUtrnfidf d gyg r,ii --try yi—^ y z88o. 

Secetur d ejbifar'tdm in /,c37; quadrafo exf ejfoc ffty^uartd parti quadrati ex d eyapplicetur 
dd d e,reSfangulumdqualeysitqueqHodfuyre^is agyg eyContinetttrJ^turcumae,plus pofiit, 
quamd Cyquddrato reBdJilfi longitudine commenfuramis^erttnt ex i8. propof lib. huius reBd 
dg^geycommenfurahilesldnptudineyacproindeex i6.propoflikhuiuSytam ag,quamge,ipji 
d ejongitudineerit commenfurabilis feda e,rationalia l?,ffxpofitdejicommenJurabilis longitu- 
dine. QtMrerefld a gyg CyRAtionalid hJlongitutUne erunt etiam commenfurabiUs,^t\ult it. 
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propof.lih.huius. Ac frofterea ex 6. definmonelikhtdtiStKationalestfunt ag^g ejmurfire'- 
{lag hyO'e iydticanmrjjua ipfi Rationdi a. kfint ffar4lleUyerit\^trumqtte reliangulum ah,- 
f2rgi»R^tiorkdey'vtconjhtexto,propof.likhuit(S. 

, l^rfuscumreSla d f,f e^on^tudinefint commenJutakUs iffi d e^it^ue eadem d f,Rrf- 
tionali a byincommenfurahilis UngitudineiSi enim ejpnt a h,(^ d ejnter fe longitHdine com-' 
menfurMleSiCuma eyRationali ay^xpofiulongitudine fit cammenfitrahHts^Jlm etiam d e, 
d Cycommenfrrahiles longitttdine. Qmdcjfet ahfmdumy^ommturerw^nontffeyjidtiMtumPO' 
tentiacommenfurabiUj)erit etiam tarn d fifuam f CyRationali a bylor^tudtne incommenjurd- 
hilts iQuoniamyferoreSladfyfeyRdtionalid Cyfitnt commenfiiralfilesofienfe,erum reSiadf, 
fe,Rdnonales:Igiturdu^afkiipJtab,p<traBel4yerunt reffanguU d k>fiyfuh RdtionkU- 
bus potentid tantum commenfurMlibtn contentOyMedidyt vult it.propof lib, huius, 

lamveri ip/ireSldngttlo d hyd^ualedefiribdttirquddrdtum l.m,^ refidngulo g i^liudqud' 
dratumdefcribdtHrillidqudle n ojhahens dngulum communem If mtcum quddrato I m,ermt 
' igitmrqttddratd I »»,» Oycircdcdndm didmetrumf^t^.DtindecompleMurfgurd yit^Vides. 

Igiturcum re^angidttm fttb d g,g eyRationdlibtts lon^tHdinecommenfurabilibffSydqitdlept 
quddrdto ef^unt tresre^ad ^yf CygCy continue projrortiondleiyyKVuh ij.proPof.lib. 6.Re^ 
languid etiam d Kfiyg iyCdndem cum ipjts rationemhahentid ex X.propofit. lib.6. erunt pro- 
fortiondlidy&proinde f iyMedinm proport'wnale inter d h,g iyhocefty inter quadrdtd I m, 
n byi[lisdqHdlid.Sed perlemmdClau^ prdpoft4Mb.hmu^yreSidttgulitm I OyMediumtji etiam 
proportiondle inter quddrdtd Im^n OyQuarereilanguU fiy&loyfmt inter fi aqualid yipfi 
atttemre^angitlofiy^qualeeflreiiangulwHdki&reBdngulo I Oydqudle efletidmreSidngu- 
htm n m,fixi6.propof.lib. i. Qttdre totum reSiangitlumd i^toti gnomoni Uyy XyCum quddrato 
n OyeJidqikde.Efletidmexconfru^ionereSidngtdum d ij^qudlequddrdtis I m^n o. Qttdre re- 
liquttmd CyreUquoquddrdto t r^e^dqudle: Jcproinderi^d t fypoteji j^attHmdtymntentwn 
Jub Rdtiondli d byt^ Jpbtome primd d d, Dico &^Jpotomen ejje tfyNdm cum d h,g i,Jint' 
Rdtiondlid ojtenfdysintque quddratai m,n o,iUisaqudlidjerimt igitur quadrdtd Old RdtionaliOf 
^re^dtOyfoyRdtiondles. 

Rurfus cum reSldngulum f iyMedium fit demonfirdtum,erit O* iUi aquale reSlangulum 
I OyMediumyidcircore6langulum I Oy&quddratum n 0yiricdmmenfurahilia eruntyciimVnum 
fit Rationale/tlterumyfero Medium: Igitur reSla t Oyfo,edndem cumiUisrationemhabentv, 
ex ifextiycrunt longttudine incomrnenfiirMles' ycx lo. ptopof. lih.huius.Aufeient igitur k 
Rationaliy&c. erit reliqua t f^Apotomeyt vult j4.propof.iib.huiu$. Intur fifiatium .conti. 
neatur/ubRationaliy&JpotomaprimayO'c.^deratdemonfirandum. 

Thcpr. 5p. IfropoCps* 

Si fpatium contincatur fub Rationaiii& Apotomafccuffda;Rcda linca (pa- 
tiumpotcns,Mcdi2 eft Apotomc prima. 

CONTtNEATVRj^atiuma CyfitbRationaH'a by& Apotoma fecunda a d,Di' 
CO reSfamyqua potefifiatium a CyMedia Apotomenejfe primam, Cotigruat ipfia d^re^ad r, 
trunt igitur reiiaa Cyd eyR4tionJesyO' tantum potehtiacomimenfitrabileSy(^d CyhngitudL 
neerit commenfitrabilis Rationali4 byO'denique a eyplus'poterityquafn d Cyquadrato reild 
fibUongitudinecommenfitrabiliSfVtconfiate:idefinitioneApotomefeaindie. 
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Sec€turcor^Hen$deMfnnam in fttnSiofi&uliqikifiant^tin dnttcedenti froftptione, 
ertmtiguur(x iS. frropofJikhMiuSir^ie ag,g ejongitudine inter fe commenfurahtlest^t ie^ 
monjhauimfts propofitione pr^tccdetttiiOc proindetam dg^udmg eyRationMi a ejon^tudi^ 
vecdmmenfurabtlis.EfloHtcmn e,Ramnah a btexpopMincommenfurahilit longitudint^nam 



a/ 



J 



4t 



I 



C 
Linea, 

de,y 
4J,9cs'45— 5- 



iMt 



tr 



I 



I 



t 



, ^ 


X 




J 



m 



K^BanguU, 

RediMgttbm frh 4 g,g ey6 J- 
dc»1$ty7lo—^ty^o» 
d ky^t V lOO.Vel lo. 
<4hy^ y 500. 

4 i, 9£ J- 710. 
/jt,io--5t>iio. 



jLi»ei< Quadratortm, 



'fi^VV 500— 9« yy 10. 
tr»^y 710—9: yio. 



y?4 f,//'/?** h,longitudinecemmenf$irai?ilisclJet,cumrefiddeJpJta h^ponatttrcommenfuMhJk 
httgimdine,effent &aftd e,hngitHdine quoqMecommenfwrahiks.quodelfet conttd hypothe/m, 
fommmr^nim Mntwn potentiacommgn/urahiUsyQudre torn ag^quam g e,Rdtionalid bjton" 
gitudine efi incommenfurahiiis. 

* lam Vero urn a g^^ftdrng e,Ration<di a ejengimdine eji oflenja commenfitralnlisjgitiir 
Kdtiondlesjmt d gyg e^O* tarn d h,ag,qudm a b,g *, Kationdles funtjed tantum potemU 
inter fe commenfurmUs^JcpropteredreadnguU d h,^g iyfub Rationalilmtdntumpoten' 
tidcommenfitrdyil'dfU^cotttentd,Mcdsd/iintfVt'^ult xupropofMb. hmus. 

Rurfus d CyfeSidfit hifaridmin fycrunt dftfejipfid eJion^tttdimcommenfitrdb'des.Qud' 
return d €,RdtiondUd bylongitudinf fit commenfkrabilis exhypotbefi.ermt ipfid bycommen^ 
firdbiles lofigUudine reSid dfyf eyOcproindeO'Rdtionales. Qudre reBanguU d k.,fi»fub 
P^dtionalibushngituMnecormnenfwdbilibMScontentdfRdtiondliaerumyVtconpdtexzo,^ 
pofAib. huius. 

Facile igitttrcolligitur,vt inantecedenti propofre^am t fypojje j^atium a CffiARationali 
d bfO* Jpotome fecunda d dyContentum. Dico tf,Medid Apotomtn effe primam. Nam cum 
4 g,g e, inter Jefint commenfitrabiles lon^udine,erunt reBdnguU a h,g i^edndem cum illk 
rdttonemhdbentid^CQmmenfurdbilidtVt conjidt ex io,propofJtbJ)uit(fydcproindeO'auadratd 
I mjn o^udiUisfitnt dqudlidexconJhruSiioneerunt inter fecommenfurabilid.QudreUrua qua- 
drdtorum I m,H ojaltem erunt potentia commenfitrabiles. Sunt dutem lined ilU Medidycum 

pofiint 
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J^fintj^MmMedUtniftmumrtB^ngxlmd^h^^ g i/pkt Media tfft denibiu 

ftrauimm:^*'^ •/>.•"■.■■! .^:. \ ■: -'..'•.•■■ ■•=-.•• ^v.:• •..•,.•«; v.-- . -.-. •*' ;• 

mtddrMoRarionaii n <tyintbmmetfur4l>iim/Qt^n(ia t^v^nitaikb^ turn illkKdiioneM>\ 
hdhentes longitudine funt mcommen[kiMhites,4Ai<:i:fr»pof.w.htiu^ Cu9i igimr4^'4^ fcj;-' 
Affduefin oJhnfXyf^tornmti^firmiHfrumit^ifafM tdnnm^otmrUtd^ifuett/k- 

rMest^Mtcum contimantreSi^nmUimfuyif^^wmiftim Js>iR:<^<^*'^i^Jf:§>'*^^Mt^'\ 
d»e J^nmtfrwkk Igtmrjifiafittm camii9f)iutkfidfB^attmifdii^^^ 
^M&d e*w>ifiendendmn»' ,- -^ /\ ^^ :' \ • ■• V • - 









• v^.O 



U >;•• - . 



•r> 



i.-i 



. S I fpatiiuticpntinekc^riiib Ratiot]|aii,de ApotQn^.tcrd^ j, F^^da linca fpatiusil, 
pptcniS,MqiiaedftApQtpmc(cpuhdiv\ v\; I . v!^ ^ -v. - - ■■ . ,A 

YeSiMn^qud ^fiumd Cyj^otSe^e Medi^ > * ' -5? 

commeHft&4lnUfyCi^'Hemd:}fjam^ e\d ii^aii»ii^lid^h]f!bcjf'ojtt£j^^ intcommenr^, 

dine. •^■•■- \';f' ••^-■^••'^r'i--j-^ ••.Ax.f ..;-,-.\..,-... ..'•:•....•' :,-;. v.,p. . 
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ihiAZtg tthn^uditteeammenfHtdkUsyVtVHlti^propif UbMus^ froinde tarn d ^,^M4m> 
g efKationali a eJongitudmecommenJitralnlU.EJiautcm a eyRationali a hJincommenfiinJ^ 
lislongitudine exhyftothefi. Quarteuin tdm dg^auanig e^RationaU d f,fit oflenfii eammen- 
Jm^iles.fgkur re^hm^tU d.h,g i,xonteHMfi»RaiuMalihut^tm f<»entU inter fi com" 
4ne/i{HrdyiUittta,MeMaJknty]ft\fultxt.^opofiUk^ .-. 

...Ritrfiiciimcongrtitmd eylovgkuimefit^imtmmenJkiMifRAfm^i d byexfffit^exhy- 
fothefi, eruHtqftoque ri£U^dfyfe], qM\i0^d^ylongkitdm>fitttm 
l(mgititduKiiicommef^akiles»qi»dreiam dlfMfifiam a Kf t\K4.Mi4ti{mtj&. t4»ttm 
potentU commenfurahllesydcfroinde reSianguU d kifi,fuh KaitQnai&Hi fotfimia Joljm^ 
tommenjiirahUihus cotttenta,Media,Vt wit ^. frofof.likhuiifS. 

Fdctlm€nuncdemonflrMnir;9UhA^iecUeHt^frc^^ tfypojjcjfatium a c, 

comentumfuy Rationali a hy&Apofomafecunda a d.Dico t fycffe Media J^otomen fi^ 
cm'ddm.T^aMciimriSiarigula^a'kyg'li^ juadr^HH I m,n^ VyiUvdijud' 

lidyMcdia j recta quoque t Oyfoypotentesjfdtia Mediay-Mtdiii^'eHfftjQ:'^mmmkfeiti^^'', 

g *yifitk\.fi ^9V!m^f^^^^«dy4i[^^o^te^ 

d etunt^recta ^9^ttf 1 9:>P>tl^cm^0' 

' tdntum foiejttid l^terJe\com^!tnfurd' 

itionali d eyfedR^tiphaii djMthfftudi" 

)l(o Clau'^ fropoj. i^M.huiusreaag e^' 

fCylongitudine incommenfurabileSydc ^ofterea rectanguU giyf iyeandemhahentid rationem, 

X qttam recta ^eyfe,intommenf»Abdia erunt. I^tur Crquadratum n o,cJr rectangtilum I o, 

^ i tdqmli i i'ttutrfi frmt incffi rfmmfttnf'iThi ijffiirrrrn^.f c^f(r_citndcn 



^^ J I " <i -^ • " em r%tionem hahenter, 

^ idntpllf[:fiaimenf»rabiles p<kentid,qUa cum ifeaangulAm ftd> if/is comenfum I o,Medium 
continekn^ (m erhm I o, aquaf^ rectar^h f ij^t demon^auimus propof.^i. lib. hui/ts) erit 
rihqHdtl^0a)i^gmefeit^da.QM continedtur Jub Rationali CTj^fotc 



ma tehidy(;pv>Qudli erat dempnjiranium, 

j i^ \ T$cor47i. Propcfpj. 

I S I fpaciam contincatur'rubRbVi6nalT>)Sc i^pocqma quarca jrc^talmealpadum 

CO NTINEATVRj^dtium d CyfubR^tiondli a b,^ J^tomaqudrtd d ifli- 
corectamiqukJjfatiutndCypotefieJJeMinorem, 

Congruattpltd dyirectd d Cygrunt i^ti& a\d )!yRationaieSy&potentid'filumtct>mmen/U'' 
rabilesy(^ d ty Kdtionali d by expofita longiiudine erit commenfurabiluy & denied e,flm 
foterityqkkm deyqHddiratd recta jibi longitHdihe incommenfurahdis^t conjlat ex difinmone 
j4potoma qttarta. ■ "v * t - . ; 

Secetur d'ejfifdriam inpuncto f^tp* catera fdht\t ptperins. ErUnt igimr dgyg tyUnn" 

tudine incommenfurMles y^t conjlat ex ip.propof.lib.huius. Cum a e,plitt poJSit^k^ de, 

^uadrato recta Jwi incbmtrienfurahilu lonntudincyshque dd mdiorem a Cydpfflicafitm MraBe' 

iogramtm aquale quarta parti ex nunore a eydefinpti,dejiciens fiptrd quadratd. 

' ' Qupnidmveri 4 eyRdtiondli$ efyO* K4ti(hidU4 btexpoptd longkudine cotrOnei^linibiiit, 
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erit tectanffdum a hfoyKdmnMitslon^tiidihetcrMiei^iihH^^^ 
canfiatn^to.proi^of.lihrihitmv • -ori^A- .,..,;...!,;/ 

Kitrfftscum d e^JttKatioHi^dUi&Kdn&nali alieMt^eommer^^Utsforei^kyhocifl, 
incom)nenfurakilis Im^tudineyermt rcctan^U di,fuMediavt ^confiitt ex^iifftgj^iikhu^ 
uis,Qimi<m Verii recta dg,g ejongitudme mcommenfi&ahUetftkliemnfltatif^ ewwr »^- 
fiangula a hyg heandem hahentia rationcm inter fe^quam reSld agyg eJncommen/itrtMidJ 

Nunc igitur fftciUmidemonfir^mus^y^t in fro^of.9x, reiiam t fypoffe Jfatium a c, con^ 
tentwn fidi RationaSa h,(^ Jpotonut quartd a d,Dico t f,Minctrem effe. 
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> . , .\ Qa^dratd, ' • '• ' 

' QttonidmemmexconpruSHonereSidngutumaiyaqudte eJicanipd/ttoexquddr4tistm,n o, 
reSiarum to^foypt dutem reSfdngulumdtyRdtiohdleoPenfitmyerit Crcompofitum iUud iUi 
dqudhyKdtiondleiJQuomdm \erQrfSldrmiUmfi^Medm^ effe demonflrdmmus,erit cJr / 9, 
m aqitaUiMedium, Po^^r^ wb ww >y<&^^ inter fe incommenftirahittd de- 
ntonftrdtd^erunt C qtidirdtd I f/i,n 6,iJlisdqudUd^nc6mmenfurdbili4,dCProin(^^^^ f^ reSid to, 
foypoieni'td incommwJurdbiUs.QiMrtcu^ t o\fo/fint incommenfmahilei potentidyfd- 
cidntqkecompofttutHexipfdrMmquddrdtiSfRmondley&reSidngMlumfuy 
Mumyeritreliqud ifyMimryX^ ^fultjj.bropofilih.hmus. l^tur pj^mum cmtinedtur^uh 
Rdtiondli,Cr Jpotomd qudrtdy&c, Qjtoderdt demonfirdfidum^ . *; 

Thcor.72. Prbpdf.ptf, 

S I fj)atium contincatur fub Ratioria;li,& Apotdtna cjuitif a ; Rcdla Hnca fpatium 
potcns,cft qu2 cum Radonali Medium lotunjicJiflSeit. / 

5 ITcontenttm fidtium d Cyfuh R^iondlf dhy&j(pofom4.fiimd d dJ)ko re{ldm,^Hd 
^dtittmdc,poteriteffe,qudcumR4ti9ndUMedittmtQ(Mmfifd(, 
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Sit^eB4'Af^ongrucm ipfi a ditrim^ i^t.4 fid c^RAtiondUsif!^ tantfim fotentU com- 
fnenfurabileSi&de^atioMU d b^expoRM longtmdine erit camminfUfMtSy& d^iftf 4 r, 
flfispet€msfMm'deifii4dmo ti^^'pk.incmm<fifrTfdnk\Q]^imd^e;yt ionfat ekdffinL 
tme JfotAm^ fttnM,Sf^dpt d e, kifatiam fnfunfio fi&*,relSqua fi<^tytfifperm.Erunt 
igitHryfin^Q^foMkftdaitn reSld^igtg eJim^tudmm€bmm€Hfurii^tl^s;yt^ult i^.^r&p»yr 
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"^ ^^dnguld. 
RfBanffibm fuh d g,g e, % 

dh,^tytt6r^^tJfJl/ 
dc,^tyS64^z4, 



_.3 

Lined Quadrdtorum, 

\~. r .V .: . . 'r,5£y 864^x4. 

QmnumyferoK^hdii ai,KdthhdU exfofttd d y,incommmenfuraklis efi longttudine, 
vt iam prddiximitspro^fy^. erit reSlangulum diJubJudlfHS potemid inter fetdmum com: 
iMnfurdh'tUhufccntentum^Kiediumy^^^ reiUngutum 4 i, 

acproinde^eiusdimidiuin d k,Ji( cotftenmm/ubRdtionalibtis longintiine commtfifwdU- 
Ghjts^iminmjiiy dcyOM Rdtiondli dh^jidif$dIiSy&[uh ie^qikt eidm Rdtiorudi a iJo»^ 
^midinecomtiKnfurdbauegoJienJdj^u^xv^^ 

[.K»rfHS re^dnguUdkg i,fntM(\^i.^]ienfifn efi inpropofdntecedcnti) incommenfurM' 
[id., ire^d ^ttofue tfypoteruj^dtiuni d c ,contmtimJiuf Rdtiondli dhy(!T Apotomd awnui 
4,d;»idemonftrdmmHspro^of^^^ tf^edineffem^cum RdtioitdHMe^' 

diumtotumeffldt,Ndm <MmreStdnffd(tm 4 i»demonfrdtum/itMeiiumterit&compofittm! 
exquddfdtit I mjn o,reSldrum t o,fo,fBd^tktteexconflrtt{lioneMedium.Sedciim reddngu- 
ImnfiyRdtiondUpt ojlenfttm^ &reifdngulumfibrefiis t djoycontentumnimirum 1 0, 
RdtionMeyOtmiBifitdjiMie, \, 

fncommnftirdkUsmemfotenmfiint t o»fo;»i coUi^tMr. exdemonfirdtione dntecedenti, 
letter cum t ojoyjint reiid incommen/itrdhiles petentidyfdddntque compoptum exipfdrum 
qtkUrdtisMediMm,reSidnguliimVerofihipfisc0ntentHm,RdtiondU^ ex propo/.yS.lilfJju^ 
ins retiftdt fied^ud am R^ttiondU Medium tottmfdcit. ^refifidtium continedikr/nh 
R4tionM,0''Apou>mdqmntd,i^.Qi^erdtofieruiendiim, 

Thcor, 
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ELEMENTVM DECIMVM. 

Theor. 73. PropoCp7. 



^7 



Si fpaltiam condticatur Tub Rationali,& Apocoma fexta ; Reda linea (psldum 
pocen^eft quae cum Medio Medium coium c£cic. 

S iTj^atium 4 pycontentum fith B^ationali a h,& Jpotomajhctd 4 d^Dko reBam,qtU 
J^aUMm^aCi^oteJieamejpiquacumAiedio Medium totumfiidt, 

Con^tiofipji a d^reSia d tycrunt i^tur d Cyd e,I{ationMesy(2r tantumpotentidcommenfi^ 
rMestd^neutra ip forum Haiionali a byexj^ojiu longUudineerkcommenfurJfilUy&denMie 
det^l(is ^terity^uam d cquadratoreSldJiii lon^tUMneinconnnmfirahiltt^t conjiat ex dc" 
fimtione^potomdjextd. 

Secetiir d ejnfdriam in pimSfo fy& reliqtid fUnt vr fms. Ertmt igitur reSia a ^,g ejmm 
cdmnenfurahiles longituditteyVt vuli 19. pppo/T /^. hmM» 




Linea, 



KeSlanguU, ^ Li^^Q j ^rAtn^ 



ae^^yioS. Rf^fff^mfdagyge.i^-L. /0,9c yy (972+ 9^^405. 
dey^iVSi, ^i,^t y }888. ^ fo, 1^ n{97t'-^, i" 405. 

gfy^y^—^y-T i^>^y97^—^y^ I i^mL I --?ts'405) 

4iy^ y,;©?— 9t8'^5-««f,9^»' 3888— 9« v\t6 l.» o,9t y 97A4-?tS'4l5. 

f \ ^^^8'38884-9ty*%8. 

QupniamVeroa e.&d e,Rationales funt exby^ othefi, &"»traqtJiRmomi 4 b^boftit 
hngituditteincommenfurabilifyenmtreSlangttlaft i,( rdijub K<ttiomlihHsmentia tantum 
commenfftrabili^fts contenta.MedidyVt docet ^.pAfpofli ^,hmHS/»Arom&eHdngfilufi, 
dimidium ipjtns d i^Meditm fto^ue erit,Vt J^fiifkf ^intbii dmlmfii'iUMfL 

KeSldhgukqmqtte d hygiyerunt inter feim:ommenfui^ilidy\ft^^ule^opof^^M,h^ 
Qupnidm Vero d e,d eyKdtiomles funty&, tdnmnt ^emiocommenfurdbikt^eirfint refUn^ 
'guld d %d iyfidf RdtibndUbus fotentid tdntim cotnmenjuralnlibHfnmentd,Medi4 ex xx.m^ 

Mm 



Digitized by VjOOQ IC 



138. E V C L 1 D I' S 

fof.lih.hum.Qudre cum re^mguU d i,f'hfint inter fe commenfurahilU oflenfa^erit f i tTe- 

(lan^lo d i^incommenfwtab'iU. 

Fadlime' igitur demonfrabitur Vf in frofof.91.lih.hmHs reSiam e f,fof[e J^atiumcomen' 
mm fith Ratidnali a hyf^ jipotoma fexta a d^Dico earn effcyqudcum Medio Medium mum 
facit. Nam cum re^an^lum a i^Medium fit- ofienfitm erit comfofitum ex quadraris l m,n 0, 
reSiarum tOyfoJIli aqudUfMedium. Rurfus cum reEiangulumfi^ Medium jit demonfira- 
tumierit ^illi aqudle re^anffdum I o,Medium.Cum auiem re^anguU a iyO'SfiyofienjA 
pnt incommenfurahiUa^emnt quoque reiUn^lum I o,fuh t Oyfo,contentum,(ycornfoJitum 
ex quadratu reSiarum t o,fo,incommenfitrahilia{efi enim re^angulum I o^reSlan^h, ft, 
aquatcji^p'reBangulum a i^mpojitoex reSiarumquadrat'ts tOyfoyetiam aquMe efi ex «)«- 
^ruBione.) . 

Pojhemocum t Oyfoyfotent'ta ftnt incpmmenfirahiles^vt patet exdemonfir/uione profof. 
S'i.likhuiusyfac'tantquecompofitum exre^arum quddrdtiSyMediitmyreBdngulum etutrnfuh 
ipjis contentum, Medium,0' incommenfurdhile compojito extp/drum quddrdt'Uyerit reHqtta tjl 
ex propofj 9. lih.huiuSyed qua cum Medio Medium totum fdcit.Igitur ji f^dtium continedtur 
fuh R,dtion<di,0* Apotomd fextdy^'c. Quod erdt demonflrdndum, \ 

Thcor.74. PropofpS- 

Oy ADR A t V St Apocomz ad Rationalcm applicattfrn^ lacitudinem facie 
Apoipipcniprimain. . • . ^ ; -^ 

SIT recta. 4 h j^jiP^tome ,ipsiquk congtudt rectd b Cyit4 Vtac^b cjint twitum inter fi 
commenfurdbiles'potentia»'Expondtut Rdtiondlis d e^dd qulim appUcetur reciar^tlum 4 ft 
aqudlequadrdtoex k bjatituditfem fdaent dgyDicorectdmqgyeffeJpotomenprimdm,R^' 
fusddedndem RdtiandUm d e^iudrectdnfulmutppUceim. db ^g t tdle gu d d rMotx^x^ dd 
i h^ itd Rati am tU 4yieJldqudlitd^ieetur readn^ium i k^itqudle ex b cjtd vr totum d k, 
djudlejtt compojito ex rectdrum quddratis d c,b cJgiturcumcompofaumexrectdrumquddrd- 

. .. Lined. 



1 



C 



K<\ 




■ . b^Cy^yii, 



Omnes ifid lined,i^ pgu¥d funt Vf- 
^0 numeri) expfeff^ propof.^i. l^. />»-. 
ius. 



■ . VV: 



-v 



• .v.- 



r^^yi/CyaqtidleJit rectdngulo bis fuh d cjb c,v»acum.quddrdt6ei(dlyyt'n^ 
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Si ^tidf^t(Mm .<« a,kiHuferatHrt & mfvri^ti^r ftiam rettamuUtm if^fm4nckt reodn^htm 
gk^eiaaitgulo Iff^fn^ a cjf c^^ft4ie,4Cff(4nd(diuifa g IMfArUmin m, ductoftt mttyiffi 
d e,p4ir4Ulelaterif r^ctangulumM kta4pMtt.$eaangulQfiJf a, cjf c^dntcnto* 

Qu^niam vera, a cj> Ctfimt RationaUf'^mpt earum ^ttadrata RatiouaHa^^ (^Qmmenfura' 
kliaiCihnaHt&nxomooptmiexipfarHm.t^dfittU^^ HIk defitiftfo Jh cm^ 

nlenfi^Mfi^t vm/( le.jrrofdf. l», hidHf^itcmfofitum jllud R^mpMkJfoeyfi, rcctmgidfuk 
d kii^i 4i<lHdle. •'. ;. . , .,.^-., . 

. RatianaUiiutemadRdmndm^^flkatum Utitudfttem facjt Rdtmdlejl^iSf* i^ R^fioy 
nati adquam apf>lieAtim eji longitudine cotnfnenfuraklem^vt iionfi^exii,fii»^flikhi^^ 
Igitur recta d IfKationalts efltO* Kationali d e^expopttelongnudine commenJurabilU. 

Deindeciim a cjf Cifint KationdUsy& t4ntumpoXemiacommenfurdhiles,erit rectangulum 
fubipfiscontemumyMedium,vtvuh xi,prapQfMy.hmf(fj^ 

MediuntVeroddKdtionalemapplicamm latitudinem facie Kat'tonalem»fed Kationaliad 
qttamappUcatumefl longitudine mcommenfuralfilem,y>t conflat exx^.propof likhmuf. Quare 
latitudog l,eritKationalis,fid Kationaligf,quaKationali d e,ejljiqualis ind^mmenfurahilis 
erit longitudine 



■A 



QmniamVer^reaangulum d kfeJiRationaleo/lenfumy^rec^anguluinglkJrrationale, 
erunt nctanguUiltaimerfi incommenfuraifilia^proptereac^re^ta d Ug IfAmdemcumiUis 
rMonmhalfentesiongitudineincommenfunthileSyVt \ult lo.^opo^Hy.huiifs.^fint autem d I, 
g I, Rationales ofienfie, I^tur Kationdes [unt d l,g ly&tantum )fommenfuA^es potentia, 
Quare re€teconcludemMsexpropof.jj^lih,huiusrelijuam d gyJpoi^menefjeJjj^o (^primam 
e]Ji,NamcumexlemmateClauijpr^pof^\{Mkhuiits,rectan^un^Juh a cjf cti)oc eji rectan- 
gulum m k^ediumfie proptnioMakinm^auadrdta re c ta x u m ^tjt iJjQcilUmer rectangt^- 
lumdh,i k,iUisk^ualia,erunt rectimgulad'h,m k,ik,continue prhpbrtionalia^ proinde Cf 
recta d i,m lyi Ueandem froportionetncum iUis hahentes continM proportionates erunt. Igitur 
'rectahgultmffdfi'it^ tg/iftakmtfiadr^ateiaifn l,defiripto,}ftyftlt, i%prep9f, tike, hoc eft 
^uart4i.partiqudd^<itk<)cgl ./v.. ..'./•'•;- 

Quoniamvero quadratagx a c^h c,hoc eft r^ctanguU d'hslkJfitt te^Ho^a'.fiinimerfi 
^ommmfurayHia^Kunt recta i v ljeandemrationemh4fefHefcumi^4wgifHdwe6fimmenftt~ 
rabilesvt conflat ex lo. propofAih.huiMsJgit,ur cm dH^rfctadlyg^ltfinti^ 
mahrefndl,fit apptkiixtu'mttetaitguiurnfuhrectis d iiiJ^^uMe^ifitn^a parti ^tfiirmfsimi^ 
noir gl^4isfo'tptiihfiemt fig^ra^Sadrata^:^^^ autem 4i^i l^e»f^4fi^udifi,^^mminf^ 
InleSfpoteritmaior d lplMs,quam minor g liquadrato recta fihi longitmUnf^tm^fiffiralnH^ 
\ftdouti%iprpp6fdiyklmHS.:\,.:./\' ■ .'.,.•, ,"\;^v-. .fv/^ ) 

- . ]ptMr^:dppt'JfQt<mt^iijlinfa^pe^ue tota d lifluf,jtfm^gJ,qi^ir0t.¥iX(aftl9 
lon^iudmtotnmtipfttrahilitjsitfUtd UKationak d eyexp0jlkal^gif!ftitit^ecomm.f^ 
fxJefihttiifne d gyJpotcme prima: Q^^atm i^ur^Ratimdm^pp^MtrnpUsituiin 
nemfadt Jpotorn€nprimam»Quoderatoftendendumi. \ . v. ..v. 



Th'cor./j- PropoCp^^i 






A 



>r.-.>L-. 



' Qy ADR AT V M Mediae Apotomaf primse ad KAtionaltm*?p]^Iica|^ Jatitii* 
dincmfacitApotomcnfccundam. , . .•., ^ 



.-A .V 



SIT Media Jpotome prima a h, Mque congruat reBa h c, sint^ue ac^b CjMedia po^ 
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tefUia ta^fiim Inter fi commenJm^dfiUs^Rationakeontinenies.ExfionatUt Kationalu de,ad 
'jt(ama[fplit^tur re^ungubtmdf^qttaleqtktdrdtoexA yyfadeHslatitudmtm d g^Dicore^afn 
dgiefJeJfotomenfecunddmilifdememm confirttftis ytjuprditiantccedemi pfofof.iM')>t re- 
3an^la d hy^i kt^amtiafint quadratkex a i>,y- Cydefcri^HSi&re^arigulum g ktajftale 
(h^i^dhj^fri^ aCyP 0y€9ntineturi4C fn-opKrea VipBdngiitkf>t * k,aqudkei,quod fub a c, 
k^i^mtm^tHr.Quonidmigimr a cj» CyMeduefrnt^hypetheliyi^tantum commcnJitrMltt 
potentia,erunt earmi^UMratayideJireiiangula d hyi k,illif ^q(t<dia ex conjiru^ione Afedia, 
tS^totrntefifiroMlia/tcfi'dftcrea {^ d'lLy"vm<^ue ilUrum commenfitraifiteyWVHlt i6:froPof 
i^LhmmjqHiatif'MediimmtdkyexcmfU^^ 
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i :i. 



'' h y 



»v.r., ■ : 






r.v 







Une£M\ 

a ^,|(c yj-soo— 1£ yy to. 



* Ornnei mera lmc4 & fi- 
gure httitis dmohjtfdtionk 

Jimi'Vcro nwnero ix^ejpe 

...'.ui-./. .'. . 



f^TP} 



Ih l(}' 



W. 
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» • •v , o 
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^uamefdpplicatumlongitudmeincommenjhr^^ Vuh i^.profofdih^km^t^mYUtitMd^ 

-A, i^MmalUfmt\&' Kdtionali d ejan^itudm incomminfuYmlis. 



*v.v . 




Quonutm Yerh d kyMedium ejl^t^g kyKdtionde^runt reB^ii^lk^gjt.^(iffd:kJncomt^ 
i^pndrtUiti^^4,fi^/IUidl,g^^^^^ 

ti^^m^&tmtHm pdtent'ia c9mmenfurdhilei,l^imriti^<^i^ltd»^ 
reliquamdgyejpjpotomenyijuam/eamdamefffdico,- ' r9 • ^ ut^nwvv. ^^K ^xyr- v< ^< 
Pari enim medio y^m \ffifumus frop^Jitione dntecedenti demnfirahimtts totum d I, plus 
poffey^uamg ly^uadrat^fectajihi lehgitudine tmmefifiMliLlgitur citm congruent g lyfie 




■ 0^^ ?..■• 



- > '^• 



^ The 



cor. 



Digitized by VjOOQ IC 



ELEMENTVM DEClMVM. 141 

Thcor.76. Propofloo, 

Q_y ADR AT VM Mediae ApotbmsB fccunds ad Rationalcm applicatumjati- 
tudincm facit Apotomcn tcrciam. 

SIT recta a h,Media^potoinefictmda,tyillicongrMat recta h c^taVt a cjfcjint M^" 
dU ^tentia ionium inter fi commenfurahilesyqua Medium contineant.Expona^tJ^ationalii 
d e,(2^ad earn appiicetur rectanfftlum dfydquale quadrate ex a hyfaciens latitudinem dgt 
Dicp tecutm dg, effe jifotomert tertiam : li/dem enim confiriutis Vtjkpra » danonfiralfimus 
vt in antecedenti rectjungulum d. k^jfe MediumtOt^uecmnJit applicattm ad Rationalem d ei 
iff cere latitudinem d lyRatiorudem,(!!r Kadomdi e:^fiu d ty longituMne inanHmenfur^i" 
lemiVtyult xi.pfopcf.lilf.huiM, 

Qmnidm ^fero rectangulum fuh a c^b CtMedium ^ ex hyjwthejtjeiuf^ue difplttm nhninufi 
g kierii etiam latitude g l,KationaliSyfed KatumaligfM^fl d ejmguudine inc9mmenjkrd» 






I 



V. 



aCi^t ^y 660. 



*i 



f 



n 



^ "Xyfiines'dljaUttea'&'Ji^rJt eAarA 

omnes hum demonfha^um y^»ero 
numet ' -..-... 

huif^i 



nurherofu^texprejfKpr9pnf,9^Uk 

Uuittji. } I - ^ 



,i. 



I. 



r. 



hilif.Cum amem acyb cjtnt potentia cohimetifiti^abih,&non tohgitudine^sit^uevi ac,ad 
b cjtta pit lemma$.Clduij propof.19. ltb.huius duadratum ex a c^ad reaangulum fitb a c,b'c, 
eontentumerit ftadratumex a c^rectangulo Jitb ac,b c»comprehenfo,incemmenJurabileexia. 
fropttfUblhtdus, CutftpdfitHmmtef^ e» reetamtjoa^ati^ ac,b c^^uadratoe^ a jc^eficom^ 
meufuniH^i»t vuki6:fPi^opofMbxhuiuiiCun^^Mddrat4p^a€,b c^e^M^diit potentid tantuM 
inter frso^mmjyifbiM^ 
tA^kti^^Jnkif^^mdhisfrhijpfo^^ 

iuajtomp^imm ek nctami/quadmii d ,c,^i?ihci^,fi!ctan^tuihd kj^i aftdle\incommen'^ 
furabiieeTkw(ianguf»hfubipJ»c&Ht€nntih<>cefi,rectd g kMofiale. Chniffitur rectJt 
d Ug IjMndem ratie^}rft inter /eUeant^ftam fecfonfftU 4kig Jt^unt d i,g i,longttttdme^ 
inter feihifommenfitrabiUs. Sunt dutem KMiw^idetnt^frdt^ rectat d\ig l^Kationales igL 
turfum»fidtimumpotentiainterfecommtnJf/rabiUf.Qii^ 
lik.bmtfs^rfiiftamdF»el[eJp9tomen,qu4miicofffii^^^ 

pt9pof,9%id^9njlr3nmHtrtcf«m d lipluspojfejqttkmgiUHi consent qitadrato recta jui 

Nn 
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loi^itudin(commenJurMlU^Quare(Mmneutr4iffarum.Kationali cxpo/tM d ejlon^tudincpt 
commenfrrabilu (quod demonfirauimKs)erit d gyex definimm Jfotome tert'ta. Quddratum 
igitHr Media Jpotoma fecundaad^<monaUm ap^licatum^&c. Quoderat ofiendendum. 



T hcon??. Propofioi. 



C^v A p R AT V M Minoris ad Rationaleth applicatum,latitudincm facit Apo- 
tomcn quartam. 

SlTtf^4 d htMinoftO* ^congnutt reBa h cjitA^t 4 c}f Cyfint mcommenJhrMles po-^ 
tcnHa»^ fmdnt compofittm ex iffantm quadrMts KamnalejfeSiMguhtm vero Julfipfis con- 
tfntHmtMidmm.ExpoHamrB^onalis d t^qtumapplicetttr reBangulum d fyquadratoex 
4 hydqualetfadens latitudincm d g, D'tco reilam d g^effe Jpotomen qtMrtdmJifdem enkn a>ru 
Jk^kytfi^ademonprSimttsrefiangHUmd k,(quoddquale ejtcompofitoexreBarumqtk^ 
dx^tk 4 difc,) effieRMtomde. Cum dutemKdtimiale d kM RoiionaUm d^Cifie dpplicatum 
effidet Utitudinem d IfRanonalemfC^fionaU d €,aprincmo expojtu lon^tmine com- 
mcnJurayilem,'^tconfiat exti.propofUy.huiui^ J 1.. 

♦* - . ^* 

^c,9£i'(z7 — 9£a'i43.; • 



'^^ 



I, 




-«r«: T-v ...a^-Amm T , ^i»»i 



I 

tnkr 



i 



m \ero mmero funt cxifrel[dprop9f.-^^.\lihri 
huiks, I I ' 



,JV 



]^urfrscuntre£iMffilumfidf d c,y.(t,d(:frmde&fif(id^4mMfdimfa f:^lyfothtfi, 
fd^lM(d4i^,iUudd4R^Mn4m 
ndltm^fidB^VrndUde^xpoptdimomni^^ . .. 

pgittde^midm reSfdngul^dJi^^dmndleefi ofteefit^g.kyVnoTihratiohdkyJmM 
diun^,erukt reAfngttid d i,g kjmfr.fi MHommeiifmdkilm^tfidqttQqueA Itg l^tidmhd- 
hptes rdtiotm cum illuMgitudinemntitit^m^mlimM dtuemRjMondkt ojhife 
rc^d d lyg IJidtiorkdeU^mtJuntypdtdnmn pii$gim4€mwfkralnlet. QmrereSHtMclude^ 
mHfex y^fropofMJmHSjrelu^udmdgyitgt Jprnnifn , ^mm^^utrt^n effedicoMdm aim 
df}f cjim mcommenfurdlUkspo$entiayrrimtarm^Mdramm 
q^'fddfo&reSldngttUd hj kM^t^UtxcenfitmHiomkie^^ 
Ure(U d hi heandem qm illt$r4tmm hd!hmcf lojrtgitttdm.trumikammci^ 



vr 
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vhU to.propofMb.huitts»CiimaHtemreSangulm»fukd i,i l,aqit4kfit ^uadnuoexm IJdefi 
^MdtU parti ^uadrati ex g lydefiriptiyVt fitit a nobis o^enfttm propof9ZJib,huiHStpotmt d ^ 
fktyftam g ly^uadrdto re^afihi ion^tudineincomtnc»[iirayilis,yn )mlt 19, pro fof.lih. huim, 
QHoreewntotd d UfUts pojHtyftammamgmens g i^fuidrato rtfUfiln kr^tudine incom^ 
menfttrabiltSysitque d lyRationalid e^fimfacommenjMahiiislongiauiineerit cxdifimmrurt^ 
liqua d gyJpotomefMrU, Qu^dratum ergoMinoris ad RjOtion^leip appUcatumtO'c. Q^d 
eraiofendendum. .. - •"*'- 

ThcoF; 78. PropoCioi. 

Qv A D R A T V M cius,qu£ cum Radonali Modium totam e£Gcit,ad Rationa- 
lem appiitatum,lamudincm facit Apptomch quincam. 

SlT^re^4 a i^yMiqiMcumRiuio»aU2i4^tdiwntttwmfMit,^iBcongruM 
4 eihttfatreii^tpofmtiajncommcnfitralnlify^iutfadattt compofipm ex if [drum ^fUddnttk, 
Medittmife^idi^MhimyerofiAjpfiscomemumfRatibpak i . 



4P 



t 



^ '*>» 



iii^ li 



^ 




*-.^ 



. %ii nn${ Hum (yfigmi etidm hums demons 
flrdtionisy^ero nmnerofimt exprejpe propof$6* 
lib.hmus. 



Exponatur Ratiotidlit d eydd<^»dm dpflianm re^dnfftlwii dfiquddrdto ex V< b^qikd^^ 
dens huitudinem dgJDico region d gyiffeMpotomn quintaip, Itfdein enim ipnfiruSlu,ike 
fupfd. Igiturcumcompo/itum ex reSidrumqmdrdtif dCyb Cyd^ue ddeoO^reSkmgulum er^, 
HUdqudleyMedium fa :sit^ue Medium illudd k^pfUcdttmiiRdmnalem dfyefficiet l^ 
tudinem d lyRdtiondUmydrRdtiondU d ^\imfad hfmtndipt inivnmmtfi rr^dSnff.Vf^ 
ii'propoJ.Ub.hmMS. 

RurJf^cmreSidiigitlttmfab 4 cj^ c^K^ondle fatdcpninde&ejmii^mhoc eftg kl 
erit Idtitudog l,RdtiondliSy0' RdtiomUgfytfUd dqudliseji R^ti9n(^l}J e^:^tdlongmidi^ 
ne(;onnn(^MlutxttpropofMkhuius. 

. Quomdm vero refldngdum d kyMeditm eft oftenfamyreSifSngftbim l^eri jg k^R^tipn^^ 
eruat reBdnguU d kigktinter feinconmen/iirdbilid,j^f proptereare^fd'i l^gl^ednfh^ctm 
illisrdtionemhdbenteshngimdine incommenfurdhiUf ertmt;)ft confldf ex 10. prqpcjliib.hmis,^ 
'Rdmn4kstdmenfmtojienpii d Ug lyRAtiondles i^tur fmtyO^ tdift^o^ poten$i4^^m»ifnJ^ 
TdhiUs^Qtu^remnimnutitoamdtditm'mmpr^pofy/^^ 
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quamqtttnumtfjtdico. Pmenimmedio,^uoy/i fumus fn'opaf.dmecedentidemonfirahitur re- 
Skdm d lyplm ^Ife^MmiUiconffruens g l,ftadraeoreSfa fihi incommenfurMhslon^tudine. 
Qmarca cum^glfRjittiofUdi d e^expofiealongitudinept ofienfacommcnfurabilU^fnt exdefini" 
mne rdiffddgyj^potqmeaMmta,Qujfdrati$mi^twreif(SyqH^ Rationdli Medium tottm 
efffciti^c»^Q*Merat0]hmundHm, . 



Thcor.79 . PropoC 103. 



Qv A D R A T V M eius,qu2 cum Medio Medium totutn e£5cit,ad Rationalem 
applicacum,lacitudinemfacit Apotomen fexcam. 

SIT reSid a h^d,qMt cum Medio Medium totum fac}t,i1iique congruat re^a h cjt4 Vr 
4 cjb c,fint reSia potentia inter /eincommenJ}ir^i[er,^ua fadant com^ojitum ex ip^^ 
dtdtisMedhmjnBangidum etiam ftib ipfis conieutmnyMediitm,f!*r incommenfurakle eompo- 
fito exipfarum q«adrattt,f^expofitaR4tion4i d Cfapplicetur adeamreSiat^ukmfuadraa 
ex a y^^qudeiUtitudinem efjidensdgX>icore£kun dgteffe^AffotomenftxtamJifiemeuim 
conjhuiiiSyqua [uprademonjirahanus t(^rt£iangulum d kiquamreiiangulum g k^JJe Me- 
dium. Cim d kiCompoJtto exreBarum quadratu a Cyh Cjfit dquale,<2f g\>ttiam dquale fo- 
tuttur re^an^lo hisfitlfifJiscoHtenn.QuarecumreBM^a ilUtquir Media fum^t dd^^- 
tiohdles d e, (^gf/tppUcata^fitcient Utitudihes d /, &g l,RationaleSi(^ipfifR4tiottaiihit 
expojitis longaudine tncommenfwndnUsyt conjiat^ ex iypropof.liy,hmus. 




^ 



m 
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f 



4. 
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Omnes lintx& figure huimdemonfrd- 
tionu^ero numero funtexpreffk pnpoC 
9yMh.hmftf. ,. 



.: X 



'.•.'. : • •• \ 



.,.. i. I'... . 



''^^^niamyerhreBdngulumfitb ac,h cjincommenfar^k ificompoptb ex ipjkmpt quadra* 
tUyfine^ueYe^angulum fry ac^h CyComemumyCfre^angubm bisfub iltis omentum, com-' 
mmfurakUainimirum gk^.aqudlet)erit reiiangulum g}t:pre(langtdq d k,incommenfitra' 
htieyfefla etiam^d. l^g i,eahdem cum ilUs ramnem hahentes Ipngimdine incommenfundnUsy Sed 
wS ^tioualesfunt oftenfr re(U d Ug IJgiturKdtionalesJunty^ tkntwh poteniia inter fi 
cdi^mhfOralfiles.QuarereSiecondudemuscumpropof.yj^lilf. huius relrquam d gtejfe j^poto- 
meh.Dito:d^fixtameffe.ParienimmedioyquovJt/imurpropofi^^ rf l^lue 

poJiKqttifiv ilU cMgruensg l,quadrato recta pUlon^tudine incommgnjurahilis, Cim igitur 



neutra 
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neutrdipfarum R^ationali expojtt^ d e,Jit lon^tudine commenfurahiliSyerit ex definimne dg, 
jpotome fexta. Quadratum igimr eiuSyqm cum Medio Medium totum efftcit^^c. Quod erat 
ojiendendum. 

Thcor.80. Propori04^ 

Re(Slalinea Apocomaelohgicudinc commenfurabilis j&ipiaApototnc cft,ac- 
que ordine eadcm. 

SITreSia a y,Apotome,0*iUi congruat refid h cJtdVt d tjf c,fintRdmn4Us,0'tdn^ 
turn potentid inter ficommen/urahiles. Sit dutem re^a 4 hjongitudine commenfuTiAUis reBd 
d eyDico (^ d eycffe j4potomeni& ordine edndem ipji d b,fiat Vf d h,dd d ejtd h c^dde fjid 
eJJtqtidrta proportioHdlit inuenidtur,'^t^ult propof.it. liy.6.erit igiturtotd a c^ddtotdm df,vt 
a hfod d eyVeht If c^M ifyt confidt ex ti.propof.lib.%, Quare cum d ^,cJr d eyfine ek hypo- 
the/t lon^tudine commenfurdkles^erunt quoque tota 4 cjify<0' ^ c^ fjongitudine commenfi- 
rdlnles* 

dfyl^yi^. • h dC,fy.y66, 

Qupnidlin'verl d cjfc^funt Rdtiortdlesy(^tdnthnpatei{iUcpmenfurdtileSierum4f,0'fff 
etidmRjuiondles commenfurdlfiles potentid tdntumyVtcolli^tur ex fcholio CUuij lo.propof, 
lib.huiuijpturcum ^dtiondesjtnt demonfirdtayreEiiconchtdemus ex •j^.propof.lib.huius rt^ 
liaudmdtyeJfeJpotomeniDico^edmelfeorditii^edndemipfidb* 

Jut enim d capias poterity^udm h r, quadfoto re^afibi longitudini, commehpifdhilisyd 
iHcommenfurdbik.StVero pluspopit d c^qudm b Cyquadrdto reSd Jtbirommenfurabilis'ypote^ 
rit&dfyplusyqudm ef,quddrdto etidm reSidfibi longitudine commenJurdbilis.Quod ft 4 c, 
Jit Rdtion^i txppjittt comimenfurabtlis longitudine ycrit 0* dfiadem Rdfi<fnitli4oi^^fudineCom* 
menfirdbttiilyt ^ult 11. propof.lib.huius ^ ftroptered tdm 4 K<l'*^iA^il4p9tprneprim4{ 
ii vw b vMem Rdtiondli fit (onzitudipe camrnenfurabi[iAierit.'&^.it^f^^dfn!KRif^ 
menfur ilimqttfneH' 

trdipfd ^mdf^ef^ 

tidem 1 i f^Jpotomt 

tertidi. fHrdhjilitypo^ 

ieritf^ Vi^VN/^i5« 

proppfi r^effifjp^^ 

menqit. nmfnfurdbi-, 

B^&cUuoaerdt 4m(>Pjtr4naum^ , ..... ^. , . . ,. / . ^'. .' 

.. • X ^'r>» /"> , ^ ...» ■--- , • , _ 



,> $ cu.OL iv "M . cL u m. 



^slikm ljiciKcmu4*^c^poimisyqikidddprofop6yMius libl Je lineis ex Hm homn^Hsfcrif^tw. itin^rtmfi reS^s 
i{Y,ffWi»<jw/ftMi^4if A umtht^eoJtm ntadoJtmmfti'krij^;(fiik^ -^olrii^lin^ti^iket^mmciifkrMUs 5 

ytfimur yctifotentU tjnmm cormnfinfM'4biUs)& d e^fdtomen tffe :^ n.on (^[f^irffrp'ifl^ ^ff^^^dineprnftn^iffi 
Ji.non eT^mfiquitur,fi ioU d eJUngtuSnept conrnenfiirdhilfs ¥^on4li.exf^ofit4iy & dfiadem eJfc^ammatptraMerm 
kf^ftitdkii,f'^utea ipt^dmon ifPTiupe n<i^fe^^fmMlis~*ff^^ d^^ikkhi^a tfinffhdine'€^rn$rKnfHr4l^\fi^^^ 

.Op 
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tionaUs fuiJem cofnmenfur4ihiU$ lengitudine;^f yeri Jf^potentid tantum ex hypothcfiJmo yerlfi a b,J!t ^potomepri'^ 

nu^feamdihqndrtd^yelqmntdyfien nulla modo potcftyyt d e^tlU potentia tantum commenfurahiUs ,fit oipQtome eadem or-^ 

dine. Sit enhn a b^prima ^potomCyfccund4,quaytd,ycl qtdntdyetque cangruens b Cy&fit d e, ipfi a b, potentid tantum fm^ 

menfurabilis^quam qmdem yt in tbeoremateyoftendemus^potomen ejj'e^ eujue congruentem ef, & partes abyb c^ad partes 

d e^e f,candem proportionem habere cum tottsacydf,Dico nulla ratione d ej^potomen ejfe erdine eandem ipfiakllamfi 

fieri poteflifit ytraque^potome prima. Quo pofito^erit tarn a c totatjuim teta df^ex defimtione^potoma primaJ^jtionaU 

« II dcci- ^P^^^ commenJitrabiUs lonntudine:^ atque adei & inter felongtudine commenjurabiles erunt a €,& df. Quare aim fit 

^* yt a Cyod df^ta a b^ d e^ erunt qucque a b^Cr d e^ lonptudine cofnmenfurabiles. Quod eft ahfurdum^ponitur emm Je^ 

b 10. de- V'^ ^ bypotentiafolum commenfurabilss. Kon ergo ytrofie a byd e^jipotome prima eft. Eodem ntodo nequc quarta^poto^ 

cimi ^'^ ^' ^^^ nequeJecundayyelqutnta^Effet entmytraque congruens b c^ef^ex definitione lon^tudine commenfuraUlisB^ 

tionali expofita^que adei & ipfa inter fe. Quocirca & a b^d earner fe longmdine forent commenfurabilestquodnm ^ 

nitur. 

Semper tamen yerum eftji a b^eftUpotome primOyyelfecunda^yel tertta^reBam d e^qua ipfi a b^potentiafoB$m ^ com-* 

menjurahilisycjfe quoque ynam ex ittis tribu^Jicet ordine non eodem fit. 'Ham hoc pofito^poterit a r, plusMukm b r, quadrato 

« ly icci' y^^j^l^l^„^iffJiffecommenJhrabiUs.Cwn ergo fi^ c^^ui bir^tadf^ad efy^ poterit quoque dfypluSfqtUmef,quaitrato re- 

^^' Ha lonfftu£nefib$ commen/urabiUs. Quare ex definitione erii d e^Apotome primoyyd fecunda^y el tertta. Eodem modo fiab^ 

eftjlpotome quartaipel ijmntaiyel fexta^tayt a CypUtspoptyqukm b c^quadraso retla fibi longitudine incommenfirabilk, 

^crit quoque dey.Apotome qtuertd^yd qimnta^vd fexta quamuis ordine non eodem ipfi a b,quia rurfufy cum fityt dc^adb c, 

^1$. deci- ita if, ad efy ^ poterit quoque dfyplus^^kkn e f^qfiadraxo reHafibi lonptudinc incommenfurabtlis. Quare ex definitione 

mi. erit a b^potome quartayyefquinta,yel facta. Infequentibuf autem quatuon^ propofitionibus neccjfano erit d e^eadem ordme 

ipfi a bylicet potentiafolum tlUjucrit comtnenJurMUf. 

Thcor.Si. Propof.105. ^ 

I^e6ta linea Medue Apotomx commenrurabilisjficipraMcdisApotome eft, 
atque ordine cadem. ^ ' , -— - 

SIT rtSid d h,MedU Jfotoma quacmque, iUi^ue congruat reSla h c/tta vr 4 Cyh c,' 
Tj^idue fitttfotentid tantum commenjuralfiles^fttdentes outRatmdU^tMcdiuM, 

■ • * t ■ 

■ ' \ . • • ■ . • '■ ' ^ ■ 

<•' _.'■-■'■■" ■■*„,-. 

-' Sit'iffi'dhyr^d ieftbmmehfurdhilis ptie tongitudine & ^ottntia JimuUfiue fotattUtan- 
ww»» Die(>t!fd'^»Mcdm'Afotomenejfetf^orAm eandem ipfi a hjlfdemynimconfirudU'vp 
flfjt¥d \Meeedenltl^<foi/mone^runi iptttr a i^,e2^ d ejf c,Cr efieodem mido commenJitratU- 
•ttiiQUoiiMm \erodeJi} c,MedMfunt,erunil^iBU commenfurMUi df^efJ^edU. i^r- 
fits i^ fit Vr a c^dpM y c^ad^ef&pemutdndo vr a c/id b .<,im df^ ef^Smt dtt- 
tema c,i^,]foliim p'otentia commenfi^ahilesjfmnt etiam ^fi& efjtaritumpotetiiia ckmmen^ 
fmMleSyC^ fchotio CUttij propofioMb'.hmt^: lguitra*mdfliC^ ef,finiMed^i4M^fajre^e 
Utfemrccj^.fropofM.i7mttStrelujuam d e,)e]fe Media :Jfp6tQmenyijuam dico orme^jfeean^ 
dmipfiai^NdmcumJtt ^a^c^ hcjtajfydd e f&Vt a c^'iyicyitaefi tfitadratume& 
a Cyod t0dngubmfilf He J* c^ex lemmate ^.CLmij proptificf, Uh. fjum.Etvt df^ai ^ J? *f4 
quadratum ex d fMrectangukm fuyippscontentim,erit ^uojuevt qmiratum exarx/iire'' 
ctangulum fuhdc,y cJUa quadratum ex dfad rectangalum fub dfe f^o* permutando vt 
qnadratumex a c/idquadratimex df^ita rectangulumfuh a cjf Cyod/ectangultmjjib df, 
e Kcqntentum. Quate am quadratum ex a c, ftadrato ex df,commenfkrjabikfit ofienfnm'i 
cumrecta a c/l fJongitHdine Jint commenfurmlesdemonfir^a,erit tebtanguMfuh d cjt i^ 
ireaanguhfuh df^f/:pnmenfHrdlftUifixio^prQfrfM,hM^,.QMar^^^^^ 4 c,\ 
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y Cycfi Rationale tcrit e2r rectangulum fidf d fje fyBjuumaU^Acfroinde rtctd d CyMedUA" 
fetome prima crit^ex j^.frofofMb.htdtts. Si Vero rectanntlum a cjf c^editmfit^it & 
reaangulum fuh d f,e f,contentmn,Mediumtac proinae ex y6.fr(fofrecta d e. Media A" 
potome ficunda erit.Recta igitur linea Media Apotoma commenJ§tr^ilis,&c. Quod erof de^ 
monfirandum. 

Theor. 82. PpopofiQtJ, 

Red);a linea Minori commcnfurabilis i & ipfa Minor eft. 

SIT recta a hyMinor^qtie congrm^reeta h cjita v? a cjf c,Jint recta fotenna inrnrn^ 
menfitralfilesy^ita faciant compojttum ex iffanm quadramyKationalejtectanffdum Verofidf 
ipfis comentumyMeditim. 

^ > I, ■ I c. . ^ ' 

Sitiffid hycommenfiiralnlis d e^vel lon^udine.i^ fotentia Jmtd y Vel potenMtantjtijtl 
Dicorectam dre,Mitiorem effe, Fiant reliqtta y^t frfMji/tdyt rurfisa h,b Cj4f,C!*4fMh^ 
dem habeane rattontrny^uam acydd dfyemtt i^urvt in propoj^htecedemj^dfi^efy^ 
4 cJfCyCommenfitrahilesvel lonntuJ^neCrpotentiapmtd^velpotentia tantiim. 

Qugniamveroejivt. 4. Cyod dfjt^ h,cM e fyCrpemittapdoft a Cyod b r, ita dfy ad ef, 
trit quo^ue Vf tjuadratum ex a Cyod quadratum ex b cjta quadratum ex dfyod quadrat urn ex 
€■ fy& cimponendo Vt-compojuum escreSiarmu quadmis a cj» CiOdyfmdrafamtxkcyficiom' 
poJitumexreSiarumquadratif dfyefyodquadrdtumexeft&permtttandoy'vrt.comptjltttm'ex 
reSlarumquadtatis a Cyb Cyodcompofitum exre(larimqua{ 
adquadratwn exef. QuadratUm autemex b Ctquadrato t 
Inturcompoptum exreSiarum quadratis acfi Cyiompojtiqe 
menfurabile krit. Sed cpmpojttum ex redaruni quadratu a t 
compofitumex^uaiiratifrectarum df^ f,eicommenJurabiL,^^>,,,u»^i. »##•« 

Kurfus cum reaangulum (ky a Cyb CyMedium Jttyerit & iUi commenfurtdfikrectanntUiin 
fub d ftefyMedium.OJkndimusenimprofftJitione antecedenti rectanffda iUa inter fi effe com- 

menfurabilia* — — . — ts 

' QuoniamVero eflvt a Cyod b Cyita d^ad efyfuftf autem a Cyb ^incommenfurakUs po2 
tentidycrunt &dfye fypotentia incommertfi^des^^liMffaiindf^fyfintpotentia incom^ 
menjitrabilesyquafaciifnt compofitum ex rectanm quadratUyBjttionaki&'rectangulHmfuy 
fffiscff^tfntun^yMfiflfumjrectecottdudpmu^i^j^yy.^^^ d ey^e-Mmorem, 

^inqri iffturcommen/urabi^^<!?'p^Q^^dt oj^endentttim.'^ '-^ ' "" !^ ', n /, 

Re£la imea coinihcnrurabitis ei^qux ctith R'atloh^ X^etfium tbti^ bffidt^ift 
jpfacum Rationali Medium totum cflScicns eft. '^ '^ A '^ ^ •• 
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'^ SIT reBa 4 httd^^fut atmUmontdi Medium ioeumefficityC^illi congruat rieSid b cjita 
\t.4Xikctfint rifSite potentia incommenfuralfiUt,qua faciant compofitum ex ipJarimqHddrd- 
4ifiM(diumtreS}anffilum Verojitb ipfa cotttenmm,Ramnak. 

I 

.iSit ipli a h^mmenfir^lnlU Vel lon^tudine &!^otentyt^mul,Vel Mentia tdntim reSla 
idtJDko re^amd ejeam effeyquacum R.ationaH Medium totumfacit. riant reli^uavt inan-- 
tecedentihus, Igitur demonftrabimtts Vf inpropofdMecedenti cofnpofimm ex re^arum quadrd^ 
tis 4 cjf CfCompopto ex reSiamm quadratis d f^cf^ffe commen/urJfile.Cum autem compojtnun 
exreSlarumquddratis a cjf Cyexltypothep Mfdium fit^erit CriUicommenfurdbilecompofinm 
exquadratisreSianim dfyefiMedium. .j 

DfniquedemonflrJdnmus^t ^proj^ofiojjre^dn^itHm fiib a c}> c^te^an^h fid? ^f»ff* 
effe commenfurdhile.Quare am reStangulum^yptc, hcMULtiottde Ponatur^erit CrreBdn- 
ffdumfub df^fyB^tktte lofienftfunt idtemvi in propo^anteceaentire^d d e^efyincom^ 
menJurdhiles,potentia.Qu4re cum d e»efyjtttt potentid inter fiincommenJiirdlnles,facidneqHe 
ipimpojttumhctp/aruin quddrdXts^edium^teBangultm \erofi^ipfis 'ConteHttun,k^fioHale, 
■itmisfnMekiKiexit!pr^\>f.^^ d eyCdm efjkyqux cum^tiondUMeditm 

A '- '^ ^^: TKcorv84.^ 

"•"•••• ■■'■' -V '-■"<■•.■ "■•- .. -f • ' " ' •■•■*■. 

rr-IUl^lmeacomiiMifutabilis d,qiue cum Medio Medium tocUm efficics J£ ip& 

jCiimlV|cdio Medium tecum efficicns eft. 

•i-3 •. •' ■ v • -. ■ ^ '.. ■ ■ " ■ '. ' ■ •••.-, 

*' ^$ IT re^d^b,ea,fua am Medio Medium tbtumfdeity^ iiti congrudt relUdbc^id^t 

'dcj^ 4;jmY^mommenfurabi^s potenti(t,^uafic^t compojitum ex reBdrHmquddrdtit'jMe" 

Immfji^mdnni^ ex return qud" 

4f4r». "• ' '""* '" •.";,'•.-'•"«.'. '- " ' '"• -.-Y^ • • ■ •" "•; 

■ .• •, un'.v.\' / ,\w\,i '■ ■• j-.-'.^ ., . V >;,;,..- . •.;..■ ^•. •. ••: 

vi-.\tv. '. w-An-\'-\ ....■• ;■>»•.;••• ; .■••. ••.'• rv ;. •; -.-^r.vt v.^ • .«•»:> .,„•• . ►• ^,x,\'.\,: ...\ - 

*^ '5if reBd'deycmmenp&dUm ip^a'jtf^ loMi^me tTpotettTtk'^kit^diif^mtU taiu 
turn, Dico reSidm d eyef[eetidmeam,qwt amMeBi^e^^tviumJ3m,Fm}tt^^ 
ffiufJgiturdemonpaInm^yfMpropof.iji6.ami^^^^ a c> c,com^ 

pofito ex quddratis tectanlni d^jefy efft (!ommeilfi*Mlt,MMlttm dutem ponitur compojitum 
pcrecfdrstniq^MsafJi cJlitur^nroO^iifl^f^^^ eritr^ct^^lum 

fiUfiefyMcdiim,, . . ■ ^.S:::-^^:'':^i:r^\:^^^^ 
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lUrfus^ in^o^ofAoeJmonfrMmu^YeBMgulumfuh 4 cjf cjreSUngulo fidf ifytf^ 
ejjecommenfurayile lejlautem reSidngulum ful? a c> c,ex hypothffi Medium. Igimt ei cm- . 
menfurayile,jUodfuhdf,ef,continet»r, Medium erit,ex eodem coroUario CUuij propof.14, 
lihMus. Poftremo cum compojtto exreSlarum quadratis ache, compofmm ex quadmis re- 
Starum4Lfifif,oJknfum.fit commeofitrMle yreSianguloVero fub a c,b CyCommenfitratur quo^ 
quere^dngulum fuh df,efySunt autemex hypothefi compofitum ex reSlarumquadratis a f, 
I Cy& reSiangulum ipfii contentum,incommenfHrabilia,erunt qmqtte exfcholio CUuijpro^ • 
pof,\j^.lih.huitts,comp^tumexreHatkmftddratU df,e f,&reBangulum[ub dfiefiimerfe , 

incommenfurabilia. , m 

Quare cumde,e fyfine incommenfurMUi potentU, faciantque com^ojttum ex iffanm 
qu4dratis,Medium,reBangulum etiam fub ipfts contentum, Medium, Cjr irtcommett/urabile 
cotipofitoexipfdrumquddramyreSlhoncludemusctrnfropofj^Aikhm^ d Cycam 

ejJi,qudcumMedioMediumtQtumfaciu^e^di^urUneacommenfttrMluehquackmMe'. 

dio'pO'c. Quod erat oftendendum. 

< 

Thcor.Sj. Propofaop. 

Medio aRatioiialidetraao,Rcaalinca,(laae rcUquura fpatium pptcft^vna 
cxduabusirrationalibusfit,vclApotome,vcl Minor. . /. . 

DETKAH A t y^tx RatibMli a dyMedium c d,Dico re^^,qud potefljfdtitm 
reUqiiMm d keffeV^l ApotomenM Minorem. ExponmrKdtumkhiefy& ad eam dpplice- 
mtreSimmlum e gyteSiangulo a b^qu<tley& d gh^qu^ KationS efiefi^^ts atiudrt^^: 
nantrtdumapplketur h 'iiteSiangulo c d^qudlei Quoniam igiturrendhgulm i Ireadngtih 
Rjimali a left^jUaUyCrit e i.RdMMUyacpropterea&re^aekyRatioMliSyVt conjiatex 
zi.propof.lib.huius. . > . 

RftrjHscumrectangulum h iyMedi 
cdtumillud Medium ad Rdtiafkdem I 
h g,ad quam applicatum efi incommenj 
recum e kyH^tfottdiefM^t^^n^^^ 

rkdi mnimkn&tudine commenfrrdbi ^ ^ „ . , , , ,• - ' 

tommerifi^Hef, ^iopdes tmenfint ofietffc, Jgttwr R4ttonaUs.i:rUm:ret^M^tkykky^ 
t4fitu^c(imenfMt^ilef potentiajteae immrconcludemufcum 7]4.ytQpofM:^hum,reiiqiuifi^. 
^■hApftmn effejque erit cor^uens h i' Idm V«^ auteAyp^ ppf^quam.lkbfMdr4^ 
to recta fibi longtmdine commenfurahiliSy\el incommenfurabilis. , .. v.= , . '* ^ ^ v \ 

,$iV(roe k,plHfpo0MMm. k kyf^rJU/yfecupbiion^tudimmfwii^^ 
ii/k,^tio}MiieLexpo^M.l<^^ oji^^smemU'^.kex definif^ 

HpneApotame prkru. (^rerectdjpotim^^atmegrConientM^Mk^ 
trndfirirrfd e hM ej^y^drnm d h,fibi^u4h.^poXom ffiy^f Vfik.9i-prif«flikJmf»^^ ^ ' 

Sfip\e kyplM'popii.i-qudm h kyquddrdfb rect^ftbi ihccmmmjkdl^ilifkiigiaidine,citm 
totd e k,RdtiondlUfiexpojiMloHgiti^i^CQmmehf^^^ d^mqr^dtd^em.&cd^itMte 

reliqu^^e h,ApotoffK.qftdrtdJgititr rectdj^quApotent^Jpatium e g^con^^ 

...•. ."^ -^ ■ . . •• . •■■. ■" ..•,•■■;• v.. '•• -.^ •■P.p. ■• 
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e fy(f Jpotomd quartd e hjboc efl^Jfatium a hJtH^ dquak Minor efi,vt confidt ex 95. frofof 
lih, hmus. Medio ifftitrdR4tiondlidetrdcto,0'c.Q»oderdt oftendendtm. 




Lined, Kectdnfftld, Lined fecmdd figitrd. RectanguU. 

ld,S, cd,^^iio', ifki^yS^, 'hiil^yit^" 

/■^,8-r9t^ip; ... /.• ,. , :.,",3.,../ -^ . ,, 

Unedf^tem^adum igyem Minor jnimhtum ^ y ('1^+ 15* y i7^)^-9('y 0^—91^17^./ 



>: 



"/ Theor.86* Propof no. ' 

ICaTIOM^ali aMeaiodciTaiSfco^alixduzIrratiohalesfiuAtjVel Mediae Apo^ 
come p^miiiA ciim Kationali Medium cocum efficiens. 

' D^ETRJl HJTf^R'ii Medidd d^reckmffiltm Bjimhak c d^Dico rectdm,ftd foi^ 
unt^reUfmmJ^^tium d y\ijje vel Mtdid yipototnen ^tfijtm, vel e^m^^ekt^ KddondU 
A^diuintbmm fdcif.Fidt confiructio^ftfi^d. Igimrct^ reci^g»ikM eifXiedto^didqudk 
pitfint'rectmgidim e i,Medium. Quod cum fa df^Ucdtuth^ Rdiiondtetii ef,fl<iei mim- 
diitimt^k^Adti9ndUMi(^Rdtiondlief,ex^ofad iohgihidine incotnmen/iirdbUimVfYiih 23; 
fropofAibn huius* • 

.--.Qmifiiaif'Piri'rMdn^um h ijRutHondU c d^tfidfmle irk h i^Rdtiomde^ Ac ftihde 
cx£iifraftf^ikhmkiftct^:hkJRiti6fidiii& ^M*^ dquabsef iffiif^m^it^ 

dif^cotimienjkrMk^'^k^icimduSH^rktdrim e kjh tiimaquiiemRktiondBeicf^fdfa 
longtPitdmehK^mmenfUrditisoflenfiiHdcVePi ei^emRattoiidli tongiiitdme commenjkr^ii^ 
lif^,emit.merft mconifninfurMUslmgitiidine recta ekyh k,RdiibH4hs tdmihptkde^ 
miifirilfa^dntnudesi^ttirfmtekJrkiC^tdmum^f^^ - 

.' . hm'^er^dtttt kffltts poterit,qMam h kt^uddrdfor^tdfiliildfigitidine commiiiJM4lii, 
vel mcomnmjitrdlnluj^tur Ji read e kyflus fopity^udm h k.»^uadrdto rectdfihi tongitM- 
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dmecommenfurMlis, Cum h k,KationaHexpo/tMjit lon^tudineixmmenfurabilisoflenfaMt 
ex definitione relifkt e h^jifotome fecunda. Qudre rectd fotens J^atiim a Kcontentum ftdf 
R4tionaHefiO*-^potomaficimda e h, MedueJfotome efi^ima^t conjiat cx,^3. Pfofof, 



LineM finmd figure. 

B^eptangula, 
4d,^y 800, 
cdfit. 



Lined fotens fjfutmm e uent ^t y ^]$t y io6 — ^ y i^4J— 9« S'C?' ^ * o® —9* ^ 1^4) 
^tktaimRatiorkiUMedimntotimeffciensa^elUmr, 

. tine4'fi(Mnd^ffftf** 

;$iV«i«i^ i kyfhis fopit^uam h k^'^UddrMorictaj&Him^mdmemi^mmenp^MtitS^wm 
h k^R4ttanaUjexpoJtie bn^tudme fit ofieapt wmmenJmwtUsterit exMfn^iaoe wUjka fh^ 
jfpetome^uint4,Qture rectd,^fotent jl^^/^mt nnttmmnfikKdtiM4Hef,^Jpotokd, 
qrnnta e h^ea ef^tut cum KatitmaU Medium mum facit;9t conJUf ex ^^.frofnfMihmm, ' 

JI^Miieindii^mrAMedMdttrMni^ .;-■: 




Thcor. 8 7' Propof . 1 1 1. 



.;. V 



.;-.Vj?>-. > 



M B^j a Medio detra^p^^od fii;;|nconiiE{|eipirural^i}e;C9ai^ 

rationales fiant,v<^ Mcdi«,4p'0<«me. ^M^^ cuni.£4cdio Me^iwa (otup^ 
cfficiens. 

' r . r 

AVVEKATVB^ Medio' ddyMedtukt d,"<^d incommen/uralnlefit mi 4 d, 
Dico rect4m,qua poterit reliqmmJ^dfimnd.l^^eyflMedf^Jpotqm^ (efmdam^el earn, 
aua cum Medio Medium totum faat^fidt c(mJlructioWfitpra.Igitwram rectanguid e itgy 
h ijMedMt'dd^ diftftdBdfim^amfteupj^kittd adKatfomUrefihgy efficieitidiituMnes 
t kyk k)SkdsimdU^^ipfu'B3mifidiihus Un^m^iwwmnenfiint^efgVtto^ ex 13. 



.»••, M 
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K 



4 



J^ 



f^ 



J, 



Linea prima figure: ReSlMigitU. Lined fectmda figure. ReSidnguUfyu. 

Id^^ttfy. *id,^if 279. e k,^ J' 17 -T rafecunJfeadem 

yd,^^^ ^ cdy^tif^o, h t,9£ yt-r funty^uafrinU 

I i^ ^ y 31 ~ ?£ y 4 -7- Ah,^ y 179— y^y 40- * i',?^ V 7-3^— 9^ X ^ l- exconfiru^one, 

" Lined fotensfiatim e i,erit ^y(j^y69 -~+^ y 59 '^)—^ yi^y.69-^-'V- 
^^^j.)^(um Medio Medium totumefficiensappeUatur, 

: -.zQupr^Veroredanguld a djc djideft e ijh i^fonmmr inter feincommenfurMlidjermt 
t^:t kih.kteandem cum Hhs hdhentesKmonem lonntudine incommenfurabiles.Sed 2U- 
tipfi^hsfimA demonftrdta^RamnaUsigiturfum e kjf \,&' tdntumpotenmcommenfttrM^ 
Us,Qmet<ieconcludmuscimj^ofof.7/^Mim 

ii_ Idrnvera^e^kiplus foterit^ftdm congruent h kyjuddfdto re^a jm longitudine commek- 
furdinluMihcommenfurdhiliSifedji-e\yplusfolSityqud^ h k,quddrdto reSidJiln lonnm- 
dinecfmmenfi^MiSfCumMeutrdijfdmm Rttnmdh expofitM^tidiftufii ofinfrf^nSkn" 
firuhtliSyerit txdtfimiiotu rieUqud t h^fotome iHftid,: Qi^'re^ ftbt^j^duumeomhtuf^ 
fiA RdtiendUJi, fjf^Afaiome terM^JfJtoc ^ffdtiwna.. b^Sft^ Jfotome ef^erndd^eif- 
9^frofofm!fihmitS^\y-^* .-.v- '', V.ijI^.-.. ' ' \ /.v.v^' ... ;.i .y,. • • :. A-i ^^ 

Siy^ero e k>plus fopiftf'^^-^i^'*'^^^^ 
neutrd ipfirum Rdtiondli expofiupt lonntudine commenfur^biliSyerit ex definitione reliqud 
eh,Jpotome/extd. ■}l. j iOO.y "*S;_ V "^'^ -h 







■Sit difi fieri potefi^ixbimrmim^ 
ctdngulumcdtdqudlequddrdtoexApotome dydefcripto. Qmnidm igitur rectd-a^iij^^jvifn^ 
ex hyPothepjeHt Idtitudo h d^Jpotome primd;»t conjidt ex 9%»fropof.lih.huiMS. 

' Con- 
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Congmat igitttr ipfi b d.reSfa d e,ertmt^itur ex definitione Jpotoma prima be^d e^Kd- 
tionalesyt^ tafitum potemia commen/uralfUes,erb e.ptus poterit,^uam d e^quadrato reEia 
Jikldngitudwecommen/urahilts,^demque If e,Rariondlitxpopu t? cjonghudifiecommeufu- 
rdbitur. . . , ' . 



mmm 



SCJ8'«o--3 



i 



i 



4* ■ *5-''9C5?*ir. 



WD 



cL 



de^i>^,yu%-^ 



Kurfffscum ayponituretiamefje ex hints nQMinihus^erit eadfniUtittUoh dyexknisnomini- 
has fftimayVtvult propof.6iMb.hmffS.Sit ipftus h i,mittUsnorHenbfyermt i^ifarexe^efinitio- 
ne eius/iua ejhex bints nominibtts prima b f,f dy^ationales^&tnttrum potentia commenfttrd- 
hileStO* mains nomen b fy^ns poterityCj^nkm minus ^uadrato ri^i^fibi longitudine commenfu- 
raLiii ^ f,f(jttiondli b (.ex0o/tM erit l99ztttfdi,ne,commettfttr^ile. 

Q^^ 7 Cfltnt longttuatne cqmmenjurahiles , ertint fttfTi «> r » p£., 

Iff^ iCyVt v«/f prqpof.i2i.tfb..huit0,Cum^4ittein ma b. ejongitur- 

'Jl„g'l rit & k fiT^im^ parti fejongitifdinecoroipeoj^rjibtliiyek 

^fffQg i.QiMrecum b e,Jir KationaliSyerit &fey Kationalts. Quo- 

pidmVe^dtiarumreShrftm b CyfeM^i^<ii»ejn[erJejommenf^^ eft 

tn^i9^i^t!lf^abiliMie',{fttnt emm h e,d eyKationales^O' tantum potentia commenfurabt- 
les) erit auoque altera ieyeidem d eylm^tudineincommenfurabilti^S^^ 
fdfej. ejiitttr Katimales funtjed Xantum potentia commenfurabiles Ac p^inde cumj^, 
propof lib.huius re^i ^nclttdemus, rkiquam fdyjpotornen tll^,tSf^Jrratiottakm*Rati(maltt 
tamenefiojienfafd,QHodabfurdttm.i^onigititr d,Jpotomey&f}QH(iderdt ofendendunH.K 

COROLLiRIVM EX CLAVtd/ ' , .. ^ 

Ex demonftratis quoqu«6icilecdlligerelicebit,ApotijtTifn,&c?tcra$ ipfam conlc^ueiitesIrrj|tionalc$ 
icas,nequeMedise,ncqu^interfe efUeafacm. . ' ' ? . " 1;-.' '. "^ ^ ' 



v\ ^ 9i. dcci- 



■*99. deci- 



lincas,nequeMedij6,ncqu(t inter le cue eaipcm. . »! . j. ;:•.„.,. ^^ ..' ij.dcci 

Quadratum cnim Nledia^d Ratiortalcm ^jiyam applKSicui»*,Oiowdmc0i ^ctt Radon^eoa^ipU «aflo>.: ^^^^^ 

j|^lH(udraw^ Apotomal ad Rationalcm tpplicatum ''.laticudiijitin efficit Apotomenprimam. ' ,^j 

Ec^idratum Media Affotomae prinax zi^ Rationalem applicAttfm',lanttidinero e^c<A(^ptoma%f^-i' 
A%, I - ■ > ■> . . - . •'; 

Quatratutn verb Mediae ipotoms recimcfe&ad Rationatem applicatum f .Ijititudlnenfclficjt Apotbmcn^ ^j^^ ^^^^_ 

QuafcatumdeindeMinoiisadRationaleiiapplicatumSlatitudinemeftcitA . ^",01. deci- 

Atv Jo quadratum eius,4iae cum Rational Medium totum efiici|:,ad Rationalem appKcatuihf.Iatituitli- ^^^^^ ' 

nemefljcitApotomenquinkm. ^, ,. I, ,. a: • j n • i 1 n • .. 'wi.deci- 

Qualratum dcnique eiusi^ux cum Medio^dmm totum emcu,ad Rationalem applicatum «, latitudv- ^^^^ 

nemelUWHp*i-<J»uui UA^p. w r^ - ^ loj.deci- 

Qj\ mi. 
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Uaque cumhf Uticudiiies di£Ferant,8ca ladcudinc ]^led[ia:»&: inter (ai latitudhic <pii(iem Medix^quod 
hsc RationalisliCjillxverb Irrationalesiintef feauc«tii,quodordine non iinc eardem Apocoma? : Manife- 
flum eft) Apotomcn,& reliquas Irradoaales ipfam con^quences^Sc i M€dia>& inc^ £: differre. 

.QuouumycfoinhoctheoreaiacedemonurauimuSjApocoinene^ non €ll'e,qu2c ex binis nomini- 
busTEc qtiadraca Apotomae^&csceranixnquinque Irracionalium eani confequenciutn^ad Rationalemop- 
plicata^lautudines cfficiunt Apocomen pcinum/ecTmdani>t«rciaTn,qiiarcani,quincam,& fexcam : At veto 
quadrata eiu$,q4ii2 ex bims nomimbus,& reliqu^rutn quinque Irrationalium^qus ipfam icqauncur,ad Ra« 
tionakm appUcaca,iacicudines<ffichuit ex binis nomtnihus prinianijfecundaijtijCeiitiaai^qiiaFUnijquincaiD^ 
ac ffxtam > liquidb conftat,latitudiii«s Apbt<mi^,£rattltimritratk>naiinm,<^ ip£im,eardeTn noncf* 
fela(it^idiQibuseius,quarcxbinisnominiWs,&rtUqiia9:t^^ yquandoquidem nid- 

la Apotomc eadcm €ft,qus ex binis nominibusaliqua, Igitur&Apotom«,&qua? ipfam f^quuntur^diffie- 
xunt ab ca,qux ex binis noniinibHs,&quz poft ipfam. Quamobrcm idan & tarn illz^quamiue i Me<lii<lif- 
^3 £eraQCieffi€itiir,Racionaliquapiam€xpofica,tcedecim numerocfle lifiyas Rationales inccr & diffefontci, 
^ ^ . ^ ui bui hftftiffWf difpttt» 4it mi« -»ligtoUcct> - -.«...«. .^.. ».^^. ... ^ w^^«^.^.. ... . ^^^.^' 

i Media* \ 

z £x binis nominibus^tniius (ex fimt ipecies imicntt* '^ 

5 Ex binis Mediis prima, • ^ 

4 Ex binis Mediis fecunda. 

5 Maion 

6 Racionale,ac Medium potens. 

7 Bina Media pocens. 

S Apocome^cuius edam fpedes £ex funt repertc; 
9 Medix Apocome prima. 
JO Medix Apotome iecunda. 
u Minoc* 
tz Cum RatiOBaliyMedium totam effideds* 

13 Cum Medio Medium cotum efficiens« 

Tfccpr.Sp- Propcfii}- 

Qv A D R AT V M ^aciotialis ad eatii,quae ex binis nbtnitiibu^^ppHcatlim jatt^ 
tudiacm&dt'Apototnen>cuiui5 xionvina commcnrurabilia fun^ nomini3)ii5thi% 
qiix eik tx binis nd{n1iubus,& in eadeproportioiicj&adhuc Apotohii^qiic 6ti 
cundcmhabec ordincm;quemeayqus ell «z binis nominibus. 



4i 



•««4- 



8 



i *■ ! ' 



1 



Lima, 
4,8. 

d<i^ S'45« 

ft, 16—^^141-^ 



>*.»4- ■■ ■■: 
cg,64>. 



& 



fk,i6. 
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SIT redd dy KdtiondlUy^ If c^fit ex Ififtisnominiifttsyjtl primdtVel /ecundd,&c, cttmma* 
itts nomenfit h d,^dd h Cydpplicetur reSldngulttmte^udUquddratoexRdtidn^ aydefiripto, 
fdciens Utitudinem hfyDico reSidm b f^effe Apotomenipmus mmina hoc tji ma bf^S't^ 
congruent funt commenfurdbilianommiytts linea exy'mUnomimhxs b Cy^ineddem prof or » 
tiomi&deniqueJpotonten bfiCdndemeffiordineipfikcA^ticeturdeindeadntiMis nomen 
d cjine^exbinis nomintbus b cjreSidn^lum c gy^iiadrafo ex Rdttonali dfdtqudktAe fn>inde 
(^rre^dngulo b etfdcUtque lathudinfm dg^itquereSia d g^reSlt b bjaj^uaits.Quoniamigi- 
tHr reSidnguld b e,& c g^dqualia frnttcrit \ft b c,add Cyitd dgyhpcefifibi aqudlis b h,dd 
bftVt ^onjidt ex propofitionibas 1^.(^16. lib. 6. & diuidendo Vf reHa b d^dd reffdm d c, 
itd reSia hffdd re(idm fb^At re^a b d/ndior efts^itam re^4 d c, Qudre&'h f^maior erir, 
qudm f b. Ponatur igintr reSid ftApfi fbtAqudlis,t^'fdt Vt h iM ifyUd fb^ b k . Qudte 
erh componendovt hfydd i fjtociefl ad fSnaqikdem. bf,irafk.^ b ki/edoJkndimnselJe\ft 
hf^d bfyita b d^ad d c,Qaare erit Vf b dyoddcyitafkiod b ki/mt autem re^la b d,d t, 
RationaleSfC tantiim potemia interne commenfitranler( cum fint.nomina lined bc^ex bints 
nominibus.) QuMte r'eBdfkyb kipotentii etiam tamum erunt cqmmenfurabileSyVt vult 10. 
propof.ltbrihuius. , — 

Ejirfusquiaeflyft re^a h f,4dreiidm bftha reBa:fk,dd reSlam b k^erunt quoque hfy 
fkiOntiecedentesfimUljnei^petotd h k»ddbf,&'b kyconfiquente^fimulthoc-ejitddtofamfk^ 
Vf Yis^d fksdd re^Mtt b k.,Vt H^ule 11. propof lib.^, Quare erit reSld f kiMedid prdportib' 
italisittterp k,d'* b li,dcpropteredexcoroRario Clduij propof to ^Uk 6. erit vth, k, prima dd 
jf kitertiamfitdqiid4f^dtdntexhk,tprimd dd,quddrai){mexfk,fecundd» \) - 

QuonidmVerore^angulitm c gyR,dtionale exijlit(efl enim re^angulam'ilhki-^Hddratb'ex 
kdtiomdia/iquale) ad ^ationdlem d c^p dpplicdtum^fdcit dg^U^tudinem R/uimalemyi^ 
tpfi d cJion^udineconrgmfttrMKiem,}itvult i i.prdpifSbJjuiiis.l^udre reSld h bjipji dgyd- 
^UdliSffiritRdeiondltSy&lon^tudine^ommenfurabilis iffid c^Ciim autem torn fit demof^d" 
tjmelfei\tt re^d-Bid^re^Mri d Ciitdreffafk^dre^m b^J^'^i'di^mre^^fUJulrt^am 
b Lm^rvdah k,aire^Jh»f}l,miquo'qtte'^t'bd,ad d cjUiifftd^hkyodr^amflL^ 
profhdtikx i,x,. propof M.6. em quudrdtuni iXte^d b^'d^^tddi^wn rtc re^a ic;9t qitdt 
dratumexrectah kjadquadr<uum ex recta fk' -"'i • - J' '* - - 

Quadrdtum autem ex b dyquadratoex d CteftcommenptrabUcicumrectd b d^d CypntKd^ 
fiondles,& tantiim potentia commenfiirdbile(,)Q9^requadratume:tYecta~h iC^Quadrdto ex 
tectd fkytrit commenfrahilet'>ft vult 10. profoflib.huius* 

Sed quddrdtum ex fectd h k^qtLulrdmm.e:^fkyidm efi ofienjuni e[^t}ft tfftd h ^/d 
tectdm bk^Quarelongitudine funt conmen/ufobiies h k.t&b kjOCf r^tered ^pliqme^ b b, 
excoroUario Cldt^ propofA6M*hdus.Bi<Bmalis»mem ifidem^jhata rectd b p. Igitut^' 
iSicommenfitrdbiltsrectd h kiRatiqnalifefi,rfctaftoque b k^pfiKdtiondU h kfommefffn-' 
rdbilis,R^ndlis erit, • '\ ^ v ----'-"'*. "»•> 

Qupnidmvero rectd f k/tctd b kytdntufn fit ^ommenfurabilis potentid ofier^dyerit'ideo 
(!srf ktRdtiomdis^ propteredcum fk,b ki^ntF^ondleSy&tdntum potentidiemonftrdtd 
commenfitrahiksjfrit exy^.propof.Ub.huif(sreHqtkt bfyApotomet&eicongruensJ^ k*Qitod 
ptimumerdt ofiendenium, \ 

Cum Mttemfit demonfirdtum reodmh kyCJppdrti b kjongitudine commet^rdbHem, 
erunt idarco rectd b kjb bylonntudine inter fi commenfurdbiles. Eft autem recKf b hjomgitihe 
Mneofienpi<ornmtnfitrd!biluipfidc.QHdre ex fiholio Qldluj ii,propoflib,huiuserlt4f kycidem 
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d ejongkudine csmmsnfuralnbs. Biurfuscum iamdemonftratujit effejVt recta h d,adrectam d f, 
tM recta fkM If kyEt fetintaando v; h d^ad fk.,ita d c, aa^ k,funt autem d cjb k» lon- 
^itudmecomwen/uralfdetji£monflrata:Quare(ir recta b d^fkAongitudine etiam commenfu- 
rayUeser^nt^ex lO.projfo/MJjum.Quarecum recta fkyiffi h dyCir recta h kJpfi d Cyfithn^ 
gifudine commenfurabilisjenmt ncmina iffius Jfotoma f ^jnimirum f k^i k» nom'mihus h d, 
J fjinca ex hints nomirubtts k €/:ommenfftrabilU lon^tudiHe:Quod iterum erat demonflrandu, 

Rm/uSy^iaefi b dyoddcjtafktod b k,erunt igitur ncmina fkyb k,j4potomd in ea- 
derji.froportionecum nomi^ibus b d^ c,Unea exbinis nfmintbus b CyQupd iterum nobis erat 
demonjirandum. v . . . . 

Pofiremo attp b dyflus ^terittqiutM d c,quadrato rectn Jibl lon^tudine commenfitrabHis, 
yel tncommenfurahdisSi flu4 ^pit b d,^uam d t,^uadrat» recta fibi commenfurabilU lonn^ 
tudine. Cum fit Vf b d,dddrjtafk,ad b ktfoterit ^uoque exi'^.ftropoflibri huitts ^recta 
fkipiftSf^uam b kt^uadrato etiam recta fibi tougitudinecommenfurabilu. 

Si y^erd plus pofiit bdyJ^Mm d eyOttadrato rfctafibi loH^tudineinccmmenptrabilisJidem 
concludes dereciisfkjb kyO'fi^^ctd b dyRationali expofita ion^tudine fuerit commenjura- 
bilts,idem dices de recta fk^^tvultfcholiitm Clau'^ii.propofJib.huius.Si \>ero dcyRationati 
expojtfa lonntudine fit commenfurabiln'tdem afjtrmare poteris de recta b ky Qmdji neutra ip- 
firum b d^ CyKationaUexpofit£longitudine fitikimenJuraklisJuU t^, 

.exi4.prfip^filib,huiits. ' ' 

; {^rciJpptomeJb f^eademejlordinelinea b c^ixbinii nominiim,'^t confat exdepm.ter. 
tits &quartis.Quoduemmn(ibu erat ofiendaidum.Quadramm ighttrRktionaliif^Crc. Quod 
^^ dimnfitmdimt^ • " ..:^^r 

.i/Tncor. 9 o. . Propof . 1 1 4^ 
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Z, ^ * P V*5 V ¥.;fe9i<'0^ ad ApotoHusn applicatunxjiatiruidihefal faelr eaBr» 
a^iiJB ex biiu$ npmi|i\btis,ciMusn9ixiina cpmrnc^fural^iliarifot Apocbmxiioiami^ 
Dus^^ incaclciajprppomQne j^^jdh^qqus ex binis ^qroioibus fic,ouiKlcm ha-*. 
be.rordinem,<|ueinipfaApotomc. . ,. . 
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•SIT Rdtwialtsai^ YtB^hCyAfot^mMftefdn^ruens C'Ji&^adre£lam h c^p^Uce- 
tm^tmguismc tift^ude quat^ato ex RaiimaU^tjfiicicns Utmtdmtm b e. Dico ye^cfji 

'(^m:eadem profomtmetC^Jan^Heiy e^evrdoK-eoHii^ 

Rurfusad totam b d»aUud rcSlangulim appliceturquadrato exl(ationaU d/t/fuali/itqfie 
iUud h'fffadcns latimdinem bg. -. 

Igiturcmn re^anguU c elb flat^uaUaifint^efk v'ukiikd bg^ita b d,4d b cyt confiat ex 
14. 2r i6,proifoJitionibuilib»6^(2rconHertendot\'t b ^Mg f>itA b d/td c d. 

'Seecturqttoqiiee'^ydd h.fi^tm'duth .p^oj>ortionemr9t^'g e^ex! ^s,qHa trddidhCtkuiks in 
fMio'fti>pofi6ilA6.Vtftrhyadhg,jl^emadmodihtbefadge;' ■'"'■ 

Quoniamigitur'»t tota b e,ad totam ge,ita e h^^'e^^Mttd itd^h ^,'txg e,id'httamif^h 
quoquereliqua b hJtpftHi b e,ad h eyrehquam iffius g ff,vr tota b Cjad .totam g e»Erat autem 
Vt b Cyod g e^ita e hM h g,Erit igitur quoque)ft b lf;aiH) eyfta e h,4dghfac proinde h e. 
Media eji proportionalis inter reiias b hyg hyQuocirca erit vr prima b h,ad g h^ tertiamjta 
quddratumex b h^quadratumex h eyfeamdam ex€<^rollario CUuij propofioMb.6, Quo- 
niamVero fuitvt b d,ad c dyita b e/tdg ejbocefi b hi ad h e,sintque b dycdyRationales po- 
tentiatantumcommenfurabiles (ckmjint nomina Apotomah c) erunt igitur b hyh e, tantum 
commenfurahiks potential &^uadrata ex b hyCrh eiCommenfitr^iliayreShie etiam b hyg h^ 
eandem^ habentes rationem cum quadratis ex b h^h e^vt demonjirammtUyfunt longiitidine com- 
menJkrJfileSyOc propteredtotd b hylongitudine exijlens commen/itrabiltf parti g hylongtindmi 
quoque erit commenfuraJbilts reliqua parti b g^x corolUrio CUuij propof.i6.lw.lmH^, .' ? ^ ^ 

Cum autem b d,Jit Ratioiiahynempe maiwnomen Jpotoma b c,sitque rtShtHgulum^bfi 
quadratoexRjOtionMi ayt/equ^eyRationale^erit eXii.propof.lib.huitu reSfa bg^ipfib dycofri^ 
menfurab^laiiff^t&ie'iQuate exiUyOuatradidit ClottiHsinJcholio propofiz.liUhmuivktd 
h hyfidem b diRa^aydiscommenfitrahths lon^tudine,Rationalis efiy{frnt ^im'riBa'b h^)n 
lon^tudineoften/kyiipiixenfurabiles.)Quonfam\fero b hyh e,funt oflenfie potftia tantum eom^ 
menfurabUeSy&bhyRationalufit demon/kata,erit etiam h e,ilU commenfurahilUyRationdliS', 
Quare bh,h eyRatiainales funt,(2r tantum pptentia inter fi commenfurabiles^ froindif h f, 
ex iUis compofta ex bints nominibui efi Vt Vult 3 7. propojllikhuius. Qmd efi primum. 

Rurftucum iam a nobis fit ojienfum effe bhyod h eM bdyodc d,(^permutandoVt b h, 
ad b dfita h e^ad c dyfit autem reSla b hydemonjhrata iongitudine commenfurabilis ipfi b d^ 
erit quoque exio.propof.lib.huiusreBa he,ipfi c dycommenfurabilis bngititdine, Quare b h, 
h e^omina lined h e,ex bints iummibuslongitftdinefuntcommenfitrednlianomitSuf b dyC d, 
jipotomd b CyQmdep fecundum, Imo & in eadem prpporti9ne,Qm,fit ofiehjunt efffbh^ad 
h e,Vt b dyad cdyQuodefitertium. 

.Poflremo aut b dfpbts pdterifi^uam c d,qiiadratp re^idfibiJot^fudinesem^ei^i^l^, 
vel iika^menjMrabilis. Si.pUff'pofittMtam^c d,qHadmo nSldfibicpjmmenJuraiilif ^n^^udt-^ 
neJdemfpnelmerepoterisderei^db.KyftVitit.i^^ , / 

Si vero b dypluspopity quim c dyquadrato re^dfibi incommenfurahilit lonfftudinejidem 
dieefdfh.hiVtconJidtexiyprQpoflib.lmiitif. ,.,..' 

Quodfib djfiati$utli expofi;d fit ton^tudinecommefijiiirab^^ h,eidem longittt' 

dine commen[ufabilis,ex fcholio CUuij propi)fAtJib.huiiif, Sf Vrro fdyminusnpmen R^tiond^ 
U expofitdlovgitudinecommenfurMusextfiitMe^co^cludtderepa h e.Sed fineutraipfitrum 
b dyC dyRationaliexpofitd fit Iongitudine commenfurabilis, neutrd etiam ipfitrum bh,h Ctei* 
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Digitized by VjOOQ IC 



,6o E V 6 Li D I S . 

eJr Bjttmkli ex^opt^e 4 cjon^tudine incommeHfurdhihmyex i^.pnfoflikhmttf. 

Quadrata "^eto ttli^ttarurh dmdecim linearumlrrationdlwm ad Rittionalem affUcAiaifd- 
fUnt Uttiudines;vet ex knis nomin^us^l -Afotorhdi t\tt fropofitionihus amecedemihsts fmit 
ojienfie. SedftadratfM huitu Irt^tioniilis b Hyadeandem Rariorndem 4 t,dp^ic4mm Utitudi" 
rumfadet^d h,Mediam. Qudftconfiat lineamlrrdtionaUm h eyriohyffeymarh ex iUtstrede^ 
cimide ^mbus loquuti fumttSyCum ^uadfdtufh eitis ad Rutionalem dfpticittkm Imtttdinem effi* 
dae differehtem alaMudm^ifSy^kts qttadrdtd Marum tredecimade'dndem Kmtmaiem appli" 
(!at4effieiuttt, ' '. ' ■■...'. • ;.■•.•.-•. •:••■ . •.. ■••.;/ ■■•■•'• = 

Si vero reSidngultifH d eyCompUdtur cameHOtm fuh k dyR.ation4]iy^}> eylrrationdUyerit 
re^ngnkmilludlndtiondk exUmmdteCldffij propofjiSMjf huiftf. Popt enim reBdef^re- 
SlMgulum d e,^ua ex definitione II JrratiqndliieJitDicQrurfus e fymnefjeeandemalicui dU" 
rum if^c.^jicmyVeletUmipJt h e. Hqcemm manifeJf^iudi^ofuryCum q^adratm eiiffdtid Kdjno" 
nalemdpplic^um fdcidt Idtitudinem h eyQuMratdVerohartmtredecimJiad^dmtimRdtio* 
nalemjtnt dppUcdtdtefficient IdtitftMnes prorfitsdifferenf^ dJ3jt;9t idm frit demonfirdtttm, 

Pdfi ratione dlia infinite Irr4tion^j poffitm reperiri inter fi, (^dpradi^is differentes. 
IgUftrdMeduiiifimMjrr4tiQrMteifitint.^^i^ ... ....:. 



Thcor.93: Propofii/. 



PRoposiTVMfir ndbis odetTdercjih c^hadracis figiiris diametruin latcri k^- 
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SIT ex a bydefcripttm qu4dr4tmn pnut diamrtnfit 4 dX) in Um ^udd^ di4metro 
a dylongmUneeffeincommenJiirdbile: Cum enim ab,b dypnt iihea d^Udlesyerit quddrdtum 
€»di4ifufrrp, f d^e^^jlU4dr4toe3ijB»du4yi^^ idfU^arAtumdid- 

metritdf^tftmeritfiddratoexlattrefkidrdti, 
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Sumanturexfidunda ffropof.lih.%. quotcumqttenmneri^hvmtdte incipicntesin fro^onione 
dupU^nimirum in proportione Uteris qHddrati^& diametri^smtquenumeri ilU d^^f^g, id eft i, 
Zj4i8 J Quoniam igitur primus ah vnitate non ejiquadratusyfed primus ynuHus alius prater ter^ 
tium ah \>nitate,&\^num relinquentes omnes erit quadratHSjVt vult lo. propofJik^. Qu^repro- 
portioyquaefi inter laterdquadrati^^diametrumycadet neceffario inter numerum quadratumy 
f^non^uadratumy^^t nimirum inter numeros d^ad eyVel e^ad fivel f^ad gy^'c. Sed inter has 
numerotnon reperitur proportioyquamquadrattis numerushahet ad numerumquadratum^nec 
etiam inter quadratalMterumquadrati a Cj&diametri a d^eademettam proportio inuenietur. 
Igitur cum 9. propofJibhuiusre^econcluditurUteraquadrati a cJincommenfurahiliaef]elon-' 
gitudine diametro a d. Non igitur latus quadrati^&c. Quoderat demonflrandum. 

SCHOLIFMEX CL^yiO. 

SE D &i^rm^tme hoc idem ihcorernddemonftrjUmuiyhocmodo. Quoniam ex WyqMmfchotiopropof^y.lib.i.detmn^ 
ftrdrainobisfuntyquadr^umJiametri duflum efiquadrM ex latere defcrifttihahebitqi$adrdmmeXilia}nctro 4a qHodratum 
ex latere proportionem i. ad i.yel 4. ad i.yel 8. ad ^*&c. Et qmafumftis in proportione dupU quotcunquenumerisab ynita- 
tei.i.n,.iA6.6^^&c.Jolmn tertifu abynitate quadratus efi^& cateri omnesyynnm inrerm$ttentes,quod primus ai ytntatey 
nempex^quadratusnonfitierHntfolumhi nameri ^.i6.6^qHadradjreliqmyeri i.%.^i,non qtudrati, QuarecMm^qua-.' 
dratHi fityO" 1. n^n ^adr^uus^n hahehit 4. adx.profortionen^t$am quadratusad quadratumy(alih & x, quadrat$ts cjfet) 
oc'proptereaneqiteqtMdratumexdiametro^adquadratumUterfsproportionem hahehityquam numeric quadrattif adnttmerum 
quadratumJncommenfurabilif ergo ^dtameter longtudineipfi lateri. Quod eft vropofitum. 

Hoc etiam tbeorema aUterdemonflratdmus adfincm defin.%M.y & infcbolio propofi, Ub.S. & in fcbolio propof.^. huita 
libri. 

C^terhm in exempUribus Greets reperitur hoc loco appendix qu^damy adus intelli^entia ex fequentibut Stereometric Ubris 
pendetyyt merith omitti poffet. Verumqma in ea contineturdoGhrina n^n cmtemnenda aJcomnutnfurabihtatein omiiium ma-' 
gmtudtnumy&incommenfuralfilitatem pertinens:yifum efleampaucisexplicare,a^iffundo mcrenoftro foUtoin margne Icca 
Stereometriiyqtuead demonftrationem eorum,quahicdicunturyneceJfariaJunt. Eft iptur appendix hac. 

InuentisUnetfreEhsloniitudine inconmenfirabilib/i^yimfenientur&Miaquamplurima magntudinesy plana fcilicet,atque 
folidaincommenfkrabilesinterfe. Sint enim reSa a cjongitudine inter fe incommenjurabilesjnterquaa media proportionalit 
fit kQmiiaminti$rexcorolUriopropofioM.6.yt a^ad c^taeft fifforareEhlineaquattis fuper a,canftituta ad fyuranireBi^ 
Uneam ^fimStmJimilitirque poptamfaper by&funt ay& cjonptudtneincommmfurabiles^erunt reS^ineamafigurafu- 
fcra,&b/nc9mm^t/urabiles*, 



a. 



tyjv »3 



ijcw^i 



^C3/ 7 



hMUmdu-^ur*rtaHitie4 fimilts.fimilitiraue fofita .profortionem h^hent^Min reB* 4,&c,ffc cmtt.frof0f:xQjik6. 
HJ>d>mu Mtaiie tirctdij^^onetromn a^,eMdem frtptrtimem^kon 4,e^ed rrfif* d^/ncommenftfrMks Jim Irngtudme. 

Lmyeri fi cmfiitHMtur fiUt^tmft fyr4niidcs,yelfnfm4ta^dem 4lntui*m,fpmm bafcsfinfipti^t regime* Jt- 
mles RmUtir0tedefcntn4fMperi4jbJ>.d>dmntfyr4mdes^qncmf^^ b4ftsM 'Jt,>pif>nre^ 

eM»erimtiprafiUd4^mirwnpyr4miJes,&ft^m4ta. , ,. ^ . lljll. l.- r x -^^ l^ 

OmdBc^UnUndri^q«idtifjkumur/morimb4tsarcMUJmtA4mm 
dri!-MJmproportimmcwib4busM'Acm. HUscircfdis. Cimergocirculi<>Ml^f»tinc<m»ncnfmrabUcs,frMnt^^ w- 
€,mmmfJMetdimc<mi,&cylhulri.lfmm^ frntiptMrmnfoGm line^^&fapajides uu»m>HenfirMles,ymm tt,4m& 
corpwlfii$efiUi4iincommmfitrMU4.Qmdefifrofo^tim. ,., ^ . , . a:i- ' c i c i 

luUmmemrMMneJreS* a^CrbJ^H^tmbnt ccmmenfrrdtles fint^tftcmhrnut <mm^«r*$reEhlme^fimtUs^. 
tircHedercnptas^»on<yiffirm^circMlof^omnmJmMesejfe,^ & emmitm fyrmides,<rfnfm4Uf4(dtnujHt 
(tn»Sy&cyUndrmfttMdoemuUmb^m<dHtMdinem,ytfe4icmmtfi^ 
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Extraid du Priuilegc du Roy. 

PA R Priuilcgedu Roy,il eft pcrtnis a lean de Heuaueuille,d'imprimer ou 
faire iinprimer,vendre & diftribucr vn Liure incicute Euclidis elementum deci- 
mum,in quo Jingidarim demonjirationwn linea,(^fuperficiesjtamCommenfurMles,^In- 
commenfitrahileSy Quam Rationalef,0' Irratiorudes , accurate numeris exfrimmtur, Authore 
Florimondo PuteanoyVataniDomino : Auec defences a tous Imprinieurs,Libraires,& 
aucres,d*imprimer 6u faire iniprimer,ny expofer en vence IcdiCb Liure,fans le con- 
fentement dudid deHeuqueuillejiufques a fix ans finis &acconipIis»atomp« 
cerdu iourqu'ils feront acneuez dimphmer,a peine deconfifcaciondefditsLi- 
ures & exemplajres qui fe trouueront imprimez d autre impreffion que de la 
fienne,commeplusamplement eftpORi^par ledic Priuilege. Donne a Paris let S. 
Auril mil fix cens douze. 

PAR tE CONSEIL. 



Signc 



BERGERON. 



errata: 

) 

nAgina quinca,linea vigefima prima^areamqucndam^legearcamquandam. 
^ Pagina^.tincaduodecima^mcuccurquasdam reliqua rascedcnccm,legcpraccedcncem« 

Omiffa in marine. 
Pagina ii4.Iinca 14- 37«dcc]mi. Paginaiij.linea4. 38.decimi,linea3o. j^^decimi. 
Pagina ii^.Iineaiy. 4o.decimi. Paginal 17. lineaio. 4i«dccimi. Pagina 118. linea 5. 42. 
decimi. Pagina iji.linea 56. lege Apocoma. 
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